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Chapter 1

Introduction and Motivation

Magneto-optical effects have played a significant role in basic research and in a wide range of
applications since their discovery almost 180 years ago [1]. They describe the connection between
magnetism and light, or more specifically, the phenomena that result from the interaction of light
with matter that is subjected to a magnetic field. The first magneto-optical effect discovered is
also the best-known, the Faraday effect. Michael Faraday discovered in 1845 that the polarization
plane of linearly polarized light gets rotated when transmitted through glass with a magnetic field
parallel to the propagation direction [2]. This was the first demonstrated connection between
magnetism and light, and it sparked the emergence of magnetooptics as a large field of interest [1].
Fittingly, this geometry of parallel magnetic fields and light propagation is called the Faraday
geometry and it is the basis for many magneto-optical effects. Another well-known class of
magneto-optical effects are the magneto-optical Kerr effects (MOKEs). They are named after John
Kerr, who discovered the polar MOKE (PMOKE) in 1877 as an influence on the polarization of
light reflected from a magnetized medium in the Faraday geometry [3]. The transverse MOKE
(TMOKE), on the other hand, occurs with the magnetic field perpendicular to the plane of light
incidence. It is not defined by polarization changes but is mainly an intensity effect, describing the
magnetic-field-dependent changes of the reflected light intensity [1]. This enables applications in
the control of light at the nanoscale due to its sensitivity to the interface [4]. MOKEs in general are
frequently used to observe and visualize magnetic domains in materials [5], which has been used
for magneto-optical data-storage for many years already [6] and is a common tool in time-resolved
spin-dynamics measurements with a high spatial resolution [7]. Overall, the field of magnetooptics
is wide and recent advancements have led, e.g., to the first imaging of the magnetic domains of an
antiferromagnetic metal using MOKEs [8], or applications like magneto-optical filters [9, 10] and
isolation systems [11]. [1, 12]

However, the relative light intensity change of the non-resonant TMOKE from a homogeneous flat
interface is below 10−3, which limits its general applicability and warrants a search for enhanced
magneto-optical effects [13]. In recent years, this search was mainly focussed on magneto-optical
effects at the nanoscale, which are enabled by advancements of nanotechnology and the possibility
to build arbitrary nanoscale structures. A recent example uses extreme anti-reflection layers
to suppress non-magneto-optical reflection via destructive interference and, thus, enhance the
MOKE signal [14]. Another prominent example are nanostructured periodic metal films close to
the magnetic materials with periods below the light wavelength, which enables the excitation of
surface plasmon polaritons (SPPs) at the metal/dielectric interface. SPPs describe the resonant
coupling of light with collective oscillations of the electron plasma in the metal. They are evanescent
electromagnetic waves that propagate along the interface and concentrate large electromagnetic
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energy into nanoscale volumes [15]. In magnetoplasmonic structures, this can be used to enhance
magneto-optical effects like the TMOKE significantly [16], e.g., up to 13 % in plasmonic bismuth
iron garnet structures [17]. This enhancement also enables the use of the TMOKE for many
(bio)sensing application that detect refractive index changes of the incidence medium as shifts in
the resonantly enhanced TMOKE signal. Here, geometries range from periodic nanohole arrays [18,
19] and gratings [20] to randomly distributed metal nanoparticles [21], among others [22], with
significantly higher resolutions than the shifts of the non-magnetic reflectance curves. Furthermore,
SPPs can be used in magnetoplasmonic nonreciprocal waveguides for nanoscale optical systems,
for example as a high bandwidth active optical phase shifter [23] and as integrated isolator for
semiconductor lasers [24], and one-way guided plasmons can even be stopped with a vanishing
group velocity [25]. Recently, plasmonics were also used to enable the switching of the optical
chirality using magnetic fields, which could enable tunable chiral metasurfaces for integrated
polarization control and sensing [26, 27], and for an enhanced optically induced magnetization
in plasmonic gold nanoparticles [28]. These few examples already highlight the wide range of
applications that are enabled or enhanced by the presence of plasmonic structures, which can be
applied to a wide range of well-known or novel materials, like for the wide-band enhancement of
the second harmonic generation in the recently popular monolayer materials [29]. [12]

Another magneto-optical intensity effect that is resonantly enhanced by SPPs is the transverse
magnetic routing of light emission (TMRLE) [30], which is one of the main topics of this thesis.
It takes place in the same geometry as the TMOKE but for emitted light, which is routed along
a nearby surface perpendicular to the external magnetic field, and emitted directionally into the
far-field. This is achieved by magnetically modifying the selection rules of the light source (excitons)
so that it has a non-zero transverse spin 𝑺 ∥ 𝑥 ⟂ 𝒌 along the magnetic field in the 𝑥𝑦-QW plane. By
placing the light source near a surface, it can couple to subwavelength evanescent optical fields,
like SPPs, with a strong transverse spin and spin-momentum locking, which translates the spin
of the emitter into a routed wave along the surface. A good analogy for this is a bicycle wheel,
which moves on a surface and where the spokes represent the electric field vector, as shown in
Ref. [31]. Depending on the rotation direction (spin) of the wheel, it moves into opposite directions,
just like the subwavelength surface waves. In contrast, light in free space behaves similar to the
rotor blades of an aircraft, where the electric field vector spins around the propagation axis [31]. If
this routed surface wave is able to emit into the far-field, e.g., using a periodic grating structure
instead of a planar surface, directional emission is achieved via the TMRLE [30]. These interesting
characteristics of a photonic wheel-like transverse spin and the spin-momentum locking are not
limited to SPPs, though. The locking of the transverse spin to the momentum of the wave, which is
important for the routing effects, is an inherent feature of all evanescent waves [32]. The transverse
spin, on the other hand, is also present in evanescent waves [31], being identified early for SPPs [33],
waveguides [34] and whispering-gallery-mode resonators [35], but can also be achieved, e.g., in
tightly focussed light beams [36], but without the spin-momentum locking. These features promise
interesting applications in on-chip optical circuits and quantum computing, where the spin can be
used to route the emission of a light source for information transmission and processing in on-chip
devices like integrated photonic or optoelectronic circuits [31]. The chirality of an emitter can
generally be used as a parameter for emission routing, acting as an additional degree of freedom [37].
This has been shown, e.g., for asymmetric photonic crystal waveguides where the asymmetry of
the confining nanophotonic holes leads to emission directionality due to non-transversal local
electric-field components [38], and also in symmetric nanophotonic waveguides, where the emitter
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Chapter 1 Introduction and Motivation

is placed off-center [39], or for orthogonal crossed waveguides around a quantum dot emitter [40].
The spin-momentum locking of surface waves has also been used to translate circularly polarized
light from the far-field into directional propagating waves [41, 42], or to optically orient exciton
spins via plasmons excited with linearly polarized light [43].

One of the main goals of this thesis is a better understanding of the TMRLE magneto-optical
effect regarding both components of the hybrid plasmonic-semiconductor model system used
to demonstrate the effect recently in Ref. [30]: First, the diluted magnetic semiconductor (DMS)
quantum well (QW) system that is used as light source to achieve strong magnetic routing but also
exhibits a large temperature-dependence of its magnetic properties, and second, the plasmonic
nanogratings used for the significantly enhanced routing effect and directional emission into the
far-field, which depends strongly on the geometric grating parameters. In the process, interesting
contributions to the emission directionality from both the light-holes and the weak coupling
between the QW excitons and the SPPs are uncovered. Furthermore, the enhancement of the
TMOKE through mode hybridization is studied in reflection and transmission from synthesized
magnetite-based plasmonic waveguide structures.

This thesis is structured as follows: First, Chapter 2 introduces DMSs, which are used in the hybrid
QW structures as magnetic-field modifiable light source for the TMRLE due to their large exchange
interaction enabled Zeeman splitting. It also focusses on the large temperature-dependence of
the splitting, and on the anisotropic Zeeman splitting in a DMS QW structure and the resulting
transversal circular polarization of the optical transitions in the Voigt geometry, which is a key
factor for the TMRLE. Next, Chapter 3 introduces the theory of surface plasmon polaritons (SPPs),
focussing on their inherent spin-momentum locking and on enabling their interaction with the far-
field using periodic metal gratings for the enhanced directional emission of the TMRLE. Chapter 4
focusses on magneto-optical effects, mainly the Faraday effect and how it can be used to probe the
magnetic properties of a structure, and the TMOKE and how it is enhanced at optical resonances
like SPPs or waveguide modes. Both effects are used in the experimental part of this thesis. Lastly,
Chapter 5 explains the TMRLE, the main magneto-optical effect investigated in this thesis, and
the different near- and far-field contributions to the overall emission directionality seen in the
experiments.

Next, Chapter 6 presents the various plasmonic structures used in the experiments, namely
(Cd,Mn)Te-based hybrid plasmonic-semiconductor QW structures for the TMRLE and magnetite-
based waveguide structures for the TMOKE measurements. Then, Chapter 7 explains the Fourier
plane imaging technique and its practical realization in a Fourier imaging spectroscopy setup. It
enables the simultaneous measurement of the spectral and angular intensity distribution of the
light emitted, reflected, or transmitted from and through the experimental structures to quantify
the induced light intensity changes of the TMOKE and TMRLE.

Chapter 8 is the first experimental chapter and presents introductory measurements for the TMRLE
from the (Cd,Mn)Te-based hybrid structures. This includes emission and reflection spectra to
determine the important optical resonances, magneto-PL measurements to quantify the giant
Zeeman splitting, and the emission directionality from the main hybrid structure as an example of
a typical TMRLE measurement with larger routing magnitudes than previously achieved.
Then, Chapter 9 focusses on the temperature dependence of the TMRLE, which is mainly governed
by the semiconductor part of the hybrid structure. It is confirmed that the routing magnitude
from a DMS QW structure decreases in unison with the magnetization of the QW for increasing
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temperatures. Furthermore, the directionality contribution of the light-hole emission is highlighted,
which emerges at higher temperatures and is routed in the opposite direction to the main heavy-
hole emission, and the influence of a different plasmonic grating period and of modulation doping
near the QW on the temperature dependence is shown. Lastly, a non-magnetic (In,Ga)As-based
QW structure is discussed as possible platform for a temperature-independent TMRLE, based on
the intrinsic Zeeman splitting with a large hole g-factor instead of the exchange interaction in
DMSs.
Next, Chapter 10 focusses on the other component of the hybrid structures, the periodic plasmonic
grating. Its geometric parameters have a large impact on the TMRLE spectra, because they directly
influence the dispersion relation of the SPPs that facilitate the large emission routing magnitude.
For this, the directionality contributions of the different plasmonic branches and other optical
modes and how they enhance or compensate each other are shown for various grating periods and
slit widths. Most importantly, though, it is shown that the TMRLE can be used to probe the weak
coupling between the QW excitons as light sources and the directionality-enhancing SPPs with
high sensitivity, which is hard to detect otherwise.
Chapter 11 is the last experimental chapter and shifts the focus from the TMRLE to the similar
transversemagneto-optical Kerr effect (TMOKE). It is used to investigate magnetite-based plasmonic
waveguide structures in reflection and transmission, highlighting the enhanced TMOKE magnitude
in the plasmonic structures compared to a bare magnetite film and how the TMOKE can be used to
extract rich information about the various optical resonances of the structure. Furthermore, the
importance of mode hybridization for the TMOKE enhancement is discussed, and how the position
of the plasmonic grating can be used for a selective mode excitation.
Finally, Chapter 12 summarizes the results of the previous chapters and gives an outlook into
possible future directions of research and application of the effects and structures investigated in
this thesis.
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Chapter 2

Diluted Magnetic Semiconductors (DMS)

Diluted magnetic semiconductors (DMS) are ternary alloys, in which a non-magnetic host semi-
conductor like cadmium telluride (CdTe) is doped with a magnetic transition metal like manganse
(Mn), replacing a fraction 𝑥 of the cations (Cd). The resulting substitutional alloy Cd1−𝑥Mn𝑥Te
combines the semiconductor properties of the CdTe host with magnetic effects due to the magnetic
Mn ions. In general, DMSs are an excellent model system for magneto-optical effects because their
magneto-optical properties and the exciton energy structure are well established. Furthermore,
DMSs exhibit a giant Zeeman splitting of the band states due to the exchange interaction between
the s and p electrons of the valence and conduction band and the d electrons of the magnetic Mn
ions. This leads to a pronounced magneto-optical activity around the bandgap, like a giant Faraday
rotation [44]. Due to the ternary nature of the alloys, they can be used flexibly in heterostructures
like quantum wells and quantum dots, and for various other applications as their band parameters
and lattice constants can be engineered in a wide range by changing the fraction 𝑥 of the dopant
or by switching to a different host material [45]. The samples used for the transverse magnetic
routing of light emission (TMRLE) in the experimental part of this thesis are quantum well (QW)
structures based on the DMS (Cd,Mn)Te. It is an attractive system for the TMRLE because the large
Zeeman splitting of the QW excitons is essential for this routing effect and the (Cd,Mn)Te QW is a
well-understood system. [44, 45]
First, Section 2.1 gives an introduction to the (magnetic) properties of DMSs based on the example
of (Cd,Mn)Te. Then, Section 2.2 introduces the sp-d exchange interaction and the resulting giant
Zeeman splitting of the band states. Section 2.3 focuses on the Zeeman splitting in DMS quantum
wells (QWs), where the confinement in one direction results in the anisotropy of the band splitting
with respect to the magnetic field direction. It also introduces the concept of the transverse circular
polarization degree in the Voigt geometry, which enables the TMRLE, see Chapter 5.

The topic of DMSs is extensively covered in several publications, for example by Furdyna for the
AII
1−𝑥Mn𝑥B

VI-type DMS [45] or by Kossut and Gaj [44] in greater detail and by Kuhn-Heinrich
for DMS QWs [46]. These three publications are the main sources of this chapter (if not cited
otherwise), so most of the information presented here can be found in greater detail there.
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Figure 2.1 Brillouin function 𝐵5/2 for dif-
ferent temperatures 𝑇.

While there are many different DMSs, (Cd,Mn)Te is a par-
ticularly good model system to introduce the properties of
DMSs, as pointed out in Ref. [44]. For one, II-VI semicon-
ductors (like CdTe) are well studied, and most transition
metal ions form neutral centers in the background crystal
lattice, whereas they are typically charged in III-V hosts.
CdTe, in particular, forms in the simple zinc-blende lattice
structure and has an intermediate bandgap. Its conduction
and valence bands are formed by s and p electrons, respec-
tively, and the zinc-blende structure comprises tetrahedral
sp3-hybridized bonds. When incorporated into the CdTe
host, the manganese (Mn) 4s2 valence electrons contribute
to the sp3 bonds, while the 5 electrons in the half-filled
outer 3d5-shell determine its magnetic properties: Follow-
ing Hund’s rule, all 5 electron spins are aligned in parallel.
This leads to a vanishing orbital momentum 𝐿 but the maximum possible spin value of 𝑆 = 5/2
and, therefore, to a large magnetic moment 𝜇 of the individual ion. The band structure of the
AII
1−𝑥Mn𝑥B

VI DMS closely resembles that of the AIIBVI host with the same crystal structure, and
the two electronic systems of delocalized sp-band electrons and localized d electrons of Mn can be
considered independently due to their generally weak interaction.

An important property of DMSs is their giant Zeeman splitting of the electronic (and excitonic) levels,
which can reach magnitudes in the order of 100meV for a few Tesla at liquid helium temperatures.
It originates from the alignment of the Mn2+ magnetic moments in (Cd,Mn)Te because the CdTe
host material itself is diamagnetic. The magnetization of the Mn system grows linearly with small
magnetic fields and saturates for higher fields. For low Mn content (𝑥 < 0.01), the magnetization
can be characterized by a Brillouin function, which describes a system of non-interacting spins [44,
45]:

𝐵𝑆(𝜉 ) =
2𝑆 + 1
2𝑆

coth (2𝑆 + 1
2𝑆

𝜉) − 1
2𝑆

coth ( 1
2𝑆
𝜉) (2.1a)

𝜉 =
𝑔Mn𝜇B𝑆𝐵

𝑘B𝑇
. (2.1b)

Here, 𝑆 = 5/2 is the spin of the Mn ions, 𝑔Mn = 2 their g-factor, 𝜇B the Bohr magneton, 𝑘B the
Boltzmann constant, and 𝐵 the external magnetic field that aligns the magnetic moments. The
Brillouin function 𝐵5/2 is plotted in Figure 2.1 for three different temperatures. It shows the
linear and then saturated dependence on the magnetic field and the lower magnetization at larger
temperatures. For larger fractions 𝑥 or temperatures 𝑇 above that of pumped liquid helium, the
magnetization needs to be described empirically by replacing the spin 𝑆 and temperature 𝑇 with the
effective spin saturation value 𝑆eff and the effective temperature 𝑇eff = 𝑇 + 𝑇0 with the temperature
correction 𝑇0 > 0. This results in the description of the magnetization as the mean spin value per
Mn ion ⟨𝑆Mn

𝑧 ⟩ with the modified Brillouin function [44, 45]:

⟨𝑆Mn
𝑧 ⟩ = 𝑆eff𝐵5/2 (

5
2

𝑔Mn𝜇B𝐵
𝑘B(𝑇 + 𝑇0)

) (2.2)
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Chapter 2 Diluted Magnetic Semiconductors (DMS)

Both 𝑆eff and 𝑇0 are functions of the Mn fraction 𝑥 due to the ion-ion interaction of the d-shells of
twoMn ions and can be used as fitting parameters for the experimental data. They take into account
that the obtainable magnetization is reduced for 𝑥 > 1% because of the emerging antiferromagnetic
exchange interaction between the spins of neighboring Mn ions once they are no longer spatially
well separated [44, 45]. The magnetization 𝑀 and ⟨𝑆Mn

𝑧 ⟩ are connected via 𝑀 = −𝑥𝑁0𝑔Mn𝜇B ⟨𝑆
Mn
𝑧 ⟩

with the number of cations per unit volume 𝑁0 [45].

2.2 Exchange Interaction and Giant Zeeman Splitting

With the knowledge of how the Mn spins react to an external magnetic field, the next step is to
establish the interaction of these localized magnetic ions with the s- and p-type charge carriers of
the bulk host material. They form the conduction and valence bands and are responsible for physical
phenomena like the (giant) Zeeman splitting. As indistinguishable particles, the electrons (and
holes) are subjected to the exchange interaction, a purely quantum mechanical effect that is also
responsible for ferromagnetism [47]. The system can be described by a Hamiltonian �̂� = �̂�0 + �̂�ex,
where �̂�0 describes the non-magnetic semiconductor host and its band structure and �̂�ex the sp-d
exchange interaction in the form of a Heisenberg Hamiltonian of interacting spins [44, 45]:

�̂�ex = −∑
𝑖
𝑱 (𝒓 − 𝑹𝑖)𝝈 ⋅ 𝑺𝑖, (2.3)

with the spin operators 𝝈 and 𝑺𝑖 of the interacting carriers and Mn2+ ions, respectively, and the
magnetic ion location 𝑹𝑖. The sum only counts the lattice sites occupied by Mn2+, and 𝐽 is the sp-d
exchange coupling constant. Assuming negligibly small Landau quantization and intrinsic spin
splitting compared to the exchange splitting, the Zeeman splitting of the electrons and holes can
be described using the exchange interaction alone [44]. Because each delocalized carrier interacts
with many localized Mn2+ ions, we can assume that the magnetic ions affect the carriers but not
vice versa. Therefore, the interaction originates solely from the magnetic ions, which align with
the external magnetic field 𝐵𝑧 and interact with the carriers via ion-carrier interaction. Now, the
mean field approximation replaces the Mn spin operator 𝑺𝑖 with the thermal average ⟨𝑆Mn

𝑧 ⟩ of all
Mn2+ ions, which we already know from Eq. (2.2). Furthermore, the periodicity of the crystal can
be restored using the virtual crystal approximation, which replaces the random distribution of Mn2+

ions with an artificial periodic structure of cations with combined properties of the Cd and Mn ions.
This lets us replace ∑𝑖 𝑱 (𝒓 − 𝑹𝑖) with 𝑥 ∑𝑹 𝑱 (𝒓 − 𝑹) over all cation sites 𝑹, and we obtain [45]

�̂�ex = 𝜎𝑧 ⟨𝑆
Mn
𝑧 ⟩ 𝑥∑

𝑹
𝑱 (𝒓 − 𝑹), (2.4)

which can be solved with the same bases as �̂�0. Diagonalizing �̂�ex for the conduction band (CB)
and the valence band (VB) at 𝑘 = 0 leads to the matrix form [45]

�̂�CB
ex = (3𝐴 −3𝐴) and �̂�VB

ex =
⎛
⎜
⎜
⎝

3𝐶
𝐶

−𝐶
−3𝐶

⎞
⎟
⎟
⎠

(2.5)
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2.3 Zeeman Splitting in DMS Quantum Wells

with 𝐴 = 1/6 𝑥𝑁0𝛼 ⟨𝑆
Mn
𝑧 ⟩ and 𝐶 = 1/6 𝑥𝑁0𝛽 ⟨𝑆

Mn
𝑧 ⟩. The exchange integrals 𝛼 = ⟨𝑆|𝐽 |𝑆⟩ for the

conduction- and 𝛽 = ⟨𝑋 |𝐽 |𝑋⟩ for the valence-band electrons multiplied with 𝑁0 are material
constants and independent of 𝑥, e.g. 𝑁0𝛼 = 0.22 eV and 𝑁0𝛽 = −0.88 eV for (Cd,Mn)Te [44].

With only the exchange interaction taken into account, a magnetic field splits the conduction
band (c) into two components with opposite spins separated by 6𝐴 and the valence band into four
components with a splitting 6𝐶 between the outermost heavy-hole levels (h) and 2𝐶 for inner light
holes (l):

Δ𝐸c = 𝑥𝑁0𝛼 ⟨𝑆
Mn
𝑧 ⟩ (2.6a)

Δ𝐸h = 𝑥𝑁0𝛽 ⟨𝑆
Mn
𝑧 ⟩ (2.6b)

Δ𝐸l = 𝑥𝑁0𝛽/3 ⟨𝑆
Mn
𝑧 ⟩ (2.6c)

Figure 2.2 schematically shows the splitting and the dipole-allowed transitions as arrows for the
two opposite circular polarizations 𝜎± that rotate transverse to the external magnetic field, and for
the linearly polarized 𝜋 transitions parallel to the field. Note that the Zeeman splitting depends
only on the magnetization of the Mn ions ⟨𝑆Mn

𝑧 ⟩, which is temperature dependent according
to Eq. (2.2). The exchange splitting is, however, the same as the ordinary splitting regarding
the multiplicity, symmetry, and selection rules, but the magnitude is determined entirely by the
exchange contribution of the Mn ions.
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Figure 2.2 Schematic presentation of the
Zeeman splitting of the conduction (CB) and
valence band (VB) for a bulk AII

1−𝑥Mn𝑥B
VI

alloy with dipole-allowed transitions shown
as arrows. Adapted from Ref. [45].

2.3 Zeeman Splitting in DMS Quantum Wells

With the general properties of DMSs and the Zeeman splitting in a bulk DMS described in Section 2.1,
this section will focus on DMS quantum well (QW) structures like those investigated in this thesis.
First, the comparatively easy Faraday geometry will be discussed, followed by the more complex
Voigt geometry used for the transverse magnetic routing of light emission (TMRLE). The main
source of this section is the publication of Kuhn-Heinrich [46], along with our publications [30,
48].

The charge carriers in a QW are confined to its two dimensions. Therefore, the Zeeman splitting
becomes anisotropic and depends strongly on the direction of the magnetic field relative to the
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Figure 2.3 (a) Faraday and Voigt geometry. (b),(c) Zeeman splitting of the conduction and valence
band states of a QW in a (b) longitudinal (𝑩 ∥ 𝑧) and (c) transverse (𝑩 ⟂ 𝑧) magnetic field. Optical
transitions are shown as arrows, 𝐸 is the energy. (b) Labels 𝜎± and 𝜋 indicate the polarization of
the transition, 𝛥h,F and 𝛥l,F are the Zeeman splitting of heavy and light holes in Faraday geometry,
respectively, and 𝛥lh is the energy splitting between heavy and light holes at 𝐵 = 0. (c) 𝑃c,𝑖 is the
degree of circular polarization according to Eq. (2.10) and 𝛥l,V the Zeeman splitting of the light
holes. Adapted from [48].

confinement axis. The field can be applied either parallel to the confinement axis (𝑩 ∥ 𝑧) (per-
pendicular to the plane of the QW), which in our case is the Faraday geometry, or in the QW
plane (𝑩 ⟂ 𝑧), which is the Voigt geometry. Both geometries are shown in Figure 2.3, along with a
schematic presentation of the Zeeman splitting of the conduction and valence bands for the two
geometries with only the lowest levels of quantization considered. Compared to the bulk, the heavy
hole and light hole bands are split by 𝛥lh at the 𝛤-point even without a magnetic field 𝐵 due to
the confinement and strain from the lattice mismatch between the QW and barrier materials. For
our 10 nm thin (Cd,Mn)Te/(Cd,Mg)Te QW structure, the splitting between the upper heavy-hole
states with |𝐽𝑧⟩ = ±3/2 and the lower light-hole states with |𝐽𝑧⟩ = ±1/2 is 𝛥lh ≈ 20meV. Following
Ref. [46], the bulk model established in Section 2.1 can also be used for the quantum well, with the
diagonalized matrix forms �̂�CB

ex and �̂�VB
ex for the conduction and valence bands shown in Eq. (2.5).

The Zeeman splitting of the conduction band is not changed by the quantization and is still isotropic
with the same splitting of 6𝐴 = 𝑥𝑁0𝛼 ⟨𝑆

Mn
𝑧 ⟩ [46], see Figure 2.3. The splitting of the valence band

states, however, depends on the orientation of the magnetic field 𝑩 relative to the quantization axis
𝑧 or wave vector 𝒌 of the holes.

2.3.1 Faraday Geometry

In the Faraday geometry, 𝑩 is perpendicular to the QW plane but parallel to the confinement axis,
𝑩 ∥ 𝑧. Therefore, the electron and hole states can be characterized by their total angular momentum
projection on the 𝑧-axis, 𝑆𝑧 = ±1/2 for electrons and 𝐽𝑧 = ±3/2, ± 1/2 for the heavy and light
holes, respectively. In an external magnetic field in Faraday (F) geometry, the heavy hole levels are
split by 𝛥h,F = 6𝐶 and the light hole levels by 𝛥l,F = 2𝐶 = 𝛥h,F/3, with 𝐶 = 1/6 𝑥𝑁0𝛽 ⟨𝑆

Mn
𝑧 ⟩. The

conduction band splitting is 6𝐴, as mentioned above. Including the intrinsic splitting, the Zeeman
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2.3 Zeeman Splitting in DMS Quantum Wells

splitting of the holes can be written as

𝛥𝑘,F = 2𝐽𝑧𝑔h𝜇B𝐵 + 2
3
𝐽𝑧𝑥𝑁0𝛽 ⟨𝑆

Mn
𝑧 ⟩ , (2.7)

with 𝑘 = l and 𝐽𝑧 = ±1/2 for light holes and 𝑘 = h and 𝐽𝑧 = ±3/2 for heavy holes. The first
term describes the intrinsic splitting of the valence band states with the Landé 𝑔-factor of the
holes 𝑔h, which is negligible at low temperatures compared to the second term of the exchange
contribution. However, the exchange contribution is strongly temperature dependent through
the average alignment of the Mn spins ⟨𝑆Mn

𝑧 ⟩ and quickly decreases for increasing temperatures,
see Eq. (2.2). The intrinsic splitting, on the other hand, depends only on 𝑔h, making it largely
temperature independent. Both terms are proportional to 𝐽𝑧 and the splitting of the heavy holes 𝛥h,F
is, thus, three times larger than that of the light holes 𝛥l,F, independent of its origin. Figure 2.3(b)
shows a schematic presentation of the magnetic field dependent Zeeman splitting and the resulting
optical transitions and their polarization. The electron and hole splittings are linear in 𝐵 in small
fields and match those of the bulk with the additional splitting between the heavy and light holes
𝛥lh. In the exciton picture, their angular momentum projection is along the 𝑧 confinement axis
with 𝐽𝑧 = ±1, which corresponds to circularly polarized dipoles rotating in the 𝑥𝑦-plane of the QW,
either clockwise or anticlockwise. They are fully circularly polarized, 𝑑𝑥𝒆𝑥 ∓ 𝑖𝑑𝑦𝒆𝑦 with 𝑑𝑥 = 𝑑𝑦,
which does not depend on the applied magnetic field because the polarization is strictly given by
the optical selection rules [30]. The electric field ̃𝑬 of the linearly polarized 𝜋 transitions is normal
to the QW plane, ̃𝑬 ∥ 𝑩 ∥ 𝑧.

2.3.2 Voigt Geometry: Transversal Circular Polarization

The Voigt geometry is used for the transverse routing of light emission (TMRLE) and, thus, is
more important for our experiments. Here, the magnetic field 𝐵 is applied in the QW plane and
perpendicular to the quantization axis 𝑩 ⟂ (𝑧 ∥ 𝑘), which leads to a more complex splitting and
coupling of the hole wave functions. The Zeeman splitting of the bands is shown schematically in
Figure 2.3(c). Due to its isotropy, the conduction band splits the same as in the Faraday geometry.
For the holes, the exchange Hamiltonian splits into two subspaces �̂� ↑↓ in the Luttinger form with
projections 𝐽h,𝑥 = [3/2, −1/2] (↑) and 𝐽h,𝑥 = [−3/2, 1/2] (↓) of the total angular momentum 𝐽h on
the magnetic field direction 𝐵𝑥 [30, 46]:

�̂� ↑↓ = (−(𝛾1 + 𝛾2)𝑘
2
𝑧 ± 3𝐶 √3𝛾2𝑘

2
𝑧

√3𝛾2𝑘
2
𝑧 −(𝛾1 − 𝛾2)𝑘

2
𝑧 ∓ 𝐶)

. (2.8)

Here, 𝑘𝑧 ≈ 𝜋/𝑑 is the effective hole wave vector in the 𝑧-direction with the QW width 𝑑 and
assuming infinite barrier height. 𝛾𝑖 are the Luttinger parameters and 𝐶 = 1/6 𝑥𝑁0𝛽 ⟨𝑆

Mn
𝑧 ⟩ like in

the Faraday geometry. The Hamiltonian in Eq. (2.8) shows the competition between the Zeeman
splitting in the 𝐵𝑥 field and the confinement along the 𝑧-axis. The splitting of the heavy holes 𝛥h,V
is suppressed in the Voigt geometry and requires an admixture of light-hole states, resulting in a
cubic dependence on 𝐵. In zero magnetic field, the total angular momentum 𝐽h is projected along
the quantization axis 𝑧 with ±3/2 for heavy holes and ±1/2 for light holes, like in the Faraday
geometry. At low magnetic fields, the heavy holes show no spin splitting, while the light holes
split linearly in the magnetic field with 4𝐶, i.e. twice as much as in the Faraday geometry:

𝛥l,V = 2𝛥l,F. (2.9)
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Chapter 2 Diluted Magnetic Semiconductors (DMS)

Larger magnetic fields lead to a reorientation of the hole angular momentum along the magnetic
field axis. This induces a non-zero circular polarization 𝑃c,𝑖 of the electric field in the 𝑦𝑧-plane
(perpendicular to the QW) for the four optical transitions 𝑖 = 1, 2, 3, 4 that are shown as orange and
green arrows in Figure 2.3(c). Effectively, the transitions become elliptically polarized in the 𝑦𝑧-plane,
which corresponds to dipoles with d±X = 𝑑𝑦𝒆𝑦 ∓ 𝑖𝑑𝑧𝒆𝑧 and 𝑑𝑦 > 𝑑𝑧 for small magnetic fields [30]. This
partial circular polarization in the 𝑦𝑧-plane is the origin of the TMRLE, in which surface plasmon
polaritons with effective transverse spin in the same plane couple to the QW transitions, and the
magnetic field induced helicity of the optical transition is translated into routed emission. This is
discussed in detail in Chapter 5 and Refs. [30, 48]. Note that the transitions are not fully circularly
polarized in the 𝑦𝑧-plane perpendicular to the QW, with 𝑃c = ±2𝑑𝑦𝑑𝑧/(𝑑

2
𝑦 + 𝑑2𝑧 ) ≤ 1 [30]. Instead,

𝑃c depends strongly on 𝐵 and is governed by the competition of the QW quantization and the
magnetic field. Here, the former aligns the hole angular momentum along the 𝑧-axis with the
electric field in the QW plane, whereas the magnetic field 𝐵𝑥 aligns it along the 𝑥-axis and mixes
the light- and heavy-hole states. Consequently, 𝑃c = 0 for 𝐵 = 0 and increases with 𝐵, which can
be seen in Figure 2.4. This magnetic field dependence of the circular polarization is in contrast to
the Faraday geometry, where the optical transitions are fully circularly polarized in the 𝑥𝑦 QW
plane according to the selection rules and independent of the magnetic field strength. According to
our theory, 𝑃c,𝑖 for the optical transitions 𝑖 = 1, 2, 3, 4 is given by [30, 48]

𝑃c,1 = −𝑃c,3 =
−4𝑍 2 + 4(𝑍− + 1)𝑍 − 2 𝑍− + 2
4 𝑍 2 − 4(𝑍− + 1)𝑍 + 2 𝑍− + 7

,

𝑃c,2 = −𝑃c,4 =
4𝑍 2 + 4 (𝑍+ + 1) 𝑍 + 2 𝑍+ − 2

4 𝑍 2 + 4 (𝑍+ + 1) 𝑍 + 2 𝑍+ + 7
,

𝑍 =
𝛥l,V
𝛥lh

, 𝑍± = √𝑍 2 ± 𝑍 + 1 ,

(2.10)

where 𝛥l,V is the Zeeman splitting of the light holes in the Voigt geometry. It is the main parameter
used to describe 𝑃c,𝑖 for both the light-hole transitions and the energetically lower heavy-hole
transitions through the mixing of the hole states. The electric field of the linearly polarized 𝜋
transitions stays oriented along the 𝑥-axis, and they are thus not relevant for the TMRLE.
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Figure 2.4 Dependence of 𝑃c on the
magnetic field (expressed as 𝛥l,V/𝛥lh)
for the optical heavy-hole transitions
1𝑒 − 1ℎℎ (green, upper lines) and
light-hole transitions 1𝑒 − 1𝑙ℎ (or-
ange, lower lines), as indicated in
Figure 2.3(c). Bold curves are calcu-
lated from Eq. (2.10), the thin black
lines corresponds to the approxima-
tion Eq. (2.11). Reproduced from [48].

Figure 2.4 shows the dependence of 𝑃c on the magnetic field (expressed as 𝛥l,V/𝛥lh). The upper
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2.4 Summary

green curves show 𝑃c for the two 1𝑒 − 1ℎℎ heavy-hole transitions and the lower orange lines for
the two 1𝑒 − 1𝑙ℎ light-hole transitions according to Eq. (2.10). All transitions are linear for small
magnetic fields and asymptotically approach 𝑃c = ±1 for large fields. Interestingly, the heavy-holy
transitions 𝑖 = 1, 2 have pairwise opposite polarization degrees to the light-hole transitions 3 and
4, i.e. 𝑃c,1 = −𝑃c,3 and 𝑃c,2 = −𝑃c,4, even though their Zeeman splittings differ significantly. The
reason for this is that the polarization of the heavy-hole transition is not directly determined by
the Zeeman splitting but rather by the mixing with the light holes. Qualitatively, the polarization
perpendicular to the QW plane can best be understood in the limit of large magnetic fields, where
the induced Zeeman splitting greatly exceeds the splitting between the heavy- and light-hole
subbands 𝛥lh: In this limit, the valence band states can be characterized by the angular momentum
projection 𝐽𝑥 = ±3/2, ±1/2 on the 𝑥-axis, i.e. fully along the magnetic field. Then, the selection
rules enforce the angular momentum conservation along 𝑥, and the transitions are fully circularly
polarized with 𝑃c,1 = 𝑃c,2 = ±1 and 𝑃c,3 = 𝑃c,4 = ∓1 for the heavy and light holes, respectively. For
small magnetic fields (𝑃c ≪ 1 due to 𝛥l,V ≪ 𝛥lh), Eq. (2.10) can be simplified to [30, 48]

𝑃c,1/2 = −𝑃c,3/4 ≈ ±
𝛥l,V
𝛥lh

, (2.11)

so that 𝑃c grows linearly with 𝐵 via the Zeeman-splitting of the light holes 𝛥l,V. This approximation
is shown in Figure 2.4 as thin black lines, which closely follow the more complex curves of Eq. (2.10)
at small fields. Additionally, 𝑃c depends inversely on the energy gap between the heavy- and
light-hole subbands 𝛥lh, with a smaller gap promoting the heavy-light-hole mixing. The two lowest
transitions are both into weakly split heavy-hole states with the same population and, crucially,
the same sign of 𝑃c so that they do not cancel each other in their contribution to the TMRLE.

Thus far, we used the electron-hole picture to describe the polarization of the optical transitions
in the DMS quantum well structure, where the light-hole splitting 𝛥l,V alone describes 𝑃c in the
approximation of Eq. (2.11). At low temperatures, below the binding energy of excitons, the
emission from the QW is given by the exciton emission and not the radiative recombination of
the photo-excited electrons and holes. The selection rules and the polarization of the transitions
are the same for our purposes, neglecting e.g. the exciton fine structure, and both descriptions are
assumed to be equal for the TMRLE.

2.4 Summary

Diluted magnetic semiconductors (DMSs) exhibit large magneto-optical activity due to the exchange
interaction of the host band electrons and holes with the magnetic transition metal ions (e.g. Mn),
which leads to giant Zeeman splitting. The magnetization of the system is described via the thermal
average of theMn2+ spin projection ⟨𝑆Mn

𝑧 ⟩ along the external magnetic field, which can be described
using a modified Brillouin function as shown in Eq. (2.2). The exchange interaction can be described
using a Heisenberg Hamiltonian of interacting spins (Eq. (2.3)), which can be simplified using the
mean field approximation and the virtual crystal approximation. This results in the description of
the giant Zeeman splitting using only material properties and ⟨𝑆Mn

𝑧 ⟩, see Eq. (2.6), with the same
selection rules and multiplicity as the host material but amplified.
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Chapter 2 Diluted Magnetic Semiconductors (DMS)

In a quantum well, the Zeeman splitting becomes anisotropic regarding the magnetic field direction
due to the quantization of the carriers in one axis (𝑧). For the Faraday geometry with 𝐵 ∥ 𝑧, the
electrons and holes have the same linear splitting in 𝐵 as in bulk, but the heavy and light holes
are energetically separated by 𝛥lh due to the confinement and strain. The intrinsic splitting is
negligible at low temperatures compared to the large exchange interaction. However, it is also
independent of the temperature, which is in contrast to the exchange contribution. The latter
decreases quickly for increasing temperatures due to the decreasing average spin orientation ⟨𝑆Mn

𝑧 ⟩,
see Eq. (2.2). This reveals the possibility of temperature-independent applications, which will be
explored in Section 9.5.

Most important for this thesis, however, is the Voigt geometry with 𝐵 ⟂ 𝑧. Here, the Zeeman
splitting of the holes is more complex. The light-hole splitting is twice as large as in the Faraday
geometry, but the heavy holes split only with an admixture of the light-hole states, and their
splitting is small and cubic in 𝐵. In this geometry, there is a competition between the confinement
along the 𝑧-axis and the reorientation along the magnetic field in 𝑥-direction, see the Luttinger
Hamiltonian in Eq. (2.8). In the magnetic field, the degree of circular polarization of the optical
transitions 𝑃c perpendicular to the QW plane becomes non-zero. This effect is the origin of the
TMRLE, which is one of the main topics of this thesis, as the reoriented exciton transitions can
directionally couple to surface plasmon polaritons, which enable and enhance the transverse
routing. 𝑃c can be described using only the light-hole splitting in the Voigt geometry 𝛥l,V and
the heavy-light-hole splitting 𝛥lh, as shown in Eq. (2.10) and approximated in Eq. (2.11) for small
magnetic fields.
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Chapter 3

Surface Plasmon Polaritons

Surface plasmon polaritons (SPPs) describe a localized electromagnetic excitation at the interface
between a dielectric and a metal that propagates along the interface and is evanescently confined
perpendicular to the interface [49]. It combines the description of the oscillations of electromagnetic
fields (polariton) and of the electron plasma in the metal (surface plasmon). For this thesis, SPPs
at a magnetic interface are used to significantly enhance the transverse magneto-optical Kerr
effect (TMOKE, see Sections 4.3 and 4.4 and Chapter 11). Furthermore, they are an integral part
of enhancing the transverse magnetic routing of light emission (TMRLE), see Chapters 5 and 8
to 10.

This chapter is based on the book about SPPs by Maier [49] and the short but comprehensive
summary by Belotelov [13]. First, Section 3.1 describes the dielectric function of metals with
the Drude model and the dispersion relation of SPPs at a planar metal/dielectric interface. Then,
Section 3.2 explains how to enable the interaction of SPPs with light in the far field by substituting
the metal film with a periodic metallic grating. Finally, Section 3.3 describes the spin-momentum
locking of SPPs, which is a key feature needed for the TMRLE.

3.1 Dispersion Relation

The theory behind SPPs is based on the interaction between metals and electromagnetic fields
and can be described in a classical framework using the macroscopic Maxwell equations. A
detailed description of these interactions and the derivation of the SPP dispersion relation and other
properties is given in Ref. [49], whereas this chapter will only summarize the relevant results.

The optical properties of a metal can be described in a wide frequency range by a model of a
free electron gas that moves against a fixed background of positive ion cores. This simple model
ultimately results in

(𝜔) = b(𝜔) −
𝜔2
p

𝜔2 + 𝑖𝛾𝜔
, with 𝜔2

p = 𝑛𝑒2

0𝑚
, (3.1)

which describes the dielectric function (𝜔) of noble metals well for energies below the threshold
of transitions between electronic bands. Here, 𝜔p is the plasma frequency, which is the frequency
of the collective oscillation of the free electron plasma. b is an additional dielectric constant that
accounts for the residual polarization at 𝜔 > 𝜔p due to the positive background of the ion cores
compared to the ideal free-electron metal. [49]
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Figure 3.1 (a) Schematic presentation of the metal/dielectric interface supporting SPPs with
electrical field �̃�(𝑧), adapted from [13]. (b) Dispersion relations 𝐸(𝑘𝑦) of light in air 𝑘air, light in
the dielectric (Cd,Mg)Te 𝑘d with d > air and of the SPP at the planar gold/(Cd,Mg)Te interface
according to Eq. (3.3).

The simplest geometry supporting SPPs is a flat interface between a conducting metal containing
the electron plasma and a dielectric, non-conducting material, see Figure 3.1(a). Let the dielectric
be described by a positive d and the conductor by m(𝜔) with Re( m) < 0 for the metallic character,
which holds true below the bulk plasmon frequency 𝜔p. Solving the wave equation in this geometry
with the conditions of a propagating wave solution that is confined to the interface and, therefore,
evanescently decaying into the 𝑧-direction perpendicular to the interface leads to a set of non-zero
𝐸𝑖 and 𝐻𝑖 components of the wave. Continuity at the interface of the two media requires

𝑘d
𝑘m

= − d

m
(3.2)

for a TMwave, which confirms the requirement of d > 0 and Re( m) < 0. Ultimately, the dispersion
relation of the SPP wave propagating along the flat interface is

𝑘SPP = 𝑘0
√

m d

m + d
, (3.3)

where 𝑘0 =
𝜔
𝑐 is the vacuum wave number of light with the frequency 𝜔 and speed of light 𝑐. 𝑘SPP is

complex, and its imaginary part defines the propagation length along the interface 𝑙𝑦 = 1/ Im(𝑘SPP)
due to damping. Perpendicular to the interface, the electromagnetic field decays exponentially
with the rate

𝛾𝑖 = 𝑘0
√

− 2
𝑖

d + m
, (3.4)

which is shown schematically in Figure 3.1(a) for the electric field �̃�(𝑧). The corresponding attenu-
ation length in the normal direction is 𝑙𝑧𝑖 = 1/𝛾𝑖. For a TE mode, on the other hand, the continuity
at the interface leads to 𝐴(𝑘m + 𝑘d) = 0, which is only valid for the wave amplitudes 𝐴 = 0 because
Re(𝑘𝑖) > 0. Therefore, SPPs exist only in TM polarization. [49]

As an example, the dispersion relation of the SPP (3.3) at the interface of gold and the dielectric
Cd.75Mg.25Te is shown in Figure 3.1(b) (red curve). This material combination is used in our
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3.2 Enabling Optical Excitation

experimental studies on the transverse magnetic routing of light emission (TMRLE). The dielectric
function of the dielectric is taken from [50] and that of gold from [51]. The experimental data for
gold is extended at low energies using the Drude model (3.1) with the constants b = 9.9, ℏ𝜔p = 9 eV,
and ℏ𝜔 = 77meV from fits to the higher energy data in Ref. [52]. In addition, the light lines in
air 𝑘𝛾 ,air = 𝑘0√ air (blue curve) and Cd.75Mg.25Te 𝑘𝛾 ,d = 𝑘0√ d (dashed green curve) are shown,
assuming light incidence parallel to the interface, i.e. 𝑘𝑦 = 𝑘0 sin(𝜃 = 90°). The dispersion of the
SPP as a bound wave always lies to the right of the air line in the dielectric or air. This wave-vector
mismatch prevents direct coupling of light from the air or the dielectric into the SPP mode, and
thus SPPs can not be excited optically for a simple planar interface like in Figure 3.1(a).

3.2 Enabling Optical Excitation
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Figure 3.2 (a) Schematic presentation of themetallic grating with period 𝑎 to enable the interaction
between SPPs and light from the far-field with 𝑘0. Adapted from [13]. (b) Dispersion relations
𝐸(𝑘𝑦) of light in air 𝑘air and of the SPP at the interface of a periodic gold grating with period
𝑎 = 200 nm and Cd.75Mg.25Te according to Eq. (3.5). Blue area contains all light lines between
𝜃 = 0° and 90°, 𝜋/𝑎 marks the border of the reduced zone scheme and dotted (𝑚 = 1) and dashed
(𝑚 = 2) curves are the higher order SPP branches.

The mismatch between the wave vector 𝑘SPP of the SPP along the 𝑧 = 0 interface with the in-plane
momentum of the impinging photons 𝑘𝑦 = 𝑘0 sin 𝜃 can be overcome in several ways. One of them
is using a dielectric prism with large pr, where the total internal reflection in the prism leads to
an evanescent wave towards the interface and the momentum conservation law can be satisfied
along the interface with 𝑘SPP = 𝑘0√ pr sin 𝜃 [13]. Another method of wave vector matching, which
is used for this thesis, utilizes the diffraction effects of periodic structures. As shown schematically
in Figure 3.2(a), the planar metal film is substituted with a one-dimensional metal grating with a
period 𝑎. This provides additional in-plane wave vector components 𝑚2𝜋/𝑎, i.e. multiples of the
reciprocal grating vector. The phase-matching between the light with 𝑘0 = 𝜔/𝑐 and the SPPs now
takes place under the condition [49]

𝑘SPP = 𝑘0 sin 𝜃 ± 𝑚2𝜋
𝑎
, 𝑚 = 1, 2, … (3.5)
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Chapter 3 Surface Plasmon Polaritons

This manifests as additional branches of the SPP dispersion (3.3) in the dispersion diagram origi-
nating from 𝑘𝑦 = ±2𝜋/𝑎, ±4𝜋/𝑎, … , which have intersection points with the light line. Similar to
the reduced zone scheme of the first Brillouin zone for the phonon dispersion, the SPP dispersion
can be drawn up to 𝑘𝑦 = 𝜋/𝑎, where it is folded back towards the center. Figure 3.2(b) shows this
for a grating with a 𝑎 = 200 nm period. In the reduced scheme, the SPP dispersion 𝐸(𝑘𝑦) (bold red)
increases up to 𝑘𝑦 = 𝜋/𝑎 before it is folded back towards the center, where it intercepts the blue
dispersion line for light in air 𝑘air. This corresponds to the 𝑚 = 1 SPP branch originating from
2𝜋/𝑎 and is shown as a red dotted line. It is folded back once more at 𝑘𝑦 = 0, corresponding to the
opposite branch originating from −2𝜋/𝑎, and again at the zone border, which now corresponds to
the 𝑚 = 2 branch from 4𝜋/𝑎 (dashed line). The light dispersion 𝑘𝑦 = 𝑘0 sin 𝜃 with 𝜃 = 90° is shown
as a blue line, and lower angles of incidence 𝜃 are represented by the shaded area. The interaction
of the light and SPP is possible at all these points. In general, the dispersion relation of the SPP
at the grating interface differs from that of a plain film, but for narrow holes or slits Eq. (3.3) is
still valid. Note, however, that the real dispersion curve splits at the zone borders 𝑘𝑦 = 𝑚𝜋/𝑎 and a
bandgap appears. The excitation of SPPs is detected as a minimum in the reflected light intensity,
and the reverse process of SPPs emitting as light into the far-field is also possible. [13, 49]

3.3 Spin-Momentum Locking
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Figure 3.3 (a) Opposite SPP wave vectors
𝑘SPP (red, blue) and opposite elliptical polariza-
tions (circular arrows) due to spin-momentum
locking. Exciton at energy 𝐸X with same
spin can couple directionally. Reproduced
from [48]. (b) Spin-momentum locking for
circular dipole emission close to metal inter-
face via SPPs.

Collimated light in free space has a purely transverse
electric field 𝐸0 perpendicular to the propagation di-
rection, and the polarization and propagation direction
are independent. This is the easiest solution of the
Helmholtz equation

(∇2 + 𝜔2/𝑐2)𝑬(𝒓) = 0 (3.6)

and ∇ ⋅ 𝑬 = 0, which results in perpendicular propaga-
tion directions 𝒌 and electric fields 𝒌 ⋅ 𝑬𝟎 = 0. How-
ever, light can also have longitudinal components of
the electric field and even be elliptically polarized in the
propagation plane (e.g. 𝑦𝑧-plane for light in 𝑧-direction)
if it is tightly focussed by a large numerical aperture
and the transversal and longitudinal components have
a phase of 𝜋/2 [31]. Other sources of circular polar-
ization in the propagation plane are evanescent waves
at an interface, like SPPs at a metal/dielectric interface.
TM-polarized SPPs (and similar photonic modes along
the interface) are also a solution of Eq. (3.6), which re-
sults in transverse and longitudinal field components
𝐸𝑧 and 𝐸𝑦

𝐸𝑧(𝒓) ∝ exp (−𝑘𝑧𝑧 + 𝑖𝑘𝑦𝑦)

𝐸𝑦(𝒓) ∝ −𝑖(𝑘𝑧/𝑘𝑦) exp (−𝑘𝑧𝑧 + 𝑖𝑘𝑦𝑦)
(3.7)
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3.3 Spin-Momentum Locking

with a 𝜋/2 phase between them due to the evanescent field in the 𝑧-direction and the corresponding
imaginary factor 𝑖 [31]. Therefore, the electric field of the evanescent SPP wave is elliptically
polarized in the 𝑦𝑧-plane containing its wave vector 𝑘SPP and the surface normal 𝑧. See Figure 3.3(b)
for the geometry. [31]

Interestingly, the propagation direction and polarization of these waves are also no longer indepen-
dent because all fast-decaying evanescent waves exhibit spin-momentum locking. This property
links their propagation direction ±𝒚 along the surface to their transverse spin ±𝑺, i.e.

𝒌 ∝ 𝑺 × 𝒆𝑧 , (3.8)

with the surface normal 𝒆𝑧 [32]. An analogy for this is a bicycle wheel, which propagates along a
defined surface and where the spokes represent the electric field vectors. When the propagation
direction is reversed, so is the rotation direction (spin) of the wheel and spokes [31]. Figure 3.3(a)
shows the spin-momentum locking in the dispersion diagram of SPPs with opposite wave vector
𝑘SPP (red and blue) and circular polarization (circular arrows) due to the spin-momentum locking.
The dashed curves represent the SPP dispersion at a homogeneous metal film, and the solid curves
that of a grating with period 𝑎. The transverse spin of SPPs can be expressed as [42]

𝑆𝑥 =
Re(𝑘SPP) × Im(𝑘SPP)

[Re(𝑘SPP)]2
. (3.9)

The real part of 𝑘SPP determines the propagation direction. In contrast, the imaginary part is
oriented perpendicular to the surface and describes the exponential decay of the evanescent SPP
away from the interface.

This inherent feature of SPPs and other evanescent waves is the basis of many interesting applica-
tions, like the conversion of circularly polarized light from the far-field into directional propagating
SPP waves [41, 42], plasmon-to-exciton spin conversion [43], or many other chiral routing ef-
fects [38, 39]. In this thesis, we use the spin-momentum locking of SPPs for the transverse emission
routing from excitons (TMRLE, see Chapter 5). Without going into too much detail here, the basis
is a circularly polarized dipole emitter with the electric field of its emission in the 𝑦𝑧-plane so that
it spins around the 𝑥-axis. This is shown in Figure 3.3(b) as black circular arrows. In free space
(not shown), the emission is equal in all lateral directions and, therefore, independent of the dipole
rotation direction. If the transversely spinning dipole is placed close to a metal interface, instead,
it couples to evanescent waves (SPPs and arbitrary photonic modes) which propagate along the
interface. The coupling efficiency between the dipole emitter and the respective wave depends on
the overlap of the spinning dipole moment and the rotating electric field of the evanescent surface
wave. Therefore, clockwise rotating dipoles preferentially couple to either left- or right-going
waves and vice versa for anticlockwise rotation. This results in a translation of the dipole emitter
polarization into routed emission along the interface via spin-momentum locking of the evanescent
wave. Figure 3.3(b) shows this schematically with the two oppositely rotating dipole emitters
(circular arrows) close to the metal interface that couple to SPPs with opposite 𝑘SPP (straight arrows).
In the SPP dispersion relation in Figure 3.3(a), the excitons as dipole emitter are represented by
the black dashed line at the constant energy 𝐸X. They can couple to either blue or red SPP modes
of the same energy with opposite circular polarization and propagation direction. For further
details, check the thesis of Felix Spitzer [52], the supplement of [30], or Ref. [31] for a more general
overview of the transverse spin of light.

21



Chapter 4

Magneto-Optical Effects

The field of magnetooptics or magneto-optical effects describes the interaction between light
and magnetized matter in a magnetic field. The magnetic field alters the optical properties of
the medium, influencing the intensity and polarization of reflected or transmitted light. Well-
known examples of magneto-optical effects are the Faraday effect, which describes the rotation
of the polarization plane of linearly polarized light transmitted through a magnetized medium,
or the magneto-optical Kerr effects (MOKEs), which are usually considered for light reflected
from the surface of a magnetized medium and influence the reflected intensity and polarization
characteristics of the light [1]. Therefore, magneto-optical effects can be used as a sensitive
probing tool of the magnetic properties of a structure, for example in time-resolved pump-probe
measurements for optically oriented electron spins [43], to detect spin waves via magnetization
changes in magnetic garnet films [53–55] or for reading high-density data from magneto-optical
data storage [56]. The other way around, magneto-optical effects can also be used to actively
modify the characteristics of the reflected or transmitted light in a variety of applications, for
example in ultrafast optical switches, where short optical pulses quickly change the magnetization
of the magnetic medium [57], or to control light at the nanoscale through the increased magneto-
optical effects at optical resonances [15, 17, 58–60]. For this thesis, the Faraday effect is used to
obtain the magneto-optical parameters of a thin magnetite film (Section 11.1) and the transverse
MOKE to observe optical resonances with greater contrast than non-magnetic measurements in
Chapter 11 [4].

First, Section 4.1 will introduce the dielectric permittivity tensor ̂𝜺 and the gyration 𝑔 that are
used for the macroscopic description of magneto-optical effects. The Faraday effect is explained
in Section 4.2, which is used in the experimental part of this thesis to obtain magneto-optical
parameters of the investigated structures for further theoretical analysis and simulation. Then,
Section 4.3 introduces the transverse magneto-optical Kerr effect (TMOKE), a special case of the
magneto-optical Kerr effects, which manifests as changes in the reflected intensity of light. The
TMOKE is a comparatively weak effect but can be enhanced significantly in the vicinity of optical
resonance, which is described in Section 4.4. Experimental data of the TMOKE from magnetite
structures near optical resonances is presented later in Chapter 11.
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4.1 Macroscopic Description

4.1 Macroscopic Description

The description of magneto-optical effects is usually based on the influence of the magnetic field
on the dielectric permittivity of the magnetized material, which is expressed as ̂𝜺-tensor with
elements 𝑖𝑗, 𝑖, 𝑗 = (𝑥, 𝑦 , 𝑧). In the magnetized state, the tensor depends on the magnetization 𝑀 of
the medium or antiferromagnetic sublattices, which is induced by an external magnetic field 𝐵 in
our experiments. For the case of an optically isotropic medium, 𝑥𝑥 = 𝑦𝑦 = 𝑧𝑧 ≡ , and the tensor
can be written as [1, 4]

̂𝜺 = (
0 0

0 0
0 0

) + (
0 −𝑖𝑔𝑧 𝑖𝑔𝑦
𝑖𝑔𝑧 0 −𝑖𝑔𝑥
−𝑖𝑔𝑦 𝑖𝑔𝑥 0

) . (4.1)

Here, the first part only contains the dielectric permittivity of the non-magnetized material, and
the second part describes the changes induced by the magnetic field via the off-diagonal elements
comprising the gyration vector 𝒈. The gyration is proportional to the magnetization 𝒈 = 𝛼𝑴 in
the isotropic medium. 𝛼 is assumed to be equal for all directions of 𝑀 and thus 𝑔𝑥 = 𝑔𝑦 = 𝑔𝑧 = 𝑔.
Therefore, only the respective elements remain nonzero in Eq. (4.1) for magnetization along either
𝑥, 𝑦, or 𝑧. and 𝑔 become complex functions of the frequency if absorption takes place. The second
part of Eq. (4.1) results, for example, in different refractive indices 𝑛± for left- and right-circularly
polarized light, which manifests as the Faraday effect for transmitted light. In all cases relevant to
this thesis, the magnetic permeability tensor �̂� is assumed to be unity. [1]

4.2 Faraday Effect

ϑ

d

B

Figure 4.1 Geometry and po-
larization rotation of the Fara-
day effect in a magnetic field 𝐵.
Adapted from Ref. [44].

The Faraday effect is probably the best known of the magneto-
optical effects and can be used to obtain magneto-optical properties
of a structure. The effect was discovered in 1845 by Michael Fara-
day and was the first demonstration of the connection between
magnetism and light [2]. It describes the rotation of the polarization
plane of linearly polarized light that propagates through a magne-
tized medium in a magnetic field 𝐵 parallel to the direction of light
propagation [1]. This is schematically shown in Figure 4.1, and the
geometry of the light propagation with respect to the magnetic field
is fittingly called the Faraday geometry, see also Section 2.3. The
rotation of the polarization can be explained by different refractive
indices 𝑛± for the left- and right-circularly polarized light (𝜎±) in
the magnetized medium, which are the eigenmodes of the system.
The incident linearly polarized light can be decomposed into these
two circular eigenmodes 𝒆±, where their relative phase defines the polarization plane of the linear
polarization. Then, the two components acquire a phase difference traveling in the medium with
different velocities 𝑐/𝑛±, which leads to the rotation angle 𝜗 of the recomposed components

𝜗(𝜔) = 𝜔
2𝑐
𝑑 (𝑛+(𝜔) − 𝑛−(𝜔)) , (4.2)
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Chapter 4 Magneto-Optical Effects

which is half the acquired phase shift through the medium with thickness 𝑑. Here, 𝜔 and 𝑐 are the
angular frequency and the speed of light, respectively. [1, 44]

Sources for large differences between 𝑛+ and 𝑛− are optical transitions that correspond to light
absorption at a certain frequency affected by a magnetic field [44]. An easy example of this is
the magnetic-field-induced Larmor precession of electron orbits. As explained in Ref. [1], two
eigenfrequencies 𝜔± arise, which correspond to left and right circular oscillations. This leads to
the splitting of the absorption line and, consequently, to a relative displacement of the two curves
𝑛±(𝜔). Other examples are the interband transitions in a diluted magnetic semiconductor (DMS),
which exhibit a giant Zeeman splitting and, thus, an equally large Faraday rotation that exceeds
1 °/(mmmT) close to the exciton resonance for (Cd,Mn)Te at 4.2 K [61]. Note that the rotation is
two orders of magnitude smaller at room temperature due to the large temperature dependence of
the Zeeman splitting in DMS, see Chapter 2.

The Faraday rotation can be used to probe the magnetic properties of a sample. For a transparent
medium without absorption, the transmitted light remains linearly polarized with the acquired
rotation angle 𝜗 due to the magnetic circular birefringence 𝑛+ ≠ 𝑛−, i.e. the Faraday effect. For
a medium exhibiting absorption, the absorption coefficients for left- and right-circular light also
become different in a magnetic field, which is called magnetic circular dichroism (MCD). If linearly
polarized light is transmitted through such a medium, the light becomes elliptically polarized due
to the MCD, and the major axis of the polarization ellipse is rotated by the angle 𝜗 due to the
magnetic circular birefringence. For materials with cubic symmetry or crystals where the light
wave vector and magnetization are oriented along a symmetry axis, the rotation 𝜗 and ellipticity 𝜓
are connected to the complex gyration 𝑔 = 𝑔′ + 𝑖𝑔″ via [1]

𝜗 = −
𝑔′𝜋
𝜆𝑛0

𝑑 and (4.3)

𝜓 = −
𝑔″𝜋
𝜆𝑛0

𝑑, (4.4)

where 𝜆 = 2𝜋𝑐/𝜔 is the light wavelength, 𝑑 the thickness of the magnetic film and 𝑛0 its refractive
index. Measuring the rotation angle 𝜗 and the ellipticity 𝜓 can, therefore, be used to experimentally
acquire the real and imaginary parts of the gyration 𝑔 = 𝑔′ + 𝑖𝑔″, respectively. This will be used
in Chapter 11 to characterize the magneto-optical properties of the thin magnetite (Fe3O4) film
for theoretical simulations of that structure and its magneto-optical response presented in Ref. [4].
This comparatively easy model works well for the plain magnetite film because it does not exhibit
optical resonances in the measured spectral range.

4.3 Transverse Magneto-Optical Kerr Effect (TMOKE)

The magneto-optical Kerr effect (MOKE) is another well-known magneto-optical effect, which
describes the changes to light reflected from the surface of a magnetized medium due to optical
anisotropy. It is named after John Kerr, who discovered the effect in 1877 for light reflected from
the polished pole of an electromagnet [1, 3]. Depending on the orientation of the external magnetic
field 𝐵 (or the magnetization𝑀) with respect to the surface and the incidence plane of the light, the
effect is split into three geometries: For the polar and the longitudinal MOKE, the magnetic field
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4.3 Transverse Magneto-Optical Kerr Effect (TMOKE)

is oriented in the plane of incidence and normal or parallel to the reflecting surface, respectively.
Their influence manifests in the rotation of the polarization plane and the appearance of ellipticity
for the reflected linearly polarized light. The transverse magneto-optical Kerr effect (TMOKE), on
the other hand, is mainly an intensity effect and describes the magnetic-field-dependent change
of the intensity of linearly p-polarized light reflected at an angle 𝜃. The geometry is shown in
Figure 4.2, where the black arrows indicate the p-polarization of the light (yellow). In this geometry,
the magnetic field 𝐵𝑥 is oriented parallel to the surface but perpendicular to the 𝑦𝑧 incidence plane
of the light so that the projection of the light wave vector 𝑘 onto 𝐵 is zero. The TMOKE is measured
by comparing the reflected (or transmitted) light intensities 𝐼 at opposite magnetic field directions
±𝐵:

𝛿 = 2
𝐼 (+𝐵) − 𝐼 (−𝐵)
𝐼 (+𝐵) + 𝐼 (−𝐵)

. (4.5)

The factor 2 originates from the normalization with the average intensity 1/2 (𝐼 (+𝐵) + 𝐼 (−𝐵))
instead of the intensity at zero field 𝐼 (0) found in some literature. It is an odd effect in the
magnetization and generally has a small magnitude with relative intensity changes 𝛿 in the order
of 10−3. [1] While usually used in the reflection geometry, the TMOKE can also be measured for
transmitted light. This requires structures with a lack of mirror symmetry regarding the opposite
boundary layers of the magnetic film, e.g. with different materials on either side of the magnetic
film or by adding a periodic grating structure at the surface [4, 13, 17].
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Figure 4.2 Geometry of the
TMOKE with 𝐵 parallel to the
surface and perpendicular to the
plane of incidence.

For a theoretical description of the TMOKE, we use the macroscopic
-̂tensor with the additional off-diagonal elements containing the
gyromagnetic vector 𝑔 due to the magnetization of the material, see
Eq. (4.1) with 𝑔𝑦 = 𝑔𝑧 = 0 for 𝐵 = 𝐵𝑥. The magnetic permeability
is assumed 𝜇 = 1, and 𝑛1 is the refractive indices of the medium
containing the incident wave and 𝑛2 = √ that of the reflecting
medium. The full derivation can be found in [1]. Assume a plane
wave incident onto the magnetized medium at the angle 𝜃 with the
electric field vector in the incidence plane (p-polarization), which
is reflected at the same angle (see Figure 4.2), but also excites a
wave in the magnetized medium that propagates from the interface
into the medium. In an unmagnetized medium, the electric field
𝑬 of that wave contains only the standard transverse components
of light. However, in a magnetized medium, the electric field is elliptically polarized in the 𝑦𝑧
incidence plane due to an additional longitudinal component oriented along the wave vector and
proportional to the magnetization, which is expressed via the magneto-optical parameter 𝑄 = 𝑔/ .
This additional component in the field vector is the cause of the magneto-optical effect. Matching
the tangential components of 𝑬 and 𝑯 at the interface for the incoming, reflected, and transmitted
waves leads to magnetization-dependent transmission and reflection coefficients with corrections
to the conventional Fresnel coefficients that are linear in 𝑄 [1, p. 44]. This results in the relative
change of the reflected light intensity [1, p. 47]

𝛿 = − Im(
8𝜂2 tan 𝜃

(𝜂2 − 1)(𝜂2 − tan2 𝜃)
𝑄) (4.6)

with 𝜂 = 𝑛2/𝑛1 and 𝑛1 = 1 for air. Equation (4.6) also shows that the TMOKE requires an absorbing
medium with Im(𝑛2) ≠ 0, as otherwise 𝛿 = 0. For s-polarized incident light (electric field vector
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perpendicular to incidence plane), the TMOKE vanishes because the reflected and transmitted
waves are also fully s-polarized, without longitudinal components proportional to 𝑄. [1]

4.4 TMOKE Enhancement at Optical Resonances

The reflection (or transmission) spectra of plain magnetic films are usually monotonic and fea-
tureless, and the TMOKE magnitude is small at around 𝛿 = 10−3, even for ferromagnets. This
limits its applicability [15]. It can, however, be significantly enhanced in the vicinity of an optical
resonance [1, 15]. These include, but are not limited to, surface plasmon resonances [15, 17, 62–64],
waveguide modes [65], excitons [60], and other optical resonances [58, 59, 66–68]. For example,
Belotelov et al. achieved 𝛿 = 1.5×10−2 from a nanostructured gold grating on top of a ferromagnetic
iron garnet film for transmitted light in the vicinity of plasmonic resonances and up to 13 % in
bismuth-substituted iron garnets (BIGs) covered with gold gratings [17]. Farther spaced-out gold
nanowires on BIG still lead to large TMOKE magnitudes of 1.5 % for coupled particle plasmons and
waveguide modes while maintaining a high transparency of the system. For the narrow excitonic
resonance in a plain (Cd,Mn)Te QW, 𝛿 = 1% was achieved with different contributions for the
confinement-split heavy- and light-hole excitons [60].

The general mechanism behind the enhanced magneto-optical effects near resonances are magnetic-
field-induced changes to the resonance frequency through the dielectric permittivity . For example,
the dispersion relation of the surface plasmon polariton (SPP) at the interface of a plain metal film
and a dielectric without an external magnetic field 𝑘SPP,0 can be approximated by Eq. (3.3). This
SPP resonance appears as a pronounced dip in a reflection spectrum, contrasting the monotonic
spectrum of plain films. In a magnetic field, this wave number 𝑘SPP of the SPP resonance changes.
For the interfaced plain dielectric and metal films, the influence of the magnetic field can be
described via the gyration 𝑔 ∝ 𝑀 [15, 69]

𝑘SPP = 𝑘0
√

m d

m + d⏟⏟⏟⏟⏟⏟⏟⏟⏟⏟⏟⏟⏟
=𝑘SPP,0

(1 + 𝛼𝑔), (4.7)

with 𝛼 = (− m d)
−1/2(1 − 2

m/
2
d)

−1. Here, 𝑘0 = 𝜔
𝑐 is the vacuum wave number of light with the

frequency 𝜔 and speed of light 𝑐, and m and d are the dielectric constants of the unmagnetized
metal and dielectric, respectively. Equation (4.7) holds as long as the thickness of the metal film
exceeds several tens of nm and the SPPs at the two metal interfaces are independent. Therefore,
the wave vector 𝑘SPP differs for opposite magnetic fields, and the associated intensity dip shifts
to larger or smaller energies depending on the magnetic field direction. This magneto-optical
non-reciprocity significantly enhances the TMOKE signal 𝛿 in the otherwise monotonic reflection
spectrum. Equation (4.7) is also valid for a perforated metal film, e.g. a one-dimensional gold
grating, as long as the grating slits are much smaller than the SPP wavelength. Metallic gratings
with period 𝑎 are one way of enabling the optical excitation of SPPs by adding the multiples 𝑚
of the reciprocal grating vector 2𝜋/𝑎 to the incoming light, see Chapter 3. In combination with
Eq. (4.7), this leads to the magnetic-field-induced shift Δ𝜆 of the SPP resonance wavelength 𝜆0 with
𝑘SPP,0 according to Eq. (3.3) [69]:

Δ𝜆
𝜆0

=
𝑘SPP,0 𝛼
𝑚𝐺

𝑔. (4.8)
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Figure 4.3 Top: Arbitrary Lorentzian
resonances at 𝜔0 ± Δ𝜔. Bottom: Re-
sulting S-shaped TMOKE signal 𝛿.

Similarly, it can be shown that the dispersion relation of guided
modes 𝜅 in a thin magnetic layer also shows magneto-optical
non-reciprocity, so that 𝜅 becomes magnetic-field dependent
and, crucially, that this dependence is odd in the magnetic field
direction ±𝐵 [13]. This also leads to a shift to lower or higher
energies in the reflection or transmission spectra and, thus,
an enhanced TMOKE response of the structure compared to
a plain film. With a periodic structure, they have the same
general resonance condition 𝜅 = 𝑘0 sin 𝜃 ± 2𝜋𝑚/𝑎 for light in
the far-field. It should be noted that the eigenmodes of the
system (waveguide, SPP) become leaky due to the periodic
grating structure. Therefore, the guided modes should rather
be called quasi-guided modes, and their resonances in the
reflection and transmission spectra have a typical shape of a
minimum followed by a maximum or vice versa. This type of resonance is called a Fano resonance.
They appear when a resonant process (eigenmode excitation via grating diffraction) and a non-
resonant one (wave propagation through the structure) are connected [13, 70]. Different modes can
also interact and form hybridized modes, for example particle plasmons and waveguide modes [63]
or waveguide modes in a magnetic medium and the SPP resonance at the spatially close non-
magnetic metal/air interface [4].

The TMOKE signal created by a shifting resonance usually has an S-shape with a sign-change of
𝛿. This can be shown easily for a resonance at the frequency 𝜔0 with a Lorentzian shape in the
form

𝐿0(𝜔) =
𝐼0𝛾

2

(𝜔 − 𝜔0)2 + 𝛾 2
, (4.9)

with the parameters 𝐼0 and 𝛾. If the resonance frequency shifts from 𝜔0 to 𝜔0 ±Δ𝜔 and 0 < Δ𝜔 ≪ 𝛾,
the two resulting Lorentzian peaks 𝐿1,2 can be approximated as [4]

𝐿1,2(𝜔) ≈ 𝐿0(𝜔) [1 ∓
2Δ𝜔(𝜔 − 𝜔0)𝐿0(𝜔)

𝐼0𝛾 2
] . (4.10)

The resulting TMOKE signal for this arbitrary resonance is

𝛿 = 2
𝐿2(𝜔) − 𝐿1(𝜔)
𝐿2(𝜔) + 𝐿1(𝜔)

=
4Δ𝜔(𝜔 − 𝜔0)𝐿0(𝜔)

𝐼0𝛾 2
, (4.11)

which is zero at the non-shifted resonance position 𝜔0 and has opposite signs on either side of it.
This is visualized in Figure 4.3, which schematically shows two Lorentzian resonances shifted from
their non-magnetic resonance frequency 𝜔0 in the upper part (blue) and the resulting S-shaped
TMOKE signal around 𝛿 = 0 according to Eq. (4.5) at the bottom (red). The sign change of the
resonant TMOKE signal can provide better contrast for resonance observation than the standard
transmission and reflection spectra with broad or non-visible optical resonances. [4]
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Chapter 5

Transverse Magnetic Routing of Light
Emission (TMRLE)

Most magneto-optical effects, like the Faraday effect and the magneto-optical Kerr effects presented
in Chapter 4, either modify the properties of light transmitted through a magnetized medium
or reflected from its surface. The Faraday effect, for example, rotates linearly polarized light
during transmission. In contrast, the transverse magneto-optical Kerr effect (TMOKE) influences
the intensity of reflected (or transmitted) light depending on the magnetic field. They have in
common that most of them can be enhanced significantly in the vicinity of optical resonances, for
example surface plasmon polaritons (SPPs) for the TMOKE (Section 4.4). A less common class of
magneto-optical effects takes place for light emitted from a magnetized structure. One of them is
the transverse magnetic routing of light emission (TMRLE), which was first reported in Ref. [30] for
the routing of the light emitted from excitons in a diluted magnetic semiconductor quantum well
structure. The magnitude of the emission routing by the transverse magnetic field was significantly
increased by introducing a plasmonic interface close to the quantum well, which utilizes the strong
spin-momentum locking of the SPPs (see Section 3.3).

Routing the emission of a nanoscale light source and controlling its emission properties is important
for the information transmission and processing in on-chip devices like integrated photonic or
optoelectronic circuits [37, 71]. Two-dimensional transition metal dichalcogenides (TMDCs) are
interesting candidates for such nanoscale light sources, but their low quantum efficiency and poor
emission directionality need to be improved for meaningful applications [37, 71, 72]. Therefore,
one direction of current research focuses on TMDCs [72–74] and other quantum emitters [71, 75,
76] combined with passive structures like nanoantennas or nanoresonators to both decrease the
emission lifetime and route the emission into a specific direction that is mostly defined by the
structures geometry and does not depend on, e.g., the emitters polarization. Other examples for
such passive routing structures are fluorescence molecules surrounded by a circular plasmonic
antenna [77] or a plasmonic nanoantenna routing its own emission [78]. The chirality of the emitter
can also be used as a parameter to route the emission into different directions, so that it can be
used as an additional degree of freedom [37]. This has been shown, e.g., for asymmetric photonic
crystal waveguides [38], symmetric nanophotonic waveguides with an off-center emitter [39], or for
orthogonal waveguides around a quantum dot emitter [40]. In those cases, the emitter polarization
is controlled via a magnetic field in Faraday geometry, contrary to the TMRLE in Voigt geometry.
Theoretically predicted to route the emission of a chiral emitter via spin-momentum locking is,
e.g., the gap plasmon between a nanorod and a nanowire [37], and Ref. [79] explores the symmetry
mechanisms in emitter-waveguide systems, while Ref. [80] shows that nanophotonic slabs can be
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5.1 General Description of the TMRLE

used for chiral routing applications. The other way around, the spin-momentum locking of surface
waves like plasmons can also be used to translate circularly polarized light from the far-field into
directional propagating waves [41, 42], or to optically orient exciton spins via plasmons excited
with linearly polarized light [43].
In contrast to most of these effects, the TMRLE is a transverse effect with the magnetic field
in Voigt geometry controlling the emitter polarization and consequently the emission direction
perpendicular to the magnetic field. We use a diluted magnetic semiconductor quantum well as
a well-understood model system, but the TMRLE is a general concept that is transferable to any
system fulfilling its two key requirements, see below. Furthermore, Chapter 10 will demonstrate
the TMRLE as a sensitive tool to probe the weak coupling between the excitons as light source and
the plasmons resonantly enhancing the routing effect.

This chapter will summarize the concepts behind the TMRLE based on the model system of a
diluted magnetic semiconductor (Cd,Mn)Te/(Cd,Mg)Te quantum well structure in the vicinity of
a metal/dielectric interface that supports SPPs and is based on Refs. [30, 48]. It builds on several
aspects discussed in the previous chapters, like the giant Zeeman splitting of exciton levels in DMS
(Chapter 2) and the spin-momentum locking of SPPs (Section 3.3).

5.1 General Description of the TMRLE
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Figure 5.1 (a) Scheme of TMRLE geometry. (b) Schematic presentation of the enhanced TMRLE
in hybrid plasmonic-semiconductor quantum well structures, where the exciton (X) transitions in
the QW become elliptically polarized in the 𝑦𝑧-plane due to the magnetic field 𝐵𝑥 and directionally
couple to SPPs (red) at the gold/semiconductor interface. The metal grating enables their detection
as directional emission in the far-field. Reproduced from [48].

The TMRLE describes the magnetic routing of the emission from a light source in the direction
perpendicular to the applied magnetic field, with the light source located close to the surface of the
emitting structure. It manifests as a change in the angular distribution of the far-field emission
intensity 𝐼 (𝜃) induced by the external magnetic field 𝐵. The geometry of the effect is shown in
Figure 5.1(a), where an external magnetic field 𝐵 in 𝑥-direction leads to directional emission into
the far-field in the 𝑦𝑧-plane. Inverting the magnetic field direction 𝐵 → −𝐵 also shifts the emission
towards the opposite direction −𝜃.
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Chapter 5 Transverse Magnetic Routing of Light Emission (TMRLE)

Generally, the TMRLE has two key requirements: First, the selection rules of the light source
transitions in the structure need to be modifiable by a magnetic field, and second, the emitted light
needs to have non-zero transverse spin 𝑺 ∥ 𝑥 ⟂ 𝒌 with 𝒌 ∝ 𝑩 × 𝒆𝑧 pointing in the routing direction
𝑦. In our case, the light source is an exciton in a magnetic quantum well (QW) with the diluted
magnetic semiconductor (Cd,Mn)Te as well medium that exhibits giant Zeeman splitting. The
barriers are comprised of non-magnetic (Cd,Mg)Te. Without a magnetic field, the excitons have
the angular momentum projection 𝐽𝑧 = ±1, which is oriented along the QW confinement axis that
points toward the surface. This corresponds to circular dipoles that rotate in the 𝑥𝑦 QW plane
𝑑𝑥𝒆𝑥 ∓ 𝑖𝑑𝑦𝒆𝑦 with 𝑑𝑥 = 𝑑𝑦. By applying a magnetic field 𝐵𝑥 in the QW plane, the optical selection
rules are modified and the transitions become elliptically polarized in the 𝑦𝑧-plane, perpendicular
to the QW plane and the confinement direction. This corresponds to a dipole 𝑑𝑦𝒆𝑦 ∓ 𝑖𝑑𝑧𝒆𝑧 with
𝑑𝑦 > 𝑑𝑧 and is shown schematically in Figure 5.1(b) for the exciton 𝑿 in the QW, where the elliptical
polarization rotates in the 𝑦𝑧-plane. Important for the TMRLE is the degree of circular polarization
in the 𝑥𝑦-plane 𝑃c, which is defined as 𝑃c = ±2𝑑𝑦𝑑𝑧/(𝑑

2
𝑦 + 𝑑2𝑧 ). Therefore, 𝑃c = 1 for a fully circular

dipole in the 𝑦𝑧-plane (𝑑𝑦 = 𝑑𝑧), which would be the case for large magnetic fields, and otherwise
𝑃c < 1 for elliptical polarization. 𝑃c can also be expressed as

𝑃c ≈
𝛥l,V
𝛥lh

, (5.1)

according to Eq. (2.11), which is more relevant to the experimental studies and holds true for small
splittings 𝛥l,V ≪ 𝛥lh. Here, 𝛥l,V is the Zeeman splitting of the light holes in the Voigt geometry,
which depends on the applied magnetic field, and 𝛥lh is the energy splitting between the heavy-
and light-hole subbands due to confinement and strain. For details, see Section 2.3 on the Zeeman
splitting in DMS QWs. The directionality of the emission is expected to be weak in bulk material
because the propagation direction of a conventional electromagnetic wave does not depend on its
polarization. [30, 48]

The routing is increased if the emitter is located close to the surface of the emitting structure,
which breaks the mirror symmetry in the 𝑧-direction. There, the exciton emitter can couple to
photonic modes, which exhibit spin-momentum locking, i.e. their spin is linked to their propagation
direction (Section 3.3). This translates the magnetic-field-induced polarization of the emitter 𝑃c into
a preferred propagation direction along the interface, and stronger emission routing is established.
The largest directional emission was obtained in Ref. [30] by coupling the emitter with surface
plasmon polaritons (SPPs) at a nearby gold/dielectric interface, which are also elliptically polarized
in the 𝑦𝑧-plane, as shown in Figure 5.1(b) and discussed in Section 3.3. Now, the excitons X
couple predominantly to SPPs (shown in red) with the same polarization helicity. SPPs possess a
strong spin-momentum locking, so their spin ±𝑆𝑥 is linked to their propagation direction along
the interface ±𝑘SPP. Furthermore, the spatial localization at the nanoscale and the corresponding
increased electric field of the SPPs enhance the TMRLE further [30]. If the gold layer at the surface is
perforated into a one-dimensional grating, the guided evanescent SPPs can couple out as directional
photon emission into the far-field, which is accessible in the experiments (see Chapter 3 about SPPs
for details). Therefore, to quickly summarize the effect, the propagation and emission direction of
the SPPs is now linked to the direction of the magnetic field via the direction and circularity of
the dipole rotation ±𝑃c in the QW, and strong emission routing transverse to the magnetic field is
established.
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5.2 Near- and Far-Field Contributions

To quantify the TMRLE in experiments, it is convenient to measure the emitted intensity 𝐼 (𝐸, 𝜃)
for the two opposite magnetic field directions ±𝐵 and compare them. The relative change of the
emission intensity induced by the magnetic field can be quantified as

𝜌 =
𝐼 (+𝐵) − 𝐼 (−𝐵)
𝐼 (+𝐵) + 𝐼 (−𝐵)

, (5.2)

which compares the emitted intensities 𝐼 at opposite magnetic field directions and normalizes the
difference with the sum of the intensities. Therefore, positive values of 𝜌 indicate a higher light
intensity emitted for positive than negative magnetic field at a certain angle and photon energy,
and negative values vice versa, with a maximum of |𝜌| = 100 % if the whole emission is routed by
the magnetic field. This equation is similar to Eq. (4.5) describing the TMOKE 𝛿. Since the intensity
change due to the TMRLE is an odd function of the emission angle 𝜃 [30], i.e. 𝜌(𝜃) = −𝜌(−𝜃), the
magnetic-field-induced directionality of the emission 𝐶 can be expressed as the antisymmetric part
of 𝜌 regarding the emission angle

𝐶 = [𝜌(𝜃) − 𝜌(−𝜃)] , (5.3)

which removes all omnidirectional, symmetric changes of the emission intensity from the measured
data.

5.2 Near- and Far-Field Contributions
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Figure 5.2 Main contributions to the TMRLE with a schematic presentation of the contribution
(top) and the corresponding 𝜌(𝐸, 𝜃) data (bottom). (a) Bare QW structure: Interference between
directly emitted and backside-reflected light outside the sample. (b) Hybrid structure with thick
cap layer (250 nm): Interference between different diffraction orders (𝑚 = 0, 1). (c) Hybrid
structure with thin cap layer (32 nm): Near-field effect of QW excitons emitting into SPP modes
at the nearby metal/semiconductor interface. Adapted from [30].
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Chapter 5 Transverse Magnetic Routing of Light Emission (TMRLE)

With the basic concept of the TMRLE covered, this section will summarize the primary contributions
to the TMRLE directionality signal from a real structure, as they were presented in Ref. [30]. A total
of three different samples were used, which are based on two different bare (Cd,Mn)Te/(Cd,Mg)Te
semiconductor QW structures. They are shown schematically in Figure 5.2 and described in detail in
Refs. [30, 52]. Briefly summarized, the two semiconductor structures feature a 10 nm thin magnetic
QW layer of (Cd,Mn)Te sandwiched between two layers of (Cd,Mg)Te as the barrier material. The
buffer layer towards the substrate at the bottom is a few µm thick and not highly relevant. However,
the cap layers towards the top of the respective samples are only 32 nm and 250 nm thin, so that
the QW is located close to the surface. To highlight the importance of subwavelength optical fields
for the TMRLE, both semiconductor samples are partially covered with gold gratings that support
SPPs, forming hybrid plasmonic-semiconductor structures. The periodic gratings with a 250 nm
period allow the detection of the routed optical spin fluxes by coupling them out of the structure as
directional emission into the far-field. This ultimately results in the three prominent cases shown
in Figure 5.2: A bare QW structure without a plasmonic grating and two structures with the same
plasmonic grating but different cap layer thicknesses between the grating and the QW. The thicker
cap layer spatially separates the QW and the SPP interface to disable the near-field interaction
between the SPPs and the QW due to the evanescent nature of the former. The measurements were
performed using the same Fourier imaging setup described in Chapter 7 in reflection geometry
and for p-polarized emission. The samples were cooled to around 10 K using liquid helium, excited
with 2.25 eV continuous-wave laser light, and magnetic fields of 520mT were applied in the Voigt
geometry using an electromagnet. The maximum QW emission from the hybrid structures (i.e.
from below the plasmonic grating) was centered around 1.67 eV [30, 52]. The structures used in
those studies are similar to the sample used in the experimental part of this thesis on the TMRLE,
see Section 6.1. Therefore, the same contributions to the overall signal are expected.

From those three structures, three main contributions to the overall routing of the QW emission
with varying angular and spectral distribution 𝜌(𝐸, 𝜃) were revealed. They are summarized in
Figure 5.2, with a schematic representation of the contribution from each structure in the top row
and the respective signal 𝜌(𝐸, 𝜃) according to Eq. (5.2) below. Figure 5.2(a) shows the bare QW
structure (i.e. without plasmonic grating) with the small cap layer, (b) the hybrid structure with a
gold grating and a large cap layer, and (c) the hybrid structure with a gold grating and a small cap
layer. The colors red and blue represent a negative or positive sign of 𝜌, respectively, and the color
saturation indicates the magnitude of 𝜌. White corresponds to 𝜌 = 0. The contributions need to
be divided into far-field effects like the interference of different light beams from the structure
outside of the sample in (a) and (b), and the near-field effect as the strongest contribution in (c),
where excitons emit directly into evanescent optical modes (SPPs and photonic modes) that exhibit
spin-momentum locking.

(a) Bare QW, Far-Field Figure 5.2(a) shows the first far-field effect measured from the bare QW
structure without a gold grating on top. Here, the emission was barely influenced by the magnetic
field with |𝜌| < 0.1 %, and the routing shows a strong energy dependence, periodically oscillating
around 𝜌 = 0 (white lines). This small contribution originates from the interference of directly
emitted light beams from the QW with those reflected at the backside of the structure (substrate).
The far-field interference pattern changes for opposite magnetic fields because the flipped direction
of dipole rotation ±𝑃c leads to a different phase between the two interfering beams. [30]
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5.2 Near- and Far-Field Contributions

(b) Hybrid Structure, Far-Field Figure 5.2(b) shows the second far-field contribution, which
was measured from the hybrid structure with the thicker 250 nm cap layer between the QW and
the gold grating on top of the structure. Here, despite the presence of the plasmonic grating,
no direct interaction occurs between the QW and the SPPs due to the exponential decay of the
evanescent SPP wave towards the distant QW layer. There is, however, a small routing effect
for small emission angles 𝜃, and a step-like increase of the directional emission at an angle 𝜃c
with the onset of interference fringes for larger angles, and 𝜌 reaches a maximum of around 2 %.
The step-like increase correlates with the appearance of the first-order diffracted beam from the
grating structure for the emitted light, and the weaker interference patterns at larger angles appear
due to the additional emission beam reflected on the sample backside. The weak routing effect
for small emission angles (that is present despite the absence of an SPP contribution) originates
from the near-field coupling to non-resonant, evanescent photon modes that are bound to the
gold/semiconductor interface and emitted via the grating, just like SPPs. [30]

(c) Hybrid Structure, Near-Field The final and strongest contribution to the emission routing is
the near-field effect of directly interacting QW excitons and SPPs, which is shown in Figure 5.2(c).
Here, the 250 nm plasmonic gold grating and the emitting QW are separated by a 30 nm thin cap
layer, which enables the interaction between the SPPs and the QW. This leads to a significant
increase of the routing magnitude with up to 𝜌 = 4%, as the magnetic field induced polarization
degree ±𝑃c of the exciton optical transitions is translated into left- or right-propagating SPP waves
due to their strong spin-momentum locking. Through the grating structure, this ultimately leads
to the directional emission of the SPPs into the far-field. There is no strong spectral and angular
dependence of 𝜌 because the SPP resonance is broad compared to the other contributions ( 50meV)
and covers the whole measured range. The two far-field effects seen in (a) and (b) are also present
in this case, but they are weaker and mostly suppressed: Along the energy axis, a weak oscillation
of 𝜌 occurs with a period of about 30meV corresponding to the bare QW case of interference with
light reflected at the sample backside (a). The inference patterns for high emission angles seen
for the larger cap layer (b) are also present but only visible in cross-sections for specific energies. [30]

In all three cases (a)-(c), 𝜌 is an odd function of the emission angle, i.e. 𝜌(𝐸, 𝜃) = −𝜌(𝐸, −𝜃), and
therefore 𝜌 = 𝐶 holds true (see Eq. (5.3)). The small deviation in the case of the bare QW (a)
originates from an offset in those measurements in combination with the small routing magnitude.
All contributions can be reproduced in simulations using the scattering matrix method, where the
excitons are modeled as uncorrelated point dipoles with a fixed polarization based on the external
magnetic field direction and 𝑃c as parameter to influence the TMRLE magnitude. These results
are shown in Figure 5.3 for comparison with the experimental data in Figure 5.2. The case most
relevant for this thesis is the near-field effect in (c). It shows the largest routing magnitude, and the
structure used for the experiments in this thesis closely resembles the hybrid structure with the
thin cap layer. See Section 6.1 for the sample description and Section 8.3 for a comparison of the
directionality signals from the two samples. For more details about these simulations, see Refs. [30,
48].
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Chapter 5 Transverse Magnetic Routing of Light Emission (TMRLE)
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Figure 5.3 Simulations of 𝜌(𝐸, 𝜃) for the structures shown in Figure 5.2 using the scattering matrix
method. Adapted from [30].

5.3 Temperature Dependence

In the hybrid system of a semiconductor quantumwell (QW) structure and a plasmonic gold grating,
where the former acts as the magnetic-field sensitive light source for the TMRLE and the latter
enhances the TMRLE magnitude through spin-momentum locking of the SPPs, the temperature
dependence of the routing is defined by the temperature dependence of the exciton Zeeman splitting
in the QW. The influence of the grating, on the other hand, is largely temperature independent.
The main parameter for the TMRLE magnitude 𝜌 is the degree of circular polarization 𝑃c of the
exciton optical transitions in the QW, which in turn depends on the Zeeman splitting of the light
holes 𝛥l,V according to Eq. (5.1). For the diluted magnetic semiconductor (DMS) QW structures
discussed thus far, the giant Zeeman splitting, which originates from the sp-d exchange interaction
of the free carriers with the magnetic Mn2+ ions, is highly temperature dependent. It is ultimately
described by the alignment of the Mn spins ⟨𝑆Mn

𝑧 ⟩ along the magnetic field via a modified Brillouin
function, see Chapter 2 and Eqs. (2.1) and (2.2). Experimental data on the TMRLE temperature
dependence for the DMS QW structure will be shown later in Chapter 9. For non-magnetic QWs,
the Zeeman splitting depends on the intrinsic 𝑔-factor of the holes, instead. It is generally weaker
but largely temperature independent, see Eq. (2.7). This will be discussed in detail in Section 9.5
based on the example of an (In,Ga)As/(In,Al)As QW structure.

5.4 Grating Parameter Dependence

The magnitude and the spectral and angular dependence of the TMRLE 𝜌(𝐸, 𝜃) also depend on
the geometric parameters of the plasmonic gold grating, i.e., the grating period and width of the
slits. Ultimately, the overlap of the three interacting systems is important, as shown in Figure 3.2:
First, the excitons as light source at a constant energy 𝐸X. Second, the SPPs with their more
complex dispersion relation (3.3) in red, which additionally is folded back into the first Brillouin
zone due to the periodic grating structure according to Eq. (3.5). These two together lead to the
magnetic-field-induced spin fluxes along the interface of the gold grating. The third system is the
directional photon emission into the far-field, which we can measure in the experiment. It depends
on the overlap of the folded SPP dispersion with the light line in air, shown in blue. The SPP
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5.4 Grating Parameter Dependence

dispersion (3.5) is most directly influenced by the grating period, which shifts the folded dispersion
in the dispersion diagram and, thus, the SPP resonance to different energies and angles. The
influence of the slit width is less direct. It shifts the folded dispersion by increasing or decreasing
the gap between the upper and lower dispersion lines at the Brillouin zone borders, similar to the
phonon dispersion (not shown). Ultimately, the overlap between the three systems changes, and so
does the TMRLE spectrum 𝜌(𝐸, 𝜃). This will be discussed in Chapter 10.

0 :/a
Re(ky) (1/µm)

0

0.5

1

1.5

2

E
ne

rg
y 

(e
V

)

SPP

kair

EX

Figure 5.4 Schematic dispersion
relations of the systems involved
in the TMRLE in the reduced SPP
zone scheme: Excitons 𝐸𝑋 as light
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Chapter 6

Samples

The following chapter will focus on the samples used in the experimental parts of this thesis
and explain their composition. A large part of this thesis focuses on investigating the transverse
magnetic routing of light emission (TMRLE) from hybrid plasmonic-semiconductor structures
comprising a (Cd,Mn)Te/(Cd,Mg)Te-based quantumwell structure and plasmonic gold nanogratings.
Those structures are described in Section 6.1. The other main subject are several hybrid plasmonic-
waveguide structures comprising thin synthesized magnetite films (Fe3O4) and various plasmonic
gold nanogratings that are either placed on top of the magnetite film or embedded into it. This is
described in Section 6.2.

6.1 (Cd,Mn)Te/(Cd,Mg)Te

The first system investigated in the thesis is a hybrid plasmonic-semiconductor nanostructure,
which combines a diluted magnetic semiconductor (Cd,Mn)Te/(Cd,Mg)Te quantum well and a
one-dimensional plasmonic gold grating. The two systems are in close proximity of each other to
enable their near-field interaction. Such hybrid structures are a model system for the TMRLE. A
similar sample was used to demonstrate the TMRLE in Refs. [30, 52], and for the demonstration of
the optical orientation of electron spins via plasmon-to-exciton spin conversion in Ref. [43]. The
excitons in the diluted magnetic semiconductor (DMS) quantum well (QW) are the light source
whose emission gets routed in the TMRLE by an external magnetic field. The DMS QW is a
particularly good system for the TMRLE due to its giant Zeeman splitting and the subsequent large
influence of a magnetic field on the exciton light source and its polarization, see Chapters 2 and 5.
The additional plasmonic grating in close proximity greatly enhances the TMRLE due to the strong
spin-momentum locking of the SPPs, see Section 3.3, and enables their directional emission into
the far-field (Section 3.2). Here, we focus on a deeper understanding of the TMRLE and how it can
be used to probe the dielectric environment close to the interface. This thesis presents data on
TMRLE from two similar samples: Themain sample was used for all major measurements and
will be described in detail now. A second, alternative hybrid structure with a slightly different
composition of the semiconductor part was used to verify some results and for comparison. It is
the older QW structure that was used in Refs. [30, 52], but with a different set of gold gratings on
top. The differences to the main sample will be discussed at the end of this section.
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6.1 (Cd,Mn)Te/(Cd,Mg)Te
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Figure 6.1 Left: Schematic presentation of the main hybrid plasmonic-semiconductor QW struc-
ture used in the experiments on the TMRLE, comprising a (Cd,Mn)Te/(Cd,Mg)Te QW and a plas-
monic gold grating in close proximity. The QW structure comprises a 10 nm DMS Cd0.96Mn0.04Te
layer sandwiched between a 30 nm cap and a 4.6 µm buffer layer of Cd0.75Mg0.25Te. Right: The
semiconductor part without the plasmonic grating (called bare QW) is used to verify the plasmonic
influence on the TMRLE.

6.1.1 Main sample

A schematic presentation of the main sample is shown in Figure 6.1, highlighting the different
semiconductor layers and their composition, as well as the plasmonic gold grating (Au), which
combined comprise the hybrid structure (left). The semiconductor part (called 022818A) of
the hybrid structure is a (Cd,Mn)Te/(Cd,Mg)Te quantum well structure that was grown on a semi-
insulating (100) GaAs substrate using molecular beam epitaxy (MBE). MBE is an epitaxial process
used to grow thin films of different materials with atomic layer precision, like the compound
semiconductors used here. In an ultra-high vacuum, localized beams of the constituents impinge
on a heated crystal or substrate at a moderate rate in the order of 1ML/s, forming a crystalline
layer. The elevated temperature allows for lateral movement of the atoms reaching the surface.
The slow growth rate, combined with shutters in the beam paths, makes it possible to change the
composition of single layers, e.g. the doping of semiconductor layers, which enables the production
of quantum wells, superlattices, and other nanostructures. [81]

The quantum well (QW) consists of a 10 nm thin layer of the diluted magnetic semiconductor
(DMS) Cd0.96Mn0.04Te that is sandwiched between two layers of non-magnetic Cd0.75Mg0.25Te (i.e.
without magnetic ions), which serves as potential barriers for the electrons and holes in the QW. As
shown in Figure 6.1, this is a 4.6 µm thick buffer layer towards the GaAs substrate and a thin 30 nm
cap layer on top of the QW that acts as a spacer between the QW and the surface. The resulting
QW structure has a type-I band alignment (straddling gap), which confines the electrons and holes
within the magnetic (Cd,Mn)Te layer. The DMS (Cd,Mn)Te shows giant Zeeman splitting of the
hole spin levels due to the strong p-d exchange interaction between valence band holes and the
magnetic Mn2+ ions, which makes it a good model system to study the TMRLE, see Chapter 5.
(Cd,Mg)Te as the non-magnetic barrier material is similar to (Cd,Mn)Te with a wider bandgap and
an adjustable lattice constant to minimize strain in the QW. At temperatures of 5−10K, the QW has
its emission maximum at 1.687 eV and the barriers at 2.075 eV. Additional weak emission around
1.495 eV can be attributed to the GaAs substrate. The QW Mn content of 4 % was determined from
magneto-PL measurements based on the Zeeman splitting of the QW emission for various magnetic
fields, as shown in Section 8.2. The Mg content of the non-magnetic barriers of about 25 % is instead
estimated from the photoluminescence maximum and the bandgap data in Ref. [82].
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Figure 6.2 SEM image of the whole 50×50 µm2 grating
with 250 nm period, 55 nm slit width, and a close-up
of the grating center (inset). Adapted from [48].

To create the hybrid structure, one-dimen-
sional gold nanogratings that support surface
plasmon polaritons (SPPs) were patterned on
top of the cap layer of the semiconductor using
electron beam lithography and subsequent lift-
off processing: First, a 250 nm thick layer of the
positive polymer resists PMMA1 is applied on
top of the spacer, into which the grating pattern
is written by a tightly focused electron beam
(exposure) by Raith [83]. A solvent (MIBK:IPA2)
removes the exposed regions afterward (devel-
opment). This leaves the non-exposed regions
of the resist intact as an inverse mask of the
grating. Next, gold is deposited onto the sam-
ple by thermal evaporation. It attaches either
directly to the semiconductor surface in the ex-
posed regions or on top of the remaining resist.
Then, the remaining resist with gold on top is
removed, leaving only the gold on the surface

behind. No metal was used in this step to support the adhesion of the gold layer to the surface, but
the sample was subjected to a short plasma treatment to descum the surface right before the gold
deposition. The gratings support SPPs, which enhance the TMRLE magnitude due to their strong
spin-momentum locking, and the periodicity of the grating enables their directional emission into
the far-field to detect the spin fluxes along the interface.

Each gold grating has an area of 50 × 50 µm2 and a thickness of 45 nm. The grating period and
the width of the slits vary between gratings because they directly influence the SPP dispersion
and, thus, the emission characteristics into the far-field (Section 3.2). The periods range from
200 nm to 400 nm in 10 nm steps and from 400 nm to 800 nm in 20 nm steps. Every grating period is
patterned five times, each with a different slit width between about 40 nm and 60 nm, for a total of
205 different gratings. The gratings are arranged in a grid-like structure with the period increasing
from left to right and the slit width from top to bottom. Most used for this thesis is the 250 nm
grating period and its neighbors because they showed the largest enhancement of the TMRLE. In
practice, the grating periods are created with high accuracy because a laser interferometer is used
for positioning during the electron beam lithography process. The real slit width also depends on
the subsequent lift-off processing and needs to be determined from scanning electron microscopy
(SEM) measurements. For example, Figure 6.2 shows an SEM image of the whole 50×50 µm2 grating
with a 250 nm period and an intended slit width of 50 nm, and a close-up from the grating center.
For this specific grating, the mean slit width was measured to be 55 nm with a standard deviation
of 2.5 nm, while the mean period corresponds to 249.8 nm with a 1.3 nm standard deviation. Only
14 periods were averaged for this, and a larger accuracy is usually achieved by including more
periods. The slit widths were measured for all five gratings with a 250 nm period. The results are
presented in Table 6.1. Gratings with different periods are expected to have similar deviations of
the slit width from the expected values.

1Polymethylmethacrylate
2Methylisobutylketone:Isopropanol
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Table 6.1 Expected slit widths, measured mean values and standard deviation (Std.) for the
gratings with 250 nm period with a sample size of 14 slits each.

Expected (nm) Mean (nm) Std. (nm)

40 42.8 3.6
45 47.5 2.5
50 54.9 2.5
55 60.4 3.6
60 67.9 2.4

The SEM image in Figure 6.2 shows the high quality of the patterned structure with no missing
gold stripes or defects (except right at the edges) without using an adhesion layer at the gold-
semiconductor interface. The black horizontal lines in the main figure are organic residue trapped
in the slits due to an imperfect lift-off procedure, not defects of the grating itself. Large areas
around each gold grating are left uncovered, which allows us to compare signals from the hybrid
structure to those without gratings, i.e. just the semiconductor part. In contrast to the hybrid
structure, these bare parts are called bare QW in the following sections.

6.1.2 Alternative sample

The older, alternative sample is similar to the main sample of this thesis and was used in the studies
on the TMRLE in Refs. [30, 52]. A different set of gratings was used in this thesis for comparative
measurements. It also comprises a 10 nm (Cd,Mn)Te QWwith (Cd,Mg)Te barriers and gold gratings
with similar parameters to create the hybrid structure. The cap layer is slightly thicker at 32 nm
instead of 30 nm, and the buffer layer toward the GaAs substrate measures 3 µm instead of 4.6 µm.
The Mn content for the alternative sample was estimated to be 2.6 % in Refs. [30, 52]. However,
because the effective spin 𝑆eff was assumed to be 5/2, this is the effective Mn content of the Mn2+

ions that have not formed antiferromagnetic pairs (i.e. that contribute to the magnetization, see
Chapter 2). Following Ref. [84], the actual Mn content 𝑥Mn of the sample can be approximated to
around 3.5 %, which is still lower than the approximately 4 % determined similarly for the main
sample (see Section 8.2). The PL emission energy of 1.67 eV at 4 K is also lower compared to 1.68 eV
from the main sample. This supports the lower Mn content because the bandgap energy increases
with 𝑥 [85]. Most importantly, though, the alternative sample features a 2D electron gas close to the
QW in both the cap and buffer layer, which provides additional free carriers. This likely increases
the cooling of the Mn spin system but also seems to negatively impact the magnitude of at least
the TMOKE and possibly the TMRLE (see Section 8.3). The main parameters of both samples are
summarized in Table 6.2.
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Table 6.2 Sample comparison: Thickness of layers (nm/µm), Mn content of
the QW 𝑥Mn, PL emission maximum from bare QW (eV), and doping with
2D electron gas (yes/no).

Sample: Main
(022818A)

Alternative
(110614A)

Cap 30 nm 32 nm
QW 10 nm 10 nm
Buffer 4.6 µm 3.0 µm
𝑥Mn 4.0 % 3.5 %
QW PL 1.68 eV 1.67 eV
2D gas 7 3

6.2 Magnetite Fe3O4

The second hybrid plasmonic system investigated combines a thin film of the magnetic mineral
magnetite (Fe3O4) with one-dimensional plasmonic gold nanogratings that are either placed on
top of the magnetite film (i.e. exposed to air) or embedded into the film, as shown schematically
in Figure 6.3. This type of system with a periodically structured metal film that interfaces with
dielectric materials is called a plasmonic crystal, based on the similar concept of photonic crystals.
The local enhancement of the electric field in a plasmonic crystal can, for example, be used to trigger
non-linear effects at low excitation powers or improve the efficiency of photonic components like
LEDs, photodetectors, and solar cells. The sensitivity of the plasmonic modes to their environment
can also be used for precise sensing of changes in the refractive index, for example, to detect
molecules on the surface or close to it [86]. Our structure, in particular, is called a magneto-
plasmonic crystal due to the presence of magnetite as the dielectric [15]. Magneto-plasmonic
crystals are well known for enhancing magneto-optical effects compared to the plain magnetic
materials, especially the otherwise very small TMOKE investigated here, see Section 4.4. Magnetite
is a ferrimagnet and the most magnetic naturally occurring mineral on earth [87], making it a
promising candidate for the magnetic constituent in a magneto-plasmonic crystal. Due to its
finite transparency, magnetite is a promising material for SPP-enhanced TMOKE measurements
in transmission geometry, in addition to the more common reflection geometry. The added gold
gratings on one side of the structure provide the necessary lack of mirror symmetry for the TMOKE
in transmission [4, 63].

A schematic presentation of the different sample architectures is shown in Figure 6.3. Both
structures are based on a quartz (SiO2) substrate with a 100 nm thin magnetic film on top that
contains Fe3O4/𝛼-Fe nanoparticle complexes. One-dimensional gold nanogratings of 200 × 200 µm2

area were patterned either on top of the magnetite film or are located in the film. They support
the excitation of surface plasmon polaritons (SPPs) at the interfaces of the gold as well as guided
modes in the magnetite film excited by incoming light. The gratings cover only a small area of the
sample, so the majority is just the bare magnetite film on top of the substrate. These areas can be
used for comparative measurements to highlight the influence of the grating on the transmitted or
reflected light.
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Figure 6.3 Schematic presentation of the twomagnetite samples, both comprising a thin magnetite
film and one-dimensional gold gratings either exposed on top of the magnetite film or embedded
into the film. The magnetite films on top of the silica substrate are 𝑑 = 100 nm thick. The
ℎ = 40 nm high gold gratings have a period of 𝑎 = 580 nm and the gold stripes are 𝑤 = 400 nm
wide.

The planar magnetite films were grown onto the SiO2 substrate using the laser electrodispersion
technique with subsequent annealing, explained in detail for similar magnetite films in Ref. [88]
and in Ref. [4] for the samples used here: A pulsed laser melts the surface of a single crystal
Fe3O4 target in a vacuum, creating liquid micrometer- and sub-micrometer-sized droplets that
get charged in the laser torch plasma. In a process called cascade fission, the droplets break
apart into smaller droplets whenever the Coulomb repulsion force due to the increasing electrical
charge exceeds the surface tension force, ending in nanometer-sized droplets. The superheated
droplets lose oxygen, though, creating nanometer-sized FeO droplets that cool rapidly and solidify,
leading to FeO (wüstite) nanocrystals on the substrate along with additional amorphous parts.
The metastable FeO is converted into Fe3O4 + 𝛼-Fe nanoparticles by annealing the sample at
300 °C in a vacuum for 1 h. The individual nanoparticles have the crystal structure of magnetite
and an average size of about 6 − 10 nm according to X-ray diffraction and electron microscopy
measurements and seem to form larger clusters of about 45 nm [88]. As determined from optical
measurements in Ref. [4], the dielectric permittivity and gyration 𝑔𝑧 of the magnetic films are close
to literature data for monocrystalline and epitaxial films, even though they are non-uniform and
comprise not pure Fe3O4 but additional 𝛼-Fe parts. The complex permittivity is shown below in
Figure 6.5 and the gyration 𝑔𝑧 is shown later in Figure 11.3. Compared to usual polycrystalline Fe3O4
films, synthesized nanostructured films like these showed a larger coercive force and saturation
magnetization of up to 660Oe and 520 emu/cm3, respectively, which may result from the formation
of the larger clusters with a considerable magnetic anisotropy and random orientation of the easy
axis of magnetization. [4, 88]

The one-dimensional gold nanogratings of 200 × 200 µm2 area were patterned using electron beam
lithography and subsequent lift-off processing, which is described in detail for the (Cd,Mn)Te/
(Cd,Mg)Te structures in Section 6.1. This was done either before or after the magnetite film was
grown, depending on the position of the gold grating. After the exposure and development, 40 nm
of gold was deposited on top of a 5 nm titanium adhesive layer (not shown) via thermal evap-
oration, followed by the final lift-off process. The gratings on both samples are similar, with a
grating period of 580 nm and a stripe width of 400 nm. The resulting gratings can be seen in Fig-
ure 6.4, which shows SEM images of both grating configurations side by side. The proportions of the
gold grating embedded in magnetite (right) are distorted because of electron scattering in magnetite.
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Figure 6.4 SEM images of the two gold grating configurations with 580 nm period, either on
top of the magnetite film (left) or embedded into the film (right). The proportions of the grating
embedded in magnetite is distorted due to electron scattering in the film.

The complex dielectric permittivity of the bare magnetite film, i.e. without a gold grating, was
deduced from standard ellipsometry measurements that were done for Ref. [4]. The results are
shown in Figure 6.5 as blue and orange dots for the real and imaginary parts Re( ) and Im( ),
respectively. The real part reaches its maximum at 1.5 eV, while the imaginary part has a more
complex spectral dependence with a minimum at 1.35 eV and a maximum at 2 eV, but without sharp
features. The relatively large imaginary part measured in the visible range shows that magnetite
has rather large internal optical losses for those energies. The experimental values are close to
literature data for monocrystalline and epitaxial films, even though the magnetite films used here
are non-uniform and comprise Fe3O4/𝛼-Fe nanoparticle complexes [89, 90].
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Figure 6.5 Real and imaginary parts of the dielectric permittivity of the magnetite film containing
Fe3O4/𝛼-Fe nanoparticle complexes, measured using the standard ellipsometry technique.
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Chapter 7

Experimental Setup

Most measurements presented in this thesis were performed on a Fourier imaging spectroscopy
setup. It gives direct access to the angular distribution of light intensity collected from a sample,
i.e. the emission or reflection angle, and its wavelength or energy. This setup was also used by Felix
Spitzer for Ref. [52]. The following Section 7.1 introduces the Fourier plane and the concept of
Fourier imaging as a measurement technique. Then, Section 7.2 focuses on the practical realization
of the concept for measurements in reflection and transmission geometry.

7.1 Fourier Plane Imaging

Whereas a normal imaging setup creates an image of the sample with information like the light
intensity obtained in spatial coordinates, a Fourier imaging setup forms an image of the Fourier
plane that is created by a microscope objective (MO). The Fourier plane is located at a distance of
twice the focal length of the microscope objective 𝑓MO from the sample. It contains the projections
𝑘𝑥 and 𝑘𝑦 of the light momentum |�⃗�| as proportional spatial offsets from the optical axis, with 𝑥 and
𝑦 spanning the plane of the sample surface and 𝑘𝑥 = 𝑘𝑦 = 0 on the optical axis. This is presented

schematically in Figure 7.1, where 𝑘𝑖 is replaced by the angle of the light 𝜃𝑖 ≈ sin 𝜃𝑖 = 𝑘𝑖/|�⃗�| for
𝑖 = 𝑥, 𝑦. Two light rays that are emitted in the same direction 𝜃𝑖 (i.e. with the same 𝑘𝑖) but from
different positions are mapped into the same point in the Fourier plane (shown by two lines in
either red or green). Their offset from the optical axis 𝑓MO𝜃𝑖 depends solely on the initial emission
direction 𝜃𝑖 and the focal length of the objective [91]. A pixelated detector positioned in the Fourier
plane, e.g. a charge-coupled device (CCD) image sensor, could then be used to measure this angular
resolved light intensity 𝐼 (𝜑, 𝜃) in both the 𝑥- and 𝑦-direction, with 𝜃 for the 𝑦-direction and 𝜑 in the
𝑥-direction (not shown).

A real microscope objective is not a thin lens and the Fourier plane is usually located close to the
objective, so that relay optics are needed to project an image of the Fourier plane onto the detector.
For that purpose, two collecting lenses are used as a telescope, which can also be used to scale the
image to match the size of the detector. To create an image of the Fourier plane, the first lens is
placed at the distance of its focal length 𝑓1 from the Fourier plane and the second lens is 𝑓2 away
from the detector. In our case, this is the entrance slit of an imaging spectrometer equipped with a
CCD image sensor (see Figure 7.1). The two lenses are separated by the sum of their focal lengths
𝑓1 + 𝑓2 in the optimal case, though a small deviation from this distance does not significantly affect
the image quality.
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Figure 7.1 Schematic depiction of the Fourier imaging setup with the main optics and their
influence on the path of the light. Light rays emitted (or reflected) from the sample at the same
angle 𝜃𝑖, but from different points, are mapped into the same spacial position in the Fourier
plane. A telescope comprising two lenses with focal lengths 𝑓𝑖 projects the Fourier plane onto the
detector, in our case an imaging spectrometer. Adapted from [52].

The Fourier imaging setup can be described in a simple, one-dimensional model using ray transfer
matrix analysis to highlight these features: A light ray that leaves the sample from position 𝑦0 and
(small) angle 𝜃0 relative to the optical axis reaches the Fourier plane behind the MO with a new
offset from the optical axis and angle

𝑦FP = 𝑓MO𝜃0 and

𝜃FP = −𝑦0/𝑓MO,
(7.1)

so that the new spatial position 𝑦FP depends solely on the initial angle 𝜃0. Adding the two lenses of
the telescope with an arbitrary distance 𝑑 between them, but placed 𝑓1 from the Fourier plane and
𝑓2 from the detector, results in

𝑦end = −
𝑓MO𝑓2
𝑓1

𝜃0 and

𝜃end =
𝑓1

𝑓MO𝑓2
𝑦0 −

𝑓MO
𝑓1𝑓2

(𝑓1 + 𝑓2 − 𝑑)𝜃0
(7.2)

at the detector. Here, 𝑦end is defined solely by the initial angle 𝜃0 and the three focal lengths 𝑓𝑖, but
crucially not by the initial offset 𝑦0 or the distance 𝑑 between the two lenses. This is only true if the
first lens is positioned correctly at a distance 𝑓1 from the Fourier plane. The angles of the light rays
𝜃end reaching the detectors show a more complex form and depend on both the initial spatial offset
𝑦0 and angle 𝜃0, but the latter dependence vanishes for 𝑑 = 𝑓1 + 𝑓2 between the lenses. The focal
length ratio 𝑓2/𝑓1 of the telescope is used to resize the Fourier plane image to fit onto the detector,
which is important because the edges of the light spot are used to define the angular axis.

In practice, the Fourier imaging spectroscopy setup is more complicated than shown in Figure 7.1.
For example, the excitation of the sample via laser or whitelight has been omitted thus far, as well as
additional optics in the detection and excitation like filters and polarization optics that manipulate
the light but are not strictly needed for the Fourier imaging. Additionally, a cryostat is used to
cool the sample, and an electromagnet is used to apply an external magnetic field at the sample
position.
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7.2 Fourier Imaging Spectroscopy Setup

The Fourier imaging spectroscopy setup used for this thesis is a realization of the concepts explained
above for the detection of the spectrally and angular-resolved light intensity 𝐼 (𝐸, 𝜃) emanating
from a sample. The whole setup is shown in a schematic presentation in Figure 7.2 and can be
split into three parts: First, the excitation part on the left with the light sources and optics used to
illuminate the sample in the cryostat, and then the two parts of the detection, one for the reflection
geometry with lenses 𝑓1 and 𝑓2 and the other for the transmission geometry behind the sample
with lenses 𝑓3 and 𝑓4. Both geometries use the same spectrometer and CCD for the final detection
of the light intensity.
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Figure 7.2 Schematic presentation of the Fourier imaging spectroscopy setup. Excitation: The
light from a thermal whitelight source or a CW laser is focussed onto the sample in a flow cryostat
by a 20× microscope objective (MO). Magnetic fields are applied in transversal direction via
an electromagnet. Detection: The light from the sample is collected by the same MO in the
reflection geometry or by an identical MO on the backside of the sample (transmission geometry)
and mapped onto the imaging spectrometer by a different telescope comprising two lenses in
each geometry.

7.2.1 Excitation

The excitation part of the setup is shown on the left side of Figure 7.2. Depending on the type
of measurement, either a laser or a thermal white light source (WL) was used to illuminate the
sample. The white light source was a tungsten halogen white light lamp (Spectral Products
ASB-W-030) with a broad and flat emission spectrum between 300 nm and 2600 nm and a peak
wavelength of 950 nm. It can be used for reflection and transmission measurements over a broad
spectral range. From its metal housing, the light was coupled into an optical fiber. For the
measurements on the magnetite-based samples and some (Cd,Mn)Te/(Cd,Mg)Te reflection and
transmissionmeasurements, the light was emitted towards the sample from the other end of the fiber
using a fiber coupler (focal length 36mm). For later measurements on the (Cd,Mn)Te/(Cd,Mg)Te
samples with smaller gold gratings, the light was instead emitted divergently from the fiber and
then collimated by a 400mm achromatic lens. Using a lens with a large focal length allows for
much better collimation and, consequently, better focusing into smaller spots on the sample.
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The laser, on the other hand, was used to excite the sample non-resonantly with photon energies
above the bandgap energy, which leads to the emission of photoluminescence light at lower energies.
For the experiments in this thesis, an optically pumped semiconductor laser (Coherent OBIS LS
552 nm 60mW) in continuous wave (CW) mode was used, which emits light at 2.25 eV. A noise
eater (NE) was used to stabilize the laser power during long measurements and to lower the laser
power easily, and a 600 nm shortpass filter (SP) was used to block unwanted laser emission at
longer wavelengths.

The light of either source (chosen via a movable mirror) reaches a 50:50 non-polarizing beamsplitter
cube (BSC) that is needed to separate the incoming light and the signal from the sample in the
reflection geometry. The cube transmits about 50 % of the incoming light intensity and reflects the
other half orthogonally to one side, independent of the light polarization. The transmitted light
passes a polarizer (Glan-Taylor prism) and an achromatic half-wave plate (𝝀/𝟐), which are used to
linearly polarize the incoming light and rotate the polarization plane without moving the beam
position. For most measurements in this thesis, the p-polarization was the default setting since the
investigated SPP-enhanced magneto-optical effects are absent for s-polarized light. Measurements
in s-polarization can therefore be used to verify the expected effects in p-polarization.

The subsequent infinity-corrected microscope objective (MO, Mitutoyo M Plan Apo NIR 20x)
focuses the collimated light onto the sample in its focal plane. It has a focal length of 𝑓MO = 10mm,
a 20× magnification factor, a numerical aperture of NA = 0.4, and is optimized for wavelengths
between 480 nm and 1800 nm. The maximum angle at which the objective focuses the light onto the
sample and is similarly able to collect the emitted or reflected light is 𝜃max = ± arcsin(NA) ≈ ±23.5°.
The laser spot had a diameter of about 7 µm on the sample, with a corresponding power density of
approximately 400W/cm2 if not stated otherwise. The whitelight spot was about 100 − 200 µm in
diameter if emitted from the fiber via the fiber coupler or 20 µm after switching to the 𝑓 = 400mm
lens for collimation instead.

Cryostat and Magnet The sample was mounted in a liquid helium flow cryostat (Oxford
Instruments MicrostatHe-R) with windows to cool it down to about 4 K to 10 K and allow optical
measurements. It is not submerged in liquid helium but cooled indirectly through a constant flow
of liquid helium from a storage vessel that evaporates on the other side of a heat exchanger. The
sample is glued to a copper sample holder using silver conductive paint, and the sample holder is
connected to the heat exchanger. A cryogenic temperature sensor (RhFe Resistor) close to the heat
exchanger enables the monitoring of the temperature and cooling process. The sample is slightly
warmer due to (local) heating from the excitation and the distance to the sensor. The temperature
can be controlled by limiting the helium flow rate using a valve on the transfer tube, but this is a
delicate process and not stable in the long term. Therefore, the cryostat is also equipped with an
electrically powered resistive heating element close to the heat exchanger that can keep a constant
temperature up to about 50 K. The heater is controlled via an external PID (proportional integral
derivative) feedback controller. The sample was also mounted in the cryostat for measurements at
room temperature (e.g. the magnetite samples) but not cooled down.

The cryostat is attached to a three-axis translation stage with micrometer precision, which is used to
position the relevant portion of the sample surface into the narrow focus of the first MO. Magnetic
fields of up to 500mT at the sample position and perpendicular to the optical axis (Voigt geometry)
are provided by a water-cooled resistive electromagnet featuring ferrite cores to maximize the
magnetic field at the sample position. A remote-controlled bidirectional power supply (Kepco
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BOP20-50MG) provides up to 40A of constant electrical current through the magnet coils, limited
by the 20V voltage limit of the power supply and the available cooling.

7.2.2 Detection

The setup provides two detection geometries: the reflection and the transmission geometry. Both
are implementations of the Fourier imaging technique described above and are thus similar in their
composition. In both cases, the light is collected from the sample by a microscope objective, which
defines the angular range accessible in the experiments. For the 20× MO with NA = 0.4, this is
𝜃 = ±23.5°.

Reflection geometry In the reflection geometry, the signal emanating from the sample (reflected
whitelight or emitted photoluminescence) is collected by the same microscope objective used for
the excitation in backscattering geometry. By passing the same combination of half-wave plate
(𝝀/𝟐) and polarizer (Glan) again, only the set linear polarization of the signal is transmitted and
subsequently deflected to the side in the beamsplitter cube (BSC), separating it from the incoming
excitation signal. For photoluminescence measurements, an additional longpass filter (LP, cut-on
wavelength 600 nm) is used to suppress laser stray light from reaching the sensor. Here, before
the first lens, a camera with a focussing lens can be used to align the sample into the focus of
the MO (not shown). Next is a telescope comprising two achromatic lenses with focal lengths of
𝑓1 = 400mm and 𝑓2 = 300mm. It maps the Fourier plane onto the entrance slit of the spectrometer
and resizes the spot to fit onto the CCD sensor. The correct position of the second lens (𝑓2) can be
determined by removing the first lens and creating a sharp real-space image of the sample surface
on the CCD while bypassing the spectrometer grid. For the first lens (𝑓1), the correct position was
determined by measuring the distance towards the Fourier plane.

Transmission geometry A second Fourier imaging setup comprising another microscope ob-
jective (MO) and two lenses (𝑓3, 𝑓4) is located on the backside of the sample to measure the light
transmitted through the sample or light emitted from its backside. The MO is the same as in the
excitation to cover the same angular range on both sides of the sample. Unlike the first objective, it
is not strictly fixed in place but movable along the optical axis so that its narrow focal plane can be
matched to the first MO for different samples. This can be checked using a second camera before
the first lens 𝑓3 (not shown). For transmission measurements, the sample is glued across a small
hole in the sample holder. The two achromatic lenses have smaller focal lengths of 𝑓3 = 200mm
and 𝑓4 = 150mm due to the smaller distance between the objective and the spectrometer, but their
magnification factor 𝑓4/𝑓3 is the same as in the reflection geometry. An optional longpass filter
blocks the remaining laser light, and a linear film polarizer (Pol.) defines the linear polarization
reaching the sensor. It can also be used to further block remaining laser light by crossing it with
respect to the filter in the excitation.

Spectrometer The detector used for both geometries is a single-stage 0.5m imaging spectrometer
(Princeton Instruments Acton SP2500i) equipped with a charge-coupled device (CCD) image
sensor (Princeton Instruments PIXIS: 256E). The optical grating used in all measurements has
300 grooves/mm, leading to a linear dispersion of 6.43 nm/mm. The CCD sensor has 1024 × 256
pixels, each (26 × 26) µm2 in size, resulting in a full sensor size of about (26 × 6.7)mm2. The spectral
resolution is about 1 nm with the entrance slit of the spectrometer opened 150 µm wide, and the
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CCD covers a spectral range of around 170 nm in one image. The CCD was cooled down to −70 °C
via a Peltier cooler to reduce the dark current (noise) of each pixel. A low noise level is important
since every pixel is read out individually to measure the spectral and angular dependence of the
signal simultaneously.

y,θ

x,ϕ

-23.5°

23.5°

0°

Figure 7.3 The light spot (red) con-
tains the angle information for 𝜃 and
𝜑 as offset from the spot center. The
spectrometer entrance slit (black over-
lay) blocks 𝜑 ≠ 0° but leaves 𝜃 intact.

Figure 7.3 shows a schematic presentation of the light spot
(red circle) at the spectrometer entrance slit (black overlay).
The light spot contains the information about the light angle
in both the horizontal and vertical direction (𝜑 and 𝜃) as spatial
offset from the center (𝜃 = 𝜑 = 0°). The vertical entrance slit
blocks most of the horizontal portion of the light spot, leaving
only a vertical slice to enter the spectrometer. This limits the
light entering the spectrometer to around 𝜑 = (0.0±0.8)° in the
horizontal direction and 𝜃 between ±23.5° in the vertical direc-
tion, which are defined by the angular range of the MO. Then,
the imaging spectrometer separates the light into its spectral
components in the horizontal plane but leaves the angular in-
formation in the vertical direction 𝜃 intact. The spectrally- and
angle-resolved light intensity signal 𝐼 (𝐸, 𝜃) is then detected by
the CCD sensor, and each pixel is read out individually. As
mentioned in Section 7.1, the angular axis is defined using
the edges of the light spot because they correspond to the
maximum positive and negative angle 𝜃max = ± arcsin(NA)
that the MO collects from the sample. The spot size on the

CCD can be adjusted by the telescope magnification factor 𝑓2/𝑓1 (see Eq. (7.2)) to fit into the CCD
detector height of 6.7mm. The angular resolution of the setup is about 0.5°.

7.2.3 Measuring the TMOKE and TMRLE

Both the TMRLE 𝜌 in Eq. (5.2) and the TMOKE 𝛿 in Eq. (4.5) are defined by the changes of the
emitted or reflected/transmitted light intensities 𝐼 induced by an external magnetic field in opposite
directions ±𝐵. Both effects depend on the photon energy 𝐸 and the angle of the light 𝜃 at which
it departs the sample. Therefore, the Fourier imaging spectroscopy setup is a good tool to detect
these magneto-optical intensity effects by measuring the angle- and spectrally-resolved intensity
spectra 𝐼 (𝐸, 𝜃) for the two opposite magnetic field directions ±𝐵, to deduce 𝜌 or 𝛿 from the data.
The signal-to-noise ratio of the deduced spectra is increased by illuminating each CCD pixel for a
longer time. By repetitive switching of the magnetic field direction and subsequent averaging of
the intensities, the influence of long-term instabilities or changes of the light source power can be
lessened compared to the case of only one long illumination for each magnet field direction back
to back. For a typical measurement, the magnetic field direction was switched back and forth at
least 25 times, and each time around 16 spectra were taken with three seconds exposure time each.
Combined with idle times after each change of the magnetic field direction for stability reasons
and the initial CCD background measurement, each measurement takes at least one hour.
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Chapter 8

Transverse Magnetic Routing of Light
Emission

The first experimental part of this thesis focuses on the investigation of the transverse magnetic
routing of light emission (TMRLE) from hybrid plasmonic-semiconductor structures comprising a
diluted magnetic semiconductor (Cd,Mn)Te/(Cd,Mg)Te quantum well and plasmonic gold nanograt-
ings. First, Section 8.1 presents reflection and emission spectra to characterize the main sample
of this thesis and identify the optical resonances. Then, Section 8.2 quantifies the giant Zeeman
splitting of the excitons in the quantum well (QW), which is an important quantity for the TMRLE.
Next, Section 8.3 serves as an introduction to the typical TMRLE measurement from the hybrid
structure, before Section 8.4 compares the main sample with the old alternative sample used in
Refs. [30, 52]. Lastly, Section 8.5 compares the experimental TMRLE data with simulation results
from the theoretical model. The following Chapters 9 and 10 will then focus on the temperature
dependence of the TMRLE and the influence of the geometric grating parameters, like the grating
period, on the directionality spectra.

8.1 Emission and Reflection Spectra

The samples used in the experiments are described in detail in Section 6.1. Briefly summarized, the
main sample comprises a 10 nm layer of the diluted magnetic semiconductor (Cd,Mn)Te sandwiched
between two non-magnetic (Cd,Mg)Te layers, namely a 4.6 µm thick buffer layer towards the
substrate and a thin 30 nm cap layer on top. Together, they form a semiconductor QW structure
with type-I band alignment so that the electrons and holes are confined within the magnetic
(Cd,Mn)Te layer. One-dimensional plasmonic gold nanogratings were patterned on top of the thin
cap layer that support surface plasmon polaritons (SPPs) and enable their interaction with the
far-field. The thin cap layer enables the interaction of the evanescent SSPs confined to the gold
interface with excitons in the QW. The directional coupling between the QW excitons and the SPPs
substantially increases the magnitude of the TMRLE for the QW emission compared to the case of
a bare QW without a plasmonic grating on top, see Chapter 5.

Photoluminescence As explained in Chapter 7, the Fourier imaging setup enables the simul-
taneous measurement of the angle- and spectrally-resolved intensity distribution 𝐼 (𝐸, 𝜃) of light
emitted or reflected from the sample. Figure 8.1 exemplarily shows two intensity spectra 𝐼 (𝐸, 𝜃)
of the photoluminescence (PL) from the (Cd,Mn)Te/(Cd,Mg)Te quantum well (QW) as color plots.
The emission spectrum from the bare QW (i.e. with no gold grating on top) is shown on the left (a),
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Figure 8.1 Intensity spectra 𝐼 (𝐸, 𝜃) (normalized) of the PL emitted from the QW as a function of
the photon energy 𝐸 and the emission angle 𝜃 at about 𝑇 = 4K for (a) the bare QW and (b) the
hybrid structure with a 250 nm grating period. The respective angle-integrated intensity spectra
𝐼 (𝐸) are shown as dash-dotted overlays with an arbitrary intensity axis increasing from left to
right.

and from the QW below the gold grating with a grating period of 250 nm (hybrid structure) on the
right (b). The normalized light intensities 𝐼 (𝐸, 𝜃) are represented by colors ranging from white (no
light intensity) to red and bright yellow for the maximum intensity. Both spectra were measured
at cryogenic temperatures of about 4 K, and the sample was excited off-resonantly using a green
continuous-wave laser (552 nm, 2.25 eV), which corresponds to an excitation above both the QW
and barrier bandgaps. The emission originates from the recombination of heavy-hole excitons
in the QW. Only p-polarized light was measured, i.e. light with the electric field vector in the
incidence plane and thus partially perpendicular to the grating bars, which enables the interaction
with SPPs. Angle-integrated spectra 𝐼 (𝐸) are shown as dash-dotted overlays in both subfigures
with an arbitrary intensity axis that increases from left to right to highlight the spectral shape.
The PL from the bare QW (a) is centered around 1.686 eVwith a full width at half maximum (FWHM)
of 7meV, while the PL from the hybrid structure (b) is centered around 1.680 eV with a larger
FWHM of 10meV. This does not significantly change for different grating periods. The angular
intensity distribution from both structures is flat with no sharp features. The lower emission energy
of the hybrid structure is attributed to the formation of a Schottky barrier at the interface between
the metal and the semiconductor. This leads to the bending of the semiconductor band structure,
and the energy of the interband optical transitions in the QW is lowered due to the Stark effect.
The increased spectral width could originate from differences in the band bending below the metal
stripes and slits, leading to an inhomogeneous distribution of the electric field in the plane of the
structure. Between different measurement series, the spectral position and FWHM change slightly
(about 1 to 2meV) due to changing experimental conditions like the sample temperature in the
flow cryostat.

Whitelight Reflection Instead of using monochromatic laser light to excite the sample, white
light with a broad spectrum can be used to measure the spectrum of the reflected light. Figure 8.2(a)
shows the reflected p-polarized intensity (normalized) from the bare QW in a broad spectral
range. It is dominated by a periodic modulation of the reflected intensity, which originates from
the interference between the light reflected at the surface and the sample substrate (Fabry-Perot
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Figure 8.2 (a) Light intensity 𝐼 (𝐸, 𝜃) (normalized) reflected from the bare QW structure. (b)
Relative intensity between the reflected light in p- and s-polarization 𝐼p/𝐼s from the hybrid
structure with 250 nm grating period, which highlights the SPP dispersion intensity minima.

modes). The thin absorption line at 1.688 eV corresponds to the optical excitation of the quantum
well. The s-polarized reflection looks almost identical (not shown here).
Figure 8.2(b) shows the relative intensity 𝐼p/𝐼s of the reflected p- and s-polarized light from the
hybrid structure with an additional periodic 250 nm grating on top of the bare QW surface. The
periodic grating enables the optical excitation of SPPs by p-polarized light (see Section 3.2), and the
normalizationwith the s-polarized light suppresses the interference pattern. The SPP at the interface
between the gold grating and the (Cd,Mg)Te cap layer appears as the X-shaped intensity minimum
starting at 1.6 eV and large reflection angles. The grating parameters have a large influence on SPP
dispersion relation 𝐸(𝑘) and change its spectral position, see e.g. Eq. (3.5). Therefore, the spectral
dependence of magneto-optical effects like the TMOKE and the TMRLE, which are enhanced
significantly by the optical resonance, are also influenced by the grating parameters. This will be
discussed in Chapter 10 for the TMRLE and TMOKE from this hybrid structure.

8.2 Giant Zeeman Splitting of the Excitons

The diluted magnetic semiconductor (DMS) quantum well (QW) structures investigated here are
a model system for the investigation of the TMRLE. Their giant Zeeman splitting of the heavy-
and light-hole energy levels leads to a large degree of circular polarization 𝑃c of the QW emitters,
which results in a large magnitude of directional emission, see Chapter 5. The Zeeman splitting of
the heavy-hole excitons 𝛥Z in the Faraday geometry can be determined by measuring the shifting
spectral position of their emission peak in a magnetic field. Properties needed for theoretical
models like the manganese concentration 𝑥 and the effective temperature 𝑇0 of the (Cd,Mn)Te QW
can be derived from the magnetic field dependence of the Zeeman splitting. These measurements
were first published in Ref. [48].

A schematic depiction of the experimental setup is shown in Figure 8.3. The bare QW structure
was mounted in a pumped liquid helium bath cryostat with superconducting magnet coils, which
cools the sample to 𝑇 = 1.5 K and provides magnetic fields up to 𝐵 = ±5T in the Faraday geometry.
The QW was excited non-resonantly with linearly polarized light from a Ti:Sa-laser centered at
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Figure 8.3 Schematic presentation of the experi-
mental setup used to measure the Zeeman split-
ting of the QW emission. The laser excites the
magnetized sample in the cryostat, the spectrom-
eter measures the circularly polarized emission.

𝜆 = 690 nm, which was focussed onto the sample at a small angle using an 𝑓 = 200mm lens. The
light emitted from the QW was collected and collimated using an 𝑓 = 400mm lens. Then, either 𝜎+

or 𝜎− circularly polarized light was selected using the combination of a quarter-wave plate (𝜆/4)
and a Glan-Thompson prism, and measured by the subsequent spectrometer with a nitrogen-cooled
CCD sensor. The light was focussed onto the spectrometer entrance slit by an additional lens,
and remaining laser light was blocked by a longpass filter (LP). The spectrum of the light emitted
from the QW was measured for external magnetic fields between ±5T in steps of 250mT for both
polarizations at each step.
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Figure 8.4 (a) Spectra of the 𝜎+-polarized PL from the QW (normalized) for magnetic fields 𝐵
from 0 T (bottom, red) to 5 T (top, blue) in steps of 250mT. (b) Magnetic field dependence of the
the heavy-hole exciton Zeeman splitting 𝛥Z and fit according to Eq. (8.2). Both adapted from [48].

Figure 8.4(a) shows the normalized spectra of the 𝜎+-polarized photoluminescence (PL) from the
QW for increasing positive magnetic fields between 𝐵 = 0T at the bottom and 5 T at the top. The
magnetic field of each spectrum can be determined as the interception of the respective line with
the y-axis. The emission already becomes strongly polarized in small magnetic fields due to the
giant Zeeman splitting in DMS materials. Therefore, only one emission polarization 𝜎± is reliably
detectable for each magnetic field direction ±𝐵, but the shift of the spectral line is the same in each
case. The emission from the QW is centered at 1.677 eV for 𝐵 = 0T and shifts down to 1.641 eV for
5 T. The FWHM of the main emission peak decreases from 8.3meV at 0 T to 5.3meV at 5 T as the
magnetic field aligns the Mn-spins and the inhomogeneous broadening decreases.
From this data, the Zeeman splitting of the heavy-hole exciton 𝛥Z can be calculated as twice the
difference of the emission energies at 𝐵 = 0T and 𝐵 > 0T

𝛥Z = 2 [𝐸𝜎±(𝐵 = 0) − 𝐸𝜎±(𝐵 > 0)] , (8.1)

because the emission is already strongly polarized at small magnetic fields. Figure 8.4(b) shows 𝛥Z
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for magnetic fields between 0 T and 5 T as crosses. At first, it increases linearly with 𝐵 and then
almost saturates at 5 T with a splitting of 73meV. The giant Zeeman splitting of the excitons 𝛥Z
due to the exchange interaction between the carriers and magnetic Mn2+ ions in a DMS can be
expressed as the difference between the valence and conduction band splittings [44, 92]:

𝛥Z = 𝑥𝑁0(𝛼 − 𝛽) ⟨𝑆Mn
𝑧 ⟩ , (8.2)

see also Section 2.2. Here, 𝑥 is the Mn concentration, 𝑁0𝛽 = −0.88 eV and 𝑁0𝛼 = 0.22 eV are the
exchange constants for the valence and conduction bands in (Cd,Mn)Te, and ⟨𝑆Mn

𝑧 ⟩ is the thermal
average of the Mn2+ spin projection along the external magnetic field direction. As discussed in
Section 2.1, ⟨𝑆Mn

𝑧 (𝐵)⟩ is well described by a modified Brillouin function 𝐵5/2

⟨𝑆Mn
𝑧 (𝐵)⟩ = 𝑆eff𝐵5/2 (

5
2

𝜇B𝑔Mn𝐵
𝑘B(𝑇Mn + 𝑇0)

) , (8.3)

with the Boltzmann constant 𝑘B, the applied magnetic field 𝐵, the 𝑔-factor of Mn2+ ions 𝑔Mn = 2,
the Mn-spin temperature 𝑇Mn, and the effective temperature 𝑇0 and effective spin 𝑆eff as phe-
nomenological parameters. In combination, Eqs. (8.2) and (8.3) can be used to fit the experimental
data with the fit parameters 𝑇0 and the combined 𝑥𝑆eff due to the lack of an accurate 𝑥 value.
Assuming that the Mn spin temperature is equal to the liquid helium temperature in the bath
cryostat 𝑇Mn = 𝑇He = 1.5 K, the fit yields 𝑇0 = (1.9 ± 0.1) K and 𝑥𝑆eff = 0.071 ± 0.001. The resulting
curve is shown in red in Figure 8.4(b) and has a good agreement with the experimental data. The
Mn content can be estimated to 𝑥 ≈ 4% using the experimental data from Ref. [92], which in turn
corresponds to 𝑆eff ≈ 1.7. This matches similar values reported in Ref. [93] for a slightly larger Mn
concentration of about 5 %.
The Zeeman splitting is lower for the TMRLE measurements in the Fourier imaging setup, where
magnetic fields of 485mT were applied. This corresponds to 𝛥Z = 17meV at 𝑇 = 1.5 K and about
10meV at 𝑇 = 4K. With the sample placed in a flow cryostat, the splitting is reduced further be-
cause the sample is not in direct contact with the liquid helium and, thus, warmer. For low amounts
of Mn ions 𝑥, the continuous-wave laser photoexcitation can increase the Mn-spin temperature
significantly due to slow spin-lattice relaxation [44], further reducing the Zeeman splitting for
the same magnetic field. In the experiments on the temperature dependence of the TMRLE (see
Chapter 9 and Ref. [48]), the relatively large laser excitation power density of 400W/cm2 leads to
a temperature offset of (19 ± 3) K between the temperature measured by the sensor in the cryostat
and the actual temperature of the Mn spins 𝑇Mn obtained from fitting the experimental data. At
those temperatures, the Zeeman splitting is estimated to around 2.4meV. Since the TMRLE takes
place in the Voigt geometry, the Zeeman splitting of the light holes in the Voigt geometry is used to
define the the TMRLE parameter 𝑃c in the corresponding theory in Chapter 5. The two splittings
are connected via the heavy-hole splitting in Faraday geometry 𝛥h,F:

𝛥l,V = 2
3
𝛥h,F =

2
3

|𝛽|
|𝛼 − 𝛽|⏟⏟⏟⏟⏟⏟⏟
=0.8

𝛥Z. (8.4)
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8.3 TMRLE from the Main Hybrid Structure

As an introduction to the measurements of the TMRLE, this section first presents the TMRLE signal
measured at 4 K from the main hybrid structure of this thesis with a 250 nm grating period, before
later chapters will go into more detail on the temperature dependence of the routing effect and the
dependence on the plasmonic grating parameters. This 250 nm hybrid structure is similar to the
sample used in Refs. [30, 52] and shows an easy-to-understand spectral and angular dependence of
the emission directionality. It features a 10 nm thin (Cd,Mn)Te QW and a plasmonic gold grating
with a 250 nm period that supports SPPs and their outcoupling into the far-field. They are separated
by a 30 nm thin (Cd,Mg)Te cap layer, which enables their near-field interaction for an enhanced
TMRLE, see Section 5.2.

The TMRLE manifests as a change of the angular distribution of the far-field emission intensity 𝐼 (𝜃)
induced by the external magnetic field ±𝐵 in the Voigt geometry. The Fourier imaging spectroscopy
setup is particularly suitable for TMRLE measurements because it enables the angle-resolved
detection of the emission intensity for a large angular range 𝜃 in one image. From theory, we know
that the change of the emission intensity due to the TMRLE is an odd function of the in-plane
magnetic field 𝐵: If, for example, the emitted intensity 𝐼 (𝐸, 𝜃) increases at a certain light energy 𝐸
and emission angle 𝜃 for a positive 𝐵, it will decrease when the magnetic field is inverted (𝐵 → −𝐵).
The relative change 𝜌 of the emission intensity 𝐼 (𝐸, 𝜃) induced by the opposite magnetic fields ±𝐵
can be deduced by measuring the emitted intensity at opposite magnetic fields and is quantified
as

𝜌 =
𝐼 (+𝐵) − 𝐼 (−𝐵)
𝐼 (+𝐵) + 𝐼 (−𝐵)

, (8.5)

see Eq. (5.2). Therefore, a positive 𝜌 indicates a higher light intensity emitted for positive than
negative magnetic field and vice versa for negative 𝜌, with a maximum of |𝜌| = 100 % if the
whole emission is routed by the magnetic field. The quantity 𝜌 is not limited to the intensity
changes due to the TMRLE but includes all intensity changes induced by the inversion of the
magnetic field direction. These include overall changes to the emission intensity for opposite 𝐵
as a symmetric offset in 𝜌, or long-term intensity changes due to changing sample temperature
or other experimental parameters, like changes of the sample position in the focal plane or the
laser intensity that reaches the sample. Since the intensity change due to the TMRLE is an odd
function of the emission angle 𝜃, i.e. 𝜌(𝜃) = −𝜌(−𝜃), the magnetic-field-induced directionality of the
emission 𝐶 can be expressed as the antisymmetric part of 𝜌 with respect to the emission angle

𝐶 = [𝜌(𝜃) − 𝜌(−𝜃)] , (8.6)

see Eq. (5.3). This removes all omnidirectional, symmetric changes of the emission intensity from
the measurements [30]. For all measurements presented in this thesis, 𝜌 = 𝐶 holds true, and both
quantifies will, therefore, be called directionality.

Starting with the emission from the QW, Figure 8.5(a) shows the normalized intensity of the QW
emission 𝐼 (𝐸, 𝜃) for the main hybrid structure with a 250 nm grating period, measured at 𝑇 = 4K.
The emission is centered around 1.681 eV with a full width at half maximum (FWHM) of 11meV,
integrated over the whole angular range. The spectrum has a flat angular dependence with an
intensity dip at −22°, which is caused by an obstruction in the optical path. Figure 8.5(b) shows
the corresponding spectrum of emission intensity changes 𝜌(𝐸, 𝜃) induced by the magnetic field
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Figure 8.5 For the main hybrid structure with a 250 nm grating at 𝑇 = 4K: (a) Two dimensional
plot of the intensity 𝐼 (𝐸, 𝜃) emitted from the QW (normalized). An obstruction in the optical
path blocked most light emitted at −22°. (b) Relative intensity change 𝜌(𝐸, 𝜃) induced by the
magnetic field 𝐵 = ±485mT, reaching 𝜌 = 9% at the PL maximum and up to 15 % for lower
energies. Horizontal dashed line: Emission maximum of the bare QW. Dash-dotted line: Step-like
change of 𝜌 from the first-order diffracted beam.

𝐵 = ±485mT according to Eq. (8.5). Blue and red represent different signs of 𝜌 and their saturation
visualizes its magnitude. Thus, blue indicates more light emitted for positive than for negative
magnetic fields at the specific energy and emission angle, and vice versa for the color red. Like the
signal from the similar old structure presented in Figure 5.2(c), the spectral and angular dependence
𝜌(𝐸, 𝜃) is fairly flat and uniform, with a negative sign (red) for negative angles and a positive sign
(blue) for positive angles. It reaches around 𝜌 = 9% at the emission maximum and up to 15 % for
lower energies, but with an almost negligible emission intensity compared to the maximum. The
large routing magnitude stems from the near-field interaction of the excitons in the magnetic QW
with the SPPs at the nearby plasmonic grating, which possess strong spin-momentum locking and
significantly enhance the TMRLE in a broad spectral range, see Section 5.2.
The two far-field effects that were discussed in Figure 5.2(a) and (b) also contribute to the direc-
tionality spectrum here: First, the weak oscillations of 𝜌 along the energy axis with a period of
about 30meV are present but less pronounced compared to the stronger SPP-assisted routing.
They are caused by the interference of directly emitted light beams with those first reflected at
the backside of the sample, see Figure 5.2(a). The second far-field effect, the step-like change in
emission routing at a critical angle, that correlates with the appearance of the first-order diffracted
beam from the grating structure, is also present but barely visible. It manifests a slight change of 𝜌
and is highlighted in the positive angular range by the dash-dotted line. At 1.688 eV, slightly above
the emission maximum, the directionality shows a local minimum for all angles (highlighted by the
dashed line). As will be seen later, it also appears at larger temperatures and for different grating
periods (e.g., Figures 9.4 and 10.7). This line coincides with the emission maximum from the bare
QW structure (without the gold grating), which has a higher emission energy than the hybrid
structure because a Schottky barrier is formed at the metal/semiconductor interface of the hybrid
structure, which bends the band structure (see Section 8.1). The feature can either be attributed
to weak emission from outside the gratings, since the gratings show no defects or missing gold
stripes in the SEM images that could cause this bare-QW-like emission, or it is connected to a local
change of the dielectric permittivity by the excitons in the QW (see Chapter 10).
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The spectral and angular dependence of the SPP-enhanced directionality 𝜌(𝐸, 𝜃) is mostly deter-
mined by the parameters of the plasmonic gold grating. They define the dispersion relation of the
SPPs and, consequently, its overlap with the QW emission line and the emission characteristics
into the far-field. Small changes to the QW emission spectrum 𝐼 (𝐸, 𝜃) do not change the TMRLE
spectrum 𝜌(𝐸, 𝜃) much, especially for the SPP-enhanced case, because the SPP resonances are
spectrally broad in comparison. In other words, the QW emission is the light source that reveals
the routing characteristics 𝜌(𝐸, 𝜃) of the grating in a broader spectral window of a few tens of meV
so that small changes in the emission energy do not matter for the normalized quantity 𝜌.

8.4 Sample Comparison
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Figure 8.6 Directionality 𝜌(𝜃) of different emission types for (a) the main sample and (b) a similar
alternative sample: The p-polarized emissions from the (Cd,Mn)Te QW (blue), GaAs substrate
(red) and (Cd,Mg)Te barriers (green, dashed), and the s-polarized QW emission (orange), with all
but the first showing 𝜌 = 0, i.e. no magnetic field influence on the emission.

For a better qualitative picture of the routing effect, Figure 8.6 shows the angular dependence 𝜌(𝜃)
for the emission from different semiconductor layers of the 250 nm hybrid structure. Those are
the p-polarized emission from the (Cd,Mn)Te QW (blue), which shows the largest SPP-enhanced
directionality of the emission, as well as the p-polarized emissions from the GaAs substrate (red)
and the (Cd,Mg)Te barrier (green, dashed), and the s-polarized QW emission (orange), which are
all expected to show no significant directionality. Furthermore, it compares those signals from the
main structure of this thesis (a) to those from the similar alternative structure (b) used for the earlier
TMRLE measurements in Refs. [30, 52], but with a different batch of gratings. The emitted intensity
spectra 𝐼 (𝐸, 𝜃) were measured in the Fourier imaging setup and afterward spectrally integrated
in a 10meV window around the respective emission maximum before calculating 𝜌 according
to Eq. (8.5), except for the (Cd,Mg)Te barrier emission in a 20meV window due to its larger FWHM.
The 10meV spectral window is about the same size as the FWHM of the QW emission.

Starting with the p-polarized emission from the magnetic QW (blue lines), the directionality
reached up to 𝜌 = 12.5 % on the main sample and 9 % on the alternative sample under comparable
conditions and around their respective emission maxima of about 1.68 eV and 1.67 eV. The angular
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Chapter 8 Transverse Magnetic Routing of Light Emission

dependence 𝜌(𝜃) is similar on both structures, rising monotonously from 𝜌 = 0% at 𝜃 = 0° towards
their respective maxima between 12° and 15° and slowly decreasing for further increasing emission
angles. The angle of maximum emission routing 𝜃max corresponds approximately to the resonance
condition where the energies of the SPP and the exciton resonance 𝐸X match. It is given by
sin 𝜃 = 𝑘SPP/𝑘0 with the wave vector of the emitted light 𝑘0 = 𝐸X/ℏ𝑐 and the reduced Planck
constant ℏ. The obstructed signal around −22° is shown as a dotted line. As seen before, the angular
dependence is the same for negative angles but with flipped signs 𝜌(−𝜃) = −𝜌(𝜃). In both cases, a
step-like change of 𝜌 connected to the appearance of the first-order diffracted beam occurs at an
angle close to the maximum of 𝜌 with small oscillations for larger angles. This was highlighted in
Figure 8.5(b) by the dash-dotted line. Notably, the routing magnitude 𝜌 achieved on both samples
is significantly larger than those measured in Refs. [30, 52] with 𝜌 < 5%. Most likely, this is due to
better experimental conditions, mainly a lower sample temperature due to less heating with the
exciting laser or better thermal contact with the liquid helium.
These results can be verified with the emission directionality from the other semiconductor layers,
namely from the (Cd,Mg)Te barriers at 2.075 eV (dashed green line in Figure 8.6) and from the GaAs
substrate at 1.5 eV (red). Both layers are non-magnetic, and their emission is not influenced by the
external magnetic field for both samples, i.e. 𝜌 = 0. Similarly, the directionality of the s-polarized
QW emission (orange line) does not show any significant routing effect because its polarization
is perpendicular to that of the SPPs and the elliptically polarized QW emitters [30]. Additionally,
the emission routing from the bare QW is negligible in comparison due to the absence of surface
waves (e.g. SPPs) close to the QW layer, so only weak directional emission with 𝜌 < 0.5 % takes
place, see Section 5.2. That data is shown later in Figure 8.7, which compares the experimental
data with the theory model.

The different routing magnitudes of the two structures likely stem from their different compositions.
For one, the cap layer on the main sample is a few nm thinner, which may increase the near-field
interaction between the QW and the SPPs. Additionally, the barrier layers of the alternative sample
are modulation-doped with a 2D electron gas in close proximity to the QW (7 and 10ML of added
Iodine). This increases the number of free carriers, which is expected lead to a better Mn-spin
cooling [44]. On the other hand, it also seems to negatively impact the magnitude of magneto-
optical effects like the TMOKE and possibly the TMRLE. This became apparent in preliminary
TMOKE measurements on the bare structures for Ref. [60], where the TMOKE magnitude 𝛿 reached
between 1 % to 1.3 % for undoped cap layers of different thicknesses, but did not exceed 0.08 % for
the modulation-doped cap layer. The undoped main sample of this thesis also shows TMOKE
𝛿 > 1% (see Chapter 10), which further solidifies the suspected influence of the cap-layer doping
on the TMOKE and possibly the TMRLE.

8.5 Theoretic Simulations

The experimental results can be verified by theoretical calculations of the routing effect using
the scattering matrix method, which is explained in detail in Ref. [30], where it was also used
to reproduce the three routing cases presented in Section 5.2. In the model, the excitons are
uncorrelated point dipoles with a fixed polarization ±𝑃c perpendicular to the QW plane, based on
the external magnetic field direction ±𝐵. They are randomly distributed 30 nm below the plasmonic
interface at the surface. The far-field emission is calculated for the two oppositely polarized circular
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Figure 8.7 (a) Theoretical calculation of 𝜌(𝐸, 𝜃) for the main hybrid structure with 250 nm grating.
(b) Angular dependence 𝜌(𝜃) at the emission maximum of the main hybrid structure (1.681 eV)
and the bare QW (1.687 eV), comparing experimental data from Figure 8.6 (dotted lines) and
simulations (solid lines). Adapted from [48].

emitters and compared according to Eq. (8.5) to deduce 𝜌. The magnitude of 𝜌 can be changed by
increasing or decreasing the parameter 𝑃c. At the same time, the spectral and angular dependence
is mostly controlled by the geometric and optical parameters of the modeled structure. The energy-
dependent refractive indices for gold, (Cd,Mg)Te, and GaAs were taken from Refs. [50, 51, 94]. The
contrast of the background refractive indices of the thin QW and the (Cd,Mg)Te cap layer was
neglected.

Figure 8.7(a) shows 𝜌(𝐸, 𝜃) resulting from the model with 𝑃c = ±9%, which was chosen to reproduce
the routing magnitude from the experimental data. This corresponds to a Zeeman splitting of the
light holes in Voigt geometry 𝛥l,V = 1.8meV, assuming 𝛥lh = 20meV according to Eq. (5.1). The
value of 𝛥l,V is close to those obtained from the fit in Section 8.2 for temperatures 𝑇Mn > 4K and at
485mT. The grating has a period of 250 nmwith 55 nm slits, and the thickness of the semiconductor
layers also matches the real sample. Overall, the data resulting from the model is in good agreement
with the experimental data in Figure 8.5(b) with negative (positive) 𝜌(𝐸, 𝜃) for negative (positive)
angles in the depicted spectral range and a magnitude up to 15 %. The oscillations along the energy
axis and the interference fringes at large angles are also present, albeit slightly more pronounced
than in the experimental data. The buffer thickness can influence the spectral position of the
long-period oscillation maxima by changing the optical path difference of the interfering beams.
Figure 8.7(b) shows a comparison of the calculated (solid lines) and the experimental data (dashed
lines), for the emission from the hybrid structure and from the bare QW structure (without gold
grating), with good agreement in both cases. The angular dependencies 𝜌(𝜃) were obtained by first
averaging the emission intensity spectra 𝐼 (𝐸, 𝜃) along the energy axis in a 10meV window around
the respective emission maximum, before calculating 𝜌 according to Eq. (8.5). It is important to
note that the model assumes uniform emission at all energies from optical transitions with ±𝑃c
with an equal and independent contribution to the emitted intensity. Therefore, the simulated
spectra were further multiplied with a Gaussian distribution in the shape of the experimental data
to increase the comparability. As discussed in Figure 8.6, 𝜌 reaches about 12.5 % from the hybrid
structure due to the spin-momentum locking and directional emission of the SPPs. The signal from
the bare QW reaches about 0.5 % in the absence of such surface waves, mainly due to interference
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Chapter 8 Transverse Magnetic Routing of Light Emission

of directly emitted and backside reflected light beams, which is also reflected in the simulations.
For the emission from the non-magnetic semiconductor layers, 𝑃c = 0 can be assumed due to their
negligible Zeeman splittings, which leads to 𝜌 = 0 in the simulations.
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Chapter 9

TMRLE at Elevated Temperatures

This chapter focusses on the temperature dependence of the TMRLE and its routing magnitude.
All previous measurements were conducted at cryogenic temperatures of about 4 K using liquid
helium for cooling. For a given hybrid structure, the routing magnitude is determined by the
semiconductor quantum well (QW) and the Zeeman splitting of the excitons. The splitting at low
temperatures is giant in the diluted magnetic semiconductor (Cd,Mn)Te structures due to their
strong exchange interaction with the magnetic Mn2+-ions. However, the alignment of the Mn2+-
ions in the magnetic field, i.e. their magnetization, is highly temperature dependent and, thus, the
resulting Zeeman splitting and the TMRLE routing magnitude. The theory behind this is described
in detail in Chapters 2 and 5 for the Zeeman splitting in DMSs and the TMRLE, respectively.

In this chapter, Section 9.1 will present temperature-dependent measurements of the TMRLE
and compare them with the theory. It confirms the lower emission routing magnitude due to
the temperature influence on the Mn-spin system. Next, Section 9.2 will show that the light-
hole exciton emission becomes detectable at elevated temperatures due to an increased thermal
occupation compared to the main heavy-hole bands, and that the emission from the heavy- and
light-hole excitons is routed in opposite directions. Then, Sections 9.3 and 9.4 will present similar
measurements for two slightly altered structures to show the influence of the grating structure
and the semiconductor composition on the temperature dependence. In the final Section 9.5,
an alternative structure will be considered theoretically, where the DMS QW is replaced by a
nonmagnetic (In,Ga,Al)As QW structure (i.e., without magnetic ions). Its Zeeman splitting is not
governed by the exchange interaction but by the intrinsically large hole g-factor. This promises a
temperature-independent realization of the TMRLE for a wider temperature range up to 200 K for
an improved applicability of the emission routing compared to DMS structures.

Most results presented in this chapter have already been published in Ref. [48]. Therefore, this
chapter closely follows said publication, and its content and figures are reproduced and adapted for
this thesis with permission.

9.1 Temperature Dependence of the TMRLE

To measure the temperature dependence of the TMRLE, the relative intensity change 𝜌(𝐸, 𝜃) of
the QW emission induced by the external magnetic field was measured at various temperature
steps 𝑇 between 4 K and 45 K on the main hybrid structure with the 250 nm grating. For this, the
sample in the cryostat was cooled down to 4 K using liquid helium. Then, the resistive heating
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Chapter 9 TMRLE at Elevated Temperatures

element in the cryostat was used to increase the temperature of the sample and locked using the
external PID feedback controller. Additionally, the helium flow had to be reduced to reach the
higher temperatures in this series. The emission spectra for opposite magnetic fields of ±485mT
were measured and compared according to Eq. (8.5) to deduce the routing magnitude 𝜌 for each
temperature step. The full spectrum 𝜌(𝐸, 𝜃) of the 250 nm grating at 4 K was already shown in
Figure 8.5, and the spectra at higher temperatures do not look significantly different. Quickly
summarized, the routing magnitude 𝜌 decreases for increasing temperatures and the temperature
dependence originates from the semiconductor QW of the hybrid structure, where the alignment of
Mn-spins ⟨𝑆Mn

𝑧 ⟩ in the magnetic field decreases, as does the giant Zeeman splitting of the exciton
levels from the sp-d exchange interaction and thus the routing. The overall shape of 𝜌(𝐸, 𝜃) stays
the same, though, as it is determined by the parameters of the plasmonic grating. Additionally,
the directional emission from the light-hole excitons becomes visible at 𝑇 > 35K due to increasing
thermal occupation. Crucially, it is routed in the opposite direction compared to the main emission
from the heavy-hole excitons. The theory behind the TMRLE is explained in Chapter 5, and
Chapter 2 contains the temperature dependence of the giant Zeeman splitting in diluted magnetic
semiconductors (DMSs), which also dictates the temperature dependence of the TMRLE. For an
overview of a typical TMRLE measurement and how to analyze the results, see Chapter 8.
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Figure 9.1 (a) Angular dependence 𝜌(𝜃) for the light emitted from the hybrid structure in a
10meV window around the QW PL maximum at 𝐸 = 1.681 eV for different temperatures 𝑇. The
magnitude of the directional emission decreases with increasing temperature while the angular
dependence does not change. (b) Temperature dependence of the directionality 𝐶(𝑇 ) for the PL
emitted between 𝜃 = 0° and ±20° and in the photon energy range of (a). Red line: Fit using a
modified Brillouin function according to Eq. (9.1), yielding 𝑇off = (19 ± 3) K. Adapted from [48].

The data from the temperature series are summarized in Figure 9.1. Panel (a) shows the angular
dependence of the relative intensity change 𝜌(𝜃) induced by the external magnetic field, i.e. the
directionality, for four different temperatures 𝑇 = 4K, 15 K, 25 K and 45 K. Here, 𝑇 is the tempera-
ture measured by the temperature sensor in the cryostat. As for Figure 8.6, the emitted light was
integrated along the energy axis in a 10meV window around the maximum of the QW emission at
1.681 eV before 𝜌(𝜃) was calculated according to Eq. (8.5). The 10meV window is about the same
size as the FWHM of the QW emission. The angular range is limited to ±20° because dirt in the
optical path blocked portions of the light emitted at −22°. It is apparent that the shape of the angular
dependence 𝜌(𝜃) is the same for all temperatures, but the overall magnitude of the emission routing
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decreases for increasing temperatures: For all temperatures, the routing magnitude increases from
0 % at 0° towards a maximum at 14°, where the interaction between the QW and the SPPs is best,
and slowly decreases again for larger angles. This maximum decreases from 12.5 % at 4 K to 4.5 %
at 45 K. Furthermore, 𝜌(𝜃) is fully antisymmetric regarding the angular axis, i.e. 𝜌(𝜃) = −𝜌(−𝜃).
Therefore, the directionality 𝐶 of the emission at all temperatures is fully determined by the TMRLE
without other influences and 𝜌 = 𝐶 holds true, see Eq. (8.6). This was also the case for all previous
directionality measurements at 4 K, e.g. in Refs. [30, 52].

In order to quantify the temperature dependence of the directionality and compare it with the
theory, it needs to be condensed into one value 𝐶(𝑇 ) for each temperature step 𝑇. Figure 9.1(b)
shows the experimental data for 𝐶(𝑇 ) (blue crosses) for temperatures between 4 K and 45 K. The
values shown are the mean directionality for all light emitted in the same 10meV FWHM window
around the emission maximum (like before) and in the two angular ranges between 𝜃 = 0° and
±20°. First, the measured intensities 𝐼 (±𝐵) were integrated spectrally and in the two separate
angular ranges. Then, 𝜌 was calculated independently for the positive and negative angular range
according to Eq. (8.5), and finally, the directionality 𝐶 as the antisymmetric average of both angular
ranges according to Eq. (8.6). Two measurements each were taken at 𝑇 = 10K, 35 K and 45 K to
verify the previous measurements. The data show a monotonous decrease of the directionality for
increasing temperatures from around 𝐶 = 11% at 4 K to below 5 % at 45 K, with a larger gradient at
low temperatures.

These results match the expected behavior for the hybrid structure with a DMS QW: The angular
(and spectral) shape of 𝜌 (and 𝐶) is mainly determined by the plasmonic grating and its parame-
ters, which are not influenced by the temperature. Instead, the temperature dependence of the
directionality 𝐶 is solely determined by the degree of circular polarization 𝑃c of the exciton optical
transitions in the QW and is, therefore, a property of the magnetic semiconductor part of the hybrid
structure. 𝑃c is used for the theoretical description of the TMRLE and 𝐶 ∝ 𝑃c, see Chapter 5. It can
be estimated at small magnetic fields using Eq. (5.1), which reads

𝑃c ≈
𝛥l,V
𝛥lh

and depends on two values: First, the splitting 𝛥lh ≈ 20meV between the light- and heavy-hole
subbands, which is determined by the structure of the QW and is temperature independent, and
secondly, the Zeeman splitting 𝛥l,V of the light-hole levels in Voigt geometry. The giant Zeeman
splitting of the levels in a dilutedmagnetic semiconductor (DMS) like (Cd,Mn)Te is solely determined
by the strong exchange interaction between the carriers and magnetic Mn2+ ions. For light holes
with 𝐽𝑧 = ±1/2, it can be expressed as

𝛥l,V = 2
3
𝑥𝑁0𝛽 ⟨𝑆

Mn
𝑧 ⟩ .

Here, 𝑥 is the Mn concentration and 𝑁0𝛽 = −0.88 eV is the exchange constant for the valence bands
in (Cd,Mn)Te. ⟨𝑆Mn

𝑧 ⟩ is the thermal average of the Mn2+ spin projection along the applied magnetic
field 𝐵𝑧, i.e. the magnetization [92]. It is highly temperature dependent and quickly decreases for
increasing temperatures according to Eqs. (2.1) and (2.2), and so is the corresponding Zeeman
splitting.
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With the link between experimental data and theory 𝐶 ∝ 𝑃c in mind, the temperature dependence
𝐶(𝑇 ) can be approximated as

𝐶(𝑇 ) = 𝐶0𝐵5/2 (
5
2

𝜇B𝑔Mn𝐵
𝑘B(𝑇 + 𝑇off + 𝑇0)

) . (9.1)

where 𝜇B is the Bohr magneton, 𝑘B is the Boltzmann constant, 𝐵 is the applied magnetic field, and
𝑔Mn = 2 is the g-factor of the Mn2+ ions. The temperature dependence would usually be described
by 𝑇Mn + 𝑇0 (see Eq. (8.3)). However, for the analysis of these experimental data, the temperature
of the Mn-spin system 𝑇Mn is replaced by 𝑇 + 𝑇off. Here, 𝑇 is the temperature measured by the
sensor in the cryostat and 𝑇off is the possible temperature difference towards the warmer Mn-spin
system 𝑇Mn. 𝑇0 = (1.9±0.1) Kwas deduced from the measurements of the giant Zeeman splitting in
Section 8.2. Using Eq. (9.1) to describe the data in Figure 9.1(b) with 𝑇off and 𝐶0 as fitting parameters
yields 𝑇off = (19 ± 3) K and 𝐶0 = (312 ± 23) % (standard errors). The resulting curve, shown in
red, is in good agreement with the experimental data, which confirms the validity of the model to
describe the TMRLE temperature dependence. The offset (19±3) K between the sensor temperature
𝑇 and the Mn-spin temperature 𝑇Mn from the fit is notably large and mostly caused by the laser
excitation. The Mn-spin temperature can be increased significantly compared to the colder lattice
by continuous-wave photoexcitation because the main process of cooling the Mn-spin system,
the spin-lattice relaxation, is slow for low amounts of Mn-ions 𝑥 [44, Ch. 8]. The laser power
density from the exciting continuous-wave laser in the experiments was high at 𝑃0 ≈ 400W/cm2.
In addition, the sample is not in direct contact with the liquid helium in the flow cryostat and
the temperature sensor is located at some distance from the sample in the cryostat, which leads
to a further temperature offset. The amplitude 𝐶0 of over 100 % stems from the large additional
offset temperature 𝑇off in Eq. (9.1) that shifts the curve, and from the linear approximation of 𝑃c in
Eq. (5.1) and the subsequent general assumption of 𝐶 ∝ 𝑃c, which does not hold true at very low
temperatures. Evaluating Eq. (9.1) with a lower temperature offset reduces the necessary amplitude
to fit at low temperatures, but the resulting curve decreases too quickly for the larger temperatures.
We assume a constant temperature offset 𝑇off for all temperatures 𝑇, even though a temperature
dependence is to be expected because the cooling of the Mn-spin system via spin-lattice relaxation
becomes more effective for increasing (lattice) temperatures [44, Ch. 8]. This could explain the
deviations between the fitted curve and the data in Figure 9.1(b).

Several things need to be mentioned to put the data into perspective: First, 400W/cm2 is a relatively
large power density and was chosen to increase the PL intensity and limit the duration of each
measurement. It is only a rough estimate because the laser power was measured in front of the
cryostat window and the spot size on the sample was estimated from comparisons with the known
size of the gold gratings. Keller et al. used significantly lower excitation power densities in their
studies on similar (Zn,Mn)Se/(Zn,Be)Se QW structures, where 13W/cm2 already led to a heating
of 𝑇Mn = 23K, though with a lower Mn concentration of 𝑥 = 0.012 [44, 95]. The strong influence of
the Mn concentration on the cooling can be seen in their comparative measurements, where around
10W/cm2 excitation power density lead to a Mn-spin temperature of about 40 K for 𝑥 = 0.004 but
only around 3 K for 𝑥 = 0.06. With 𝑥 = 0.04, our sample should show a similar cooling because
the spin-lattice relaxation of the Mn ions does not change much for different host materials [44].
Additionally, the semiconductor part of our sample is covered by a gold layer to create the hybrid
structure, which reflects a portion of the incoming laser light and reduces the power density further.
The excitation of SPPs by the laser would lead to a stronger heating of the sample, as was seen in
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Ref. [43] for spectrally broad laser pulses, but the sharp laser energy and almost normal incidence
angle do not excite a significant amount of SPPs in our case. One possibility to reduce the heating of
the Mn system could be below-barrier excitation to excite carriers only in the QW because carriers
in the barriers that diffuse into the QW layer heat the system with their excess energy. However,
this would also reduce the emission intensity from the QW. Finally, the large temperature offset
in our measurements can also partially stem from not optimal cooling of the lattice in the flow
cryostat compared to a bath cryostat, which likely amounts to a few Kelvin of the offset alone.
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) Figure 9.2 Blue crosses: Directionality
𝐶 for different excitation power densities
𝑃/𝑃0 at 𝑇 = 4K, with 𝑃0 ≈ 400W/cm2,
for light emitted in a 10meV window
around the QW PL maximum at 1.681 eV
and between 0° to ±20°, from the hybrid
structure. Orange circles: Emitted light
intensity for the same photon energies
and angles.

To confirm the influence of the excitation power density 𝑃 on the Mn-spin temperature and thus
the directionality 𝐶, Figure 9.2 shows 𝐶 (blue crosses) for various relative power densities 𝑃/𝑃0
at the constant temperature 𝑇 = 4K. 𝑃0 = 400W/cm2 is the excitation power used in all other
experiments. The directionality was, again, determined for all light emitted in a 10meV window
around the emission maximum at 1.681 eV and between 𝜃 = 0° and ±20°. The directionality 𝐶(𝑃)
shows the same dependence for increasing power densities as it did for increasing temperatures in
Figure 9.1, decreasing quickly at first but slower for larger powers. At the same time, the emitted
light intensity increases linearly with the power density, which is shown as orange dots in Figure 9.2.
A higher emission intensity increases the signal-to-noise ratio in the measurements.

So far, we have shown that the temperature in general and, more specifically, the Mn-spin tem-
perature has a large impact on the TMRLE magnitude in the DMS (Cd,Mn)Te/(Cd,Mg)Te QW
structure. The TMRLE magnitude is proportional to the Zeeman splitting of the light-hole states,
which in the DMS structure is given by the exchange interaction with the Mn ions and their
temperature-dependent spin orientation. Evaluating the fit of Eq. (9.1) to the experimental data at
higher temperatures of 200 K and 300 K and a still moderate magnetic field of 1 T yields 𝐶 = 2.2 %
and 1.5 %, respectively. This should be interpreted as a lower estimate, though, because it does not
consider the intrinsic g-factor of holes 𝑔h ≈ 0.5 [96, 97]. Both contributions have the same sign,
so a larger Zeeman splitting at high temperatures can be expected. Even though these routing
magnitudes are small compared to those at lower temperatures, they are still not insignificant.
However, this strong dependence of the routing magnitude on the temperature can be problem-
atic for practical applications in not temperature-stabilized environments. Therefore, Section 9.5
will explore the usage of nonmagnetic semiconductor constituents (i.e. without magnetic ions)
with intrinsically large hole g-factors as a temperature-independent alternative that still achieves
noticeable routing, even without the giant Zeeman splitting from the exchange interaction.
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Figure 9.3 (a) Intensity spectra of the QWemission from the hybrid structure in a semi-logarithmic
scale for 𝑇 = 15K, 25 K, 35 K and 45 K, normalized. The light-hole emission (1e–1lh) around
1.7 eV becomes more pronounced for increasing temperatures. Adapted from [48]. (b) Intensity
ratio between the light-hole and heavy-hole emission for temperatures between 𝑇 = 4K and 45 K.

In the last sections, we have examined the TMRLE for the main emission from the QW, which
originates from the recombination of heavy-hole excitons. In small magnetic fields, the two heavy-
hole (1e–1hh) excitons are the lowest energy states, and their emission dominates the spectrum.
Their emission is indistinguishable due to their low Zeeman splitting, and their emission is routed
in the same direction because their optical transitions have the same sign of 𝑃c, see Section 2.3.2.
The light-hole (1e–1lh) excitons, on the other hand, are higher energy states and split from the
heavy-hole excitons due to the confinement and strain of the QW, see Figure 2.3. With the large
splitting 𝛥lh ≈ 20meV for our (Cd,Mn)Te/(Cd,Mg)Te QW structure [60], the light-hole occupation
is almost zero at low lattice temperatures 𝑘B𝑇c ≪ 𝛥lh because most light-hole excitons relax into the
lower energy heavy-hole exciton states within their lifetime. For increasing temperatures, though,
the relative thermal occupation of the light-hole states increases ∝ exp(−𝛥lh/𝑘B𝑇𝑐), and so does
their contribution to the emission spectrum through recombination. This is evident in Figure 9.3(a),
which shows the normalized QW emission spectra between 𝜃 = ±20° for the temperatures 𝑇 = 15K,
25 K, 35 K and 45 K in a semi-logarithmic scale. For all four temperatures, the heavy-hole transition
at 1.681 eV dominates the emission spectrum as the lowest energy state, and no light-hole emission
is visible at low temperatures of, e.g., 4 K (not shown) or 15 K, even in the logarithmic scale. At
larger temperatures, though, an intensity shoulder of light-hole emission develops about 20meV
higher than the heavy-hole emission, which matches 𝛥lh. Even at 45 K, the light-hole emission
is still weak, reaching around 2.5 % of the main heavy-hole emission. This can also be seen in
Figure 9.3(b), which shows the temperature dependence of the intensity ratio between the heavy-
and light-hole emissions. The relative intensity is roughly constant at 0.3 % from 4 K to 20 K and
increases exponentially up to 2.5 % at 45 K due to the occupation of the light-hole states by thermal
activation.

With their increasing emission intensity at higher temperatures, the light-hole excitons also
contribute to the TMRLE spectrum. The two (1e–1lh) optical light-hole transitions also have
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Figure 9.4 Relative intensity change 𝜌(𝐸, 𝜃) for 𝑇 = 4K, 20 K, 35 K and 45 K according to Eq. (8.5).
Each subplot has different colorbar limits ±𝜌max that are shown in the respective bottom right
corner.

the same sign of circular polarization in the 𝑦𝑧-plane 𝑃c. However, it is opposite to the heavy-
hole transitions, i.e., the electrical dipole rotates in the opposite direction. This was already
discussed in theory in Section 2.3 and can be seen in Figures 2.3 and 2.4. Consequently, the
light-hole and heavy-hole emissions are routed in opposite directions, which leads to opposite
directionalities 𝜌 in the experimental data. This can be seen in Figure 9.4, which shows 𝜌(𝐸, 𝜃)
for 𝑇 = 4K, 20 K, 35 K and 45 K next to each other. The colors blue and red represent positive
and negative values of 𝜌 and their saturation the magnitude. Because 𝜌 decreases in magnitude
for increasing temperatures, each subplot has its own colorbar limit ±𝜌max, shown in the bottom
right corner of each subplot. For energies lower than 1.7 eV, all measurements show the same
spectral and angular dependence 𝜌(𝐸, 𝜃), and only the overall magnitude changes, as discussed
in Section 9.1. At 𝑇 = 4K and 20 K, the TMRLE signal is noisy for energies above 1.7 eV and,
on average, shows no directionality due to the absence of emission. The noise level for 20 K is
larger due to a lower integration time. Compared to that, the expected sign change of 𝜌 due to the
emerging light-hole emission can be clearly seen for 𝑇 = 45K around 1.7 eV as color change from
blue to red or vice versa. The light-hole signal is still noisy due to the lower emitted intensity, but
the two contributions do not overlap significantly and are easily distinguishable due to their large
energy splitting. At 35 K, the light-hole contribution is also visible but less pronounced and with
more noise. This sign change of 𝜌 confirms the predicted opposite routing direction of the TMRLE
for heavy and light holes.

For a more detailed look at the spectral dependence of the directionality, Figure 9.5 shows 𝐶(𝐸) in
the same spectral range as Figure Figure 9.3(a) for various temperatures 𝑇 between 4 K and 45 K.
𝜌(𝐸) was calculated using the averaged PL between 0° and ±20° (Eq. (8.5)) and then 𝐶(𝐸) as its
antisymmetric part using Eq. (8.6). The emission maxima of the heavy-holy excitons (1e–1hh) at
1.681 eV and the light-hole excitons (1e–1lh) about 20meV higher are shown as thin highlighted
areas. As seen before, the directionality decreases for increasing temperatures, but the general
shape of 𝐶(𝐸) stays the same. For all temperatures, the directionality has its maximum on the lower
energy side of the heavy-hole emission maximum around 1.675 eV. This can be attributed to the
additional far-field routing effect due to interference between directly emitted and backside-reflected
emission, which was discussed in Section 5.2. The overlap between the narrow exciton energy and
the wide SPP dispersion also influences this spectral dependence. A dip in the directionality occurs
at larger energies between 1.68 eV and 1.69 eV. This was already seen in the 𝜌(𝐸, 𝜃) spectra as a
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Figure 9.5 Spectral dependence of the
directionality 𝐶(𝐸) for the QW emission
from the hybrid structure for various 𝑇.
Highlighted areas mark the maximum of
the heavy- and light-hole emission, re-
spectively. The dash-dotted box high-
lights the light-hole influence on 𝐶(𝐸):
For 35 K and 45 K the sign of 𝐶(𝐸) changes
above 1.7 eV due to the emerging light-
hole emission with opposite 𝑃c. Adapted
from [48].

horizontal line with less saturated color, and it matches the maximum of the PL from the bare QW,
which shows less directionality. The dip shifts towards lower energies for increasing temperatures,
which matches the decreasing trend of the (Cd,Mn)Te bandgap for increasing temperatures [98].
At energies closer to the light-hole exciton emission at 1.7 eV − 1.71 eV, the light-hole influence on
the directionality is evident for the larger temperatures, which is highlighted by a dash-dotted box.
The directionality is still faintly positive for low temperatures of 4 K and 15 K, but the signal gets
noisy because of the low emission intensity. The directionality becomes negative for 35 K and 45 K
once the light-hole intensity with opposite 𝑃c is large enough to contribute meaningfully. This
was already seen in Figure 9.4 as color change. The influence of the light holes already appears at
25 K, where the directionality trends towards 0more than for the lower temperatures. Furthermore,
the sign change of the TMRLE moves to lower energies because of the larger relative light-hole
emission intensity.

In theory, the light- and heavy-hole optical transitions have the same polarization degree 𝑃c but
with an opposite sign, despite the vastly different Zeeman splittings of the light and heavy holes
in the Voigt geometry. This is because the polarization 𝑃c of the heavy-hole transitions is not
directly determined by their Zeeman splitting but solely by the mixing with the Zeeman-split light
holes, see Eq. (5.1). This should lead to the same magnitude of directionality 𝐶 for the heavy and
light-hole emission. However, this is not the case in the experimental data, where only about
𝐶 = −1% is reached, compared to about 5 % for the heavy-hole emission at 45 K. While the theory
accounts only for the ground states of the excitons and their emission, in reality, the excited
states of the heavy-hole exciton with larger energies can mix with the light-hole ground state
and lower its circular polarization degree 𝑃c. The emission from the main heavy-hole peak can
also negatively impact the directionality of the light hole if they overlap spectrally. Similar results
were obtained by Weisbuch et al., who measured the energy-dependent emission polarization
from a GaAs-Al𝑥Ga1−𝑥As multi-QW structure and saw a three to four times larger polarization
of the dominant heavy-hole emission peak compared to the smaller light-hole peak [99]. The
opposite sign of the heavy- and light-hole directionalities also confirms the importance of the
close proximity between the QW and the SPPs at the surface for the routing effect: The heavy and
light-hole emission can only show opposite directionality if the routing is caused by the near-field
interaction between the QW and the SPPs, according to our theory. One could think that the
TMOKE in transmission could also explain the directionality of the emission because the magnetic
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(Cd,Mn)Te layer in the structure could influence the SPP dispersion, as discussed in Ref. [15]. This
effect would also work if the light source is far away from the plasmonic grating. However, it would
not show opposite directionality for the heavy- and light-hole emission, as both transitions would
only contribute to p-polarized light in the far-field, independent of their initial circular polarization
sign. [48]

Finally, since the increased light-hole emission at large temperatures leads to a decrease of the
overall, spectrally integrated directionality, especially once the thermal energy becomes significantly
larger than the splitting 𝛥lh, one could think that an easy solution would be to increase 𝛥lh through
confinement or strain, unless spectral filtering of the two emission bands is feasible. This has the
drawback of a lower TMRLE magnitude, though, since 𝐶 ∝ 1/𝛥lh, in addition to the already strong
temperature dependence. Therefore, Section 9.5 will focus on alternative QW structures without
magnetic ions, which are expected to have a weaker but temperature-independent TMRLE across a
wide temperature range. First, though, Sections 9.3 and 9.4 will briefly show experimental data
of the TMRLE temperature dependence from both a different grating period on the main sample
and from the old alternative sample with the same 250 nm grating period but a slightly different
semiconductor composition, which comprises an additional 2D electron gas through modulation
doping.

9.3 Different Grating Period: 240nm
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Figure 9.6 Relative intensity change 𝜌(𝐸, 𝜃) for 𝑇 = 4K, 20 K, 35 K and 45 K according to Eq. (8.5)
for the main sample with 240 nm grating period. Each plot has different colorbar limits ±𝜌max,
shown in the respective bottom right corner.

The temperature dependence of the TMRLE was also measured on the same sample but with a
240 nm grating period instead of the previous 250 nm grating. Again, the spectral and angular
dependence 𝜌(𝐸, 𝜃) is expected to stay the same, and that only the TMRLE magnitude decreases for
larger temperatures, in addition to the emerging light-hole emission. Figure 9.6 shows 𝜌(𝐸, 𝜃) for
𝑇 = 4K, 20 K, 35 K, and 45 K. Here, the spectral and angular dependence of 𝜌 is more complicated
than for the 250 nm grating shown in Figure 9.4. Most noticeable, the sign of 𝜌 changes at around
𝜃 = ±15° and is not uniform over the whole angular range. This is represented by a color change
with a white line in between. Put simply, the emission at e.g. 20° is oppositely influenced by the
magnetic field compared to the emission of the same energy at 10°. Furthermore, this sign change
moves to smaller angles close to the PL emission maximum at 1.68 eV, forming a hump-like feature
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towards the center. These interesting features will be discussed in Chapter 10, which focuses
on the dependence of the TMRLE on the grating parameters. For now, though, the temperature
dependence is similar to the 250 nm grating. As predicted, 𝜌(𝐸, 𝜃) only changes in magnitude, but
the spectral and angular distribution stays largely the same, because it is mainly governed by the
semiconductor part of the hybrid structure and not by the grating structure and its parameters.
Only for 45 K, the hump-like feature of 𝜌 towards lower angles seems less pronounced, which hints
at its origin from the semiconductor part of the hybrid structure and not the plasmonic grating.
Most importantly, though, a contribution from the light hole becomes visible above 1.7 eV for 35 K
(barely) and 45 K as another sign change. This validates the previous measurements on the 250 nm
grating, which also showed the light-hole contribution.

9.4 Influence of Modulation Doping

The same measurements were also done on the older alternative (Cd,Mn)Te/(Cd,Mg)Te sample
introduced in Section Section 6.1 to verify the previous results. As a quick reminder, it is similar to
the main sample discussed above but has two differences that affect the cooling of the Mn-spin
system: First, a lower Mn content in the QW of about 3.5 % compared to 4 % in the main sample,
and secondly, it features a 2D electron gas in both the cap and buffer layer close to the QW, which
provides additional free carriers. In general, the lower Mn content leads to a slower cooling of the
Mn-spin system, so that the Mn-spin temperature would be higher in similar conditions. This leads
to a lower magnetization and, consequently, a lower Zeeman splitting and TMRLE magnitude [44].
On the other hand, the 2D electron gas close to the QW likely improves the cooling of the Mn-
system via spin-lattice relaxation by providing an additional energy transfer channel from the Mn
spins into the phonon system via the free carriers [44, Ch. 8]. However, as was shown in Section 8.4,
the alternative sample with the 2D electron gas shows less routing than the main sample, which
could also be attributed to the presence of the electron gas, as it seems to influence magneto-optical
effects negatively.

The results from the measurements are summarized in Figure 9.7, which shows a collection of plots
from Sections 9.1 and 9.2 but for the alternative sample. Panel (a) shows the angular dependence
𝜌(𝜃) for the QW emission, spectrally integrated in a 10meV window around the QW emission
maximum at 1.669 eV, for select temperatures 𝑇. The angular dependence is almost identical to that
of the main sample shown in Figure 9.1(a). At 4 K, it increases from 0 % at 0° towards the maximum
of 9 % at 15° due to optimal exciton and SPP dispersion overlap. Like on the main sample, 𝜌(𝜃) is an
odd function of the emission angle, so that 𝜌 = 𝐶 and the emission directionality is solely due to
the TMRLE. The angular dependence is also the same for different temperatures and only decreases
in magnitude for increasing temperatures due to the lower magnetization of the Mn spins in the
QW.

The angularly and spectrally integrated directionality 𝐶(𝑇 ) for all light emitted in the same energy
range and for angles between 𝜃 = 0° and ±20° is shown in Figure 9.7(b). The decrease of the
directionality 𝐶 is also well described by a fit using the modified Brillouin function from Eq. (9.1),
which is shown as the red curve. The fit yields an offset 𝑇off = (14 ± 2) K between the sensor
temperature 𝑇 and the Mn-spin temperature 𝑇Mn, which is lower than the (19 ± 3) K offset obtained
for the new sample with higher Mn concentration and without the 2D electron gas. This seems
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Figure 9.7 For the alternative hybrid (Cd,Mn)Te/(Cd,Mg)Te structure with 250 nm grating period:
(a) Angular dependence 𝜌(𝜃) at the QW emission maximum (1.669 eV) for different 𝑇. (b) Temper-
ature dependence of the directionality 𝐶(𝑇 ) and fit according to Eq. (9.1), yielding 𝑇off = (14± 2) K
(red). (c) Intensity spectra of QW emission in a semi-logarithmic scale with increasing light-hole
emission (1e–1lh) for increasing 𝑇 (normalized). (d) Spectral dependence of the directionality
𝐶(𝐸) for various 𝑇.
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to confirm the more efficient cooling of the Mn-spin system due to the added free carriers of the
electron gas, despite the lower Mn-content in the QW, possibly at the cost of the overall routing
magnitude. However, for a more comprehensive picture of the influence of the electron gas on the
Mn cooling and the routing magnitude, the two samples need to be equal in all properties except
for the presence of the electron gas. The added differences of unequal Mn contents and slightly
different cap layer thicknesses do not allow for a confident conclusion on the Mn-spin cooling
properties from this comparison. However, it reveals an interesting path for further investigations
on the tuning and optimization of the TMRLE magnitude.

Next, Figure 9.7(c) shows the spectrum of the QW emission 𝐼 (𝐸) in a semi-logarithmic scale for
varying temperatures. The intensities are normalized to the respective maximum of the heavy-hole
emission. The maximum shifts towards lower energies for increasing temperatures, just like in
Figure 9.3(a) for the main sample and in Ref. [98]. The emission of the 1e–1lh light-hole increases
with the temperatures about 20meV above the 1e–1hh heavy-hole emission peak and reaches about
4.6 % of the main peak at 45 K. This is almost twice the amount seen on the main sample, which
reached an intensity ratio of 2.5 %. However, this increased light-hole emission does not result in a
larger or more pronounced contribution to the directionality spectrum, as seen in Figure 9.7(d).
It shows the spectral dependence of the directionality 𝐶(𝐸) for select temperatures and generally
looks similar to the corresponding Figure 9.5. Again, the temperature only influences the magnitude
of the directionality of the heavy-hole emission but not the spectral dependence. However, the
sign of the directionality does not change at the light-hole emission energy (1e–1lh), even for
𝑇 = 45K. This behavior is unexpected since the electron gas does not seem to have a large influence
on the heavy-hole emission directionality (aside from the magnitude), and an influence on the
short-lived light holes seems unlikely. However, there could be some spin relaxation channel from
the light holes into the electron gas, which would explain the light-hole emission not showing any
directionality in the applied magnetic field. This is speculative, though, and needs to be investigated
further.

9.5 TMRLE in Non-Magnetic QW Structures

Quantum well structures based on diluted magnetic semiconductors (DMSs) like (Cd,Mn)Te show
strong TMRLE because of their giant Zeeman splitting. The giant splitting is enabled by the sp-d
exchange interaction between the magnetic Mn-ions and the charge carriers that leads to a large
degree of circular polarization of the optical transitions in the 𝑦𝑧-plane 𝑃c, see Eq. (5.1). However,
DMSs have the disadvantage of a strong temperature dependence, and the TMRLE magnitude
quickly diminishes for temperatures above those reachable with liquid helium (around 4 K), as was
shown in the previous sections. This is caused by the decreased Mn spin polarization ⟨𝑆Mn

𝑧 ⟩ (i.e.
their magnetization), which decreases the large exchange contribution to the Zeeman splitting. And
even though significant routing is still achievable from these DMS structures at 200 K, their varying
routing magnitude for different temperatures can be problematic in not temperature-controlled
environments. In general, ferromagnet-based structures could also be of interest for routing
applications, but they pose unresolved challenges, such as potential low-temperature ferromagnetic
phases and the strong non-radiative decay of photoexcited carriers [48, 100, 101].
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Another possible way to achieve routing with a noticeable magnitude at high temperatures is to use
non-magnetic materials with an intrinsically large hole Landé g-factor 𝑔h to achieve the required
large Zeeman splitting of the light holes instead of via the temperature-dependent exchange
interaction like in DMS. Without the magnetic ions, the light-hole splitting in Voigt geometry is
(see Eqs. (2.7) and (2.9))

𝛥l,V = 2𝑔h𝜇B𝐵 (9.2)

and, therefore, independent of the temperature. Well-studied materials with a large g-factor are
narrow bandgap semiconductors like InAs. Therefore, we will (in theory only) model a hybrid
structure comprising a lattice-matched (In,Ga)As/(In,Al)As QW with a plasmonic grating, similar
to our hybrid (Cd,Mn)Te/(Cd,Mg)Te structures presented before. The structure is intended to
emit photons with energies in the telecommunication spectral range (around 1600 nm or 0.78 eV),
which is widely used in optical fiber based applications [102]. Other lattice-matched semicon-
ductor heterostructures can also be viable candidates, e.g., the well-studied (In,Ga)As QW with
InP barriers [103], though a large hole g-factor is always of importance. Using these ternary
semiconductor alloys has the advantage that material properties like bandgaps and lattice constants
can be easily adjusted in the growth process by changing the composition. This theoretic model
for a temperature-independent hybrid structure for the TMRLE was first described in Ref. [48].

VBO

CBO

1hh

1e

1lh

InGaAsInAlAs InAlAs

E

z

L

Figure 9.8 Schematic presenta-
tion of the 1D QW potential for
electrons and holes used in the
model.

Exact values for the hole g-factor of an (In,Ga)As/(In,Al)As QW
structure are not available, so estimates of 𝑔h based on the effective
energy bandgap have to be made. In our case, this is the energy of
the 1e–1hh heavy hole optical QW transition. Belykh et al. directly
measured the g-factor of the holes in InAs/In0.53Al0.24Ga0.23As
self-assembled quantum dots (QDs) for various energies using time-
resolved ellipticity measurements in transmission geometry, reach-
ing an estimate of 3𝑔h ≈ 4 at 0.77 eV [104]. Terent’ev et al. re-
ported even larger hole g-factors up to 15 in a 4 nm InAs QW with
In0.75Al0.25As barriers in the photon energy range between 0.58 eV
and 0.72 eV, which they evaluated from magneto-PL data [105].
However, those structures would not be good candidates for emis-
sion routing because the lattice mismatch between their active
region and the surrounding barrier materials produces strain. This
increases the splitting between the heavy- and light-hole bands 𝛥lh,
which in turn reduces the achievable 𝑃c for the TMRLE, see Eq. (5.1).
Assuming the lower estimate of 3𝑔h = 4 for an (In,Ga)As/(In,Al)As
QW structure, the Zeeman splitting of the light-hole levels in Voigt
geometry would reach around 𝛥l,V = 0.15meV in a magnetic field
of 1 T.

Next, the material compositions of the (In,Ga)As/ (In,Al)As QW and its thickness 𝐿 need to be
optimized for emission around 1600 nm and a heavy-light-hole splitting 𝛥lh in the order of the
thermal energy 𝑘B𝑇c at the desired operating temperature. Additionally, the materials should be
lattice-matched to minimize the strain in the QW. We model the structure using a simple one-
dimensional QW potential with a finite barrier height, from which the ground state energy levels
of the electrons in the conduction band (1e) and heavy and light holes in the valence band (1hh
and 1lh) are calculated. Then, the PL emission energy and the heavy-light-hole splitting 𝛥lh can be
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deduced. A schematic presentation of such a one-dimensional QW potential is shown in Figure 9.8
with the QW width 𝐿 and the conduction and valence band offsets CBO and VBO that define the
finite depths of the QW potential for electrons and holes, respectively. 𝑧 is the growth direction
and 𝐸 is the energy. The effective masses of electrons 𝑚e/𝑚0 and holes (𝑚hh/𝑚0, 𝑚lh/𝑚0), the
bandgap energies 𝐸g of both QW materials and their lattice constants can be linearly approximated
from the known material properties of the binary constituents InAs, GaAs and AlAs. Note that the
effective masses of electrons and holes are different in the barrier and well materials. The material
properties of the binary constituents were taken from the recommended values in Ref. [103] and
are summarized in Table 9.1. The effective hole masses of the binary constituents were calculated
from the respective 𝛾𝑖 values. Additional bowing parameters for the interpolation were used if
available [103]. Now, the QW thickness 𝐿 and the composition of the two materials remain as
variable parameters, expressed by the respective In-content 𝑥𝑖. The QW thickness can be used to
optimize 𝛥lh, but it also influences the emitted photon energy.

Table 9.1 Material properties of the binary constituents used in the (In,Ga)As/(In,Al)As QW
calculations (recommended values from Ref. [103]) and resulting parameters for the ternary
materials In0.61Ga0.39As/In0.60Al0.40As.

𝐸g (eV) 𝛾1 𝛾2 𝑚hh/𝑚0 𝑚lh/𝑚0 𝑚e/𝑚0

InAs 0.417 20.0 8.5 0.333 0.027 0.026
GaAs 1.519 6.98 2.06 0.350 0.090 0.067
AlAs 3.099 3.76 0.82 0.472 0.185 0.150

(In,Ga)As 0.733 – – 0.374 0.047 0.040
(In,Al)As 1.322 – – 0.389 0.090 0.064

A good starting point for the calculations is the well-studied and lattice-matched heterojunction
In0.53Ga0.47As/In0.52Al0.48As, which has nearly identical InAs fractions and the valence band and
conduction band offsets 𝑉𝐵𝑂 = 520meV and 𝐶𝐵𝑂 = 190meV are known from experimental
data [103]. An 𝐿 = 10 nm thick QW results in the emission energy of about 0.872 eV (1420 nm) and
a heavy-light-hole splitting 𝛥lh = 23meV, which is equivalent to the thermal energy 𝑘B𝑇c at about
260 K. The material compositions need to be changed slightly for emission closer to 1600 nm. Using
In0.61Ga0.39As/In0.60Al0.40As with an 𝐿 = 12 nm thick QW leads to emission around 0.78 eV and a
heavy-light-hole splitting of 𝛥lh ≈ 19meV. This is still larger than the thermal energy 17meV at
200 K, which is reachable with cooling via the Peltier effect. A slightly lower splitting 𝛥lh would
increase the achievable 𝑃c for the TMRLE, but as a rule of thumb, it needs to be larger than the
thermal energy. In this composition, the two materials are still lattice matched according to the
approximated lattice constants [103]. The relative valence band and conduction band offsets are
assumed to be the same as above, with VBO = 26.8 % and CBO = 73.2 %. The emission energy is
approximated as the sum of the bandgap energy and the heavy-hole and electron ground-level
energy.

Using the estimated light-hole Zeeman splitting 𝛥l,V = 0.15meV at 1 T and 𝛥lh = 19meV results
in 𝑃c ≈ 0.82 % according to Eq. (5.1). This can be used to predict the directionality in a hybrid
plasmonic-semiconductor QW structure comprising the (In,Ga)As/(In,Al)As QW and a plasmonic
gold grating similar to the previously investigated DMS structures. The theoretical model based
on the scattering matrix method is described in Refs. [30, 48] and was also used to reproduce the
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9.5 TMRLE in Non-Magnetic QW Structures

experimental directionality data 𝐶(𝐸, 𝜃) correctly in Sections 5.2 and 8.5. It calculates the far-field
emission spectrum from QW emitters below the plasmonic grating with opposite polarization ±𝑃c,
which is the equivalent of opposite external magnetic field directions ±𝐵 in the experiment. Then,
𝜌(𝐸, 𝜃) is calculated according to Eq. (8.5) as the magnetic field induced change of the emission
intensity, which is equal to the directionality 𝐶 = 𝜌 in these calculations, see Eq. (8.6). The simulated
plasmonic grating is similar to that in our experimental studies with a slightly larger grating period
𝑎 = 420 nm, slit width 𝑤 = 70 nm, and 40 nm thickness of the gold bars. The (In,Ga)As QW is
separated from the grating by a 30 nm (In,Al)As cap layer and in the other direction from a GaAs
substrate by a 5 µm thick (In,Al)As buffer layer. The buffer thickness is fairly arbitrary, but the cap
layer thickness needs to be this small due to the evanescent nature of the SPPs towards the QW.
The energy-dependent refractive indices of gold and GaAs are based on experimental data from
Refs. [51, 94]. The refractive index for (In,Al)As was assumed as constant 𝑛 = 3.3 in the considered
energy range, based on similar compositions examined in Refs. [106, 107]. The contrast of the
background refractive indices of the (In,Ga)As QW and the (In,Al)As cap layer was neglected.
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Figure 9.9 (a)Modeling of the intensity spectrum 𝐼0(𝐸, 𝜃) of the light emitted from the hybrid
(In,Ga)As/(In,Al)As QW structure via plasmonic gold grating. An evenly distributed light emission
from interband optical transitions is assumed in this model for the depicted spectral range. The
intensity 𝐼0 is the average of the two oppositely elliptically polarized emitters in the QW 𝐼±𝐵 with
±𝑃c. Areas of high intensity (1), (2) highlight plasmonic branches. (b) Directionality 𝐶(𝐸, 𝜃) of the
light emitted from the QW with 𝑃c = ±0.82 %. A white line (𝜌 = 0) from 0.86 eV at 0° to 0.73 eV at
50° separates two areas of positive (4) and negative (3) directionality. Reproduced from [48].

The results of the model calculation are shown in Figure 9.9, with the light intensity emitted from
the hybrid structure 𝐼0(𝐸, 𝜃) in (a) and its directionality 𝐶(𝐸, 𝜃) in (b), both spectrally and angular
resolved. The intensity spectrum shown in Figure 9.9(a) is the average intensity for opposite
magnetic fields or oppositely polarized emitters in the QW 𝐼0 = (𝐼 (+𝐵) + 𝐼 (−𝐵))/2, which is
equivalent to 𝐵 = 0. Unlike in the experiments, where the emission from the QW is a relatively
sharp line with an FWHM of a few meV, the model assumes emission from optical transitions with
𝑃c = ±0.82 % in the full spectral range (0.7 eV− 1.0 eV) with an equal and independent contribution
to the emitted intensity. The intensity spectrum should, therefore, be considered as a response of
the hybrid structure to the uniform QW emission. It can be multiplied with the corresponding
emission spectrum of the QW structure to achieve a spectrum closer to the experiment. All these
assumptions are valid as long as the light hole contribution can be neglected, i.e. for 𝛥lh ≥ 𝑘B𝑇c.
The lines of high emission intensity, highlighted by (1) and (2), follow the SPP dispersion branches
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Chapter 9 TMRLE at Elevated Temperatures

at the metal-semiconductor interface. The two branches differ in the sign of their group velocity
∂𝜔/∂𝑘: If we consider only positive wave vectors, i.e. positive emission angles 𝜃 as shown here,
the lower mode (1) corresponds to SPPs with negative group velocity while the SPPs at the higher
energy mode (2) have a positive group velocity. For negative emission angles 𝜃 the situation is
inverse. Due to spin-momentum locking, the two modes with different energies have opposite
propagation directions and thus also opposite circular polarization in the 𝑦𝑧-plane (see Figure 3.3),
which is important for the coupling between the SPPs and the elliptically polarized emitters in the
QW that are controlled using the external magnetic field. This can be seen in Figure 9.9(b), which
shows the directionality of the emission 𝐶(𝐸, 𝜃) from the hybrid structure according to Eqs. (8.5)
and (8.6) in the same energy and angular range. Features in the directionality spectrum clearly
correlate with the SPP resonances in the emission spectrum on the left. When the photon energy is
scanned from the low energy to the higher energy mode for a given angle 𝜃, the sign of 𝐶 changes,
which is represented by a color change from red to white and blue. The directionality reaches
its maximum 𝐶 ≈ 5% close to the SPP resonances (see (3) and (4)) with opposite signs for each
branch due to the link between the SPP group velocity and the emitter polarization. For a given
emitter polarization, it preferentially couples to SPPs with the same circular polarization, so that
the coupling to the lower branch is strongest for one magnetic field direction and to the upper
branch for the opposite direction.

The model calculations demonstrate that routing of 𝐶 = 5% is possible in a temperature range up
to 200 K, assuming 𝑃c = 0.82 % for the (In,Ga)As/(In,Al)As QW structure discussed above. This
enables the application of the TMRLE at temperatures that are reachable using the Peltier effect
for cooling. It also offers a stable routing magnitude at lower temperatures because the routing
magnitude is mainly determined by the hole g-factor. The routing magnitude can be increased
by decreasing the heavy-light-hole splitting 𝛥lh in the QW. However, this will limit the operating
range to lower temperatures. Similarly, a larger splitting extends the operating range of the effect
to larger temperatures but at the cost of a lower achievable 𝑃c and, consequently, directionality 𝐶.
Furthermore, the grating parameters used in the simulation are not optimized. They can be tuned
further for a large directionality of emission at certain angles or energies by moving the plasmonic
resonance through the spectrum, making different parts overlap with the emitter spectrum.

Further tuning of the routing magnitude 𝐶 is possible by varying the cap layer thickness 𝑑 between
the QW and the plasmonic grating, which changes the coupling between the two systems. A 30 nm
cap was used most of the time for (Cd,Mn)Te/(Cd,Mg)Te as a good compromise between being
as thin as possible while functioning well as QW barrier. A thicker 250 nm cap layer was used to
disable the plasmonic enhancement of the TMRLE in Ref. [30]. In the (In,Ga)As/(In,Al)As model,
the cap layer thickness can be changed to show its influence on the expected emission directionality.
For these calculations, the photon energy is limited to 𝐸 = 0.8 eV and the emission angle to 15°, but
the cap thickness 𝑑 is varied and 𝑃c is scanned from 0 % to 100 %. Figure 9.10 shows the resulting
calculated dependence of the directionality 𝐶 on 𝑃c for cap layer thicknesses 𝑑 between 10 nm and
500 nm for the hybrid (In,Ga)As/(In,Al)As structure. In all cases, the directionality 𝐶 increases
linearly for 𝑃c < 20%. After that, a maximum directionality is reached for slightly larger 𝑃c, and it
decreases slowly for further increasing 𝑃c. This shows that 𝐶 = 100%, i.e. full control over the light
emission direction, can not be achieved by an ever-increasing external magnetic field. Regarding
the distance 𝑑 between the emitters in the QW and the semiconductor/metal interface, the model
shows the largest achievable directionality for 30 nm and not for the thinner 10 nm cap. This can
be attributed to the best match of the emitter polarization and that of the propagating SPPs. For
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larger cap layers, though, the directionality decreases for all 𝑃c as the interaction between the QW
emission and the evanescent SPPs at their interface decreases and is almost 0 for 𝑑 = 500 nm. This
distance is about equal to the light wavelength in the structure with 𝑛 = 3.3 [106, 107]. In general,
the penetration depth of the SPP field into a dielectric is about half the light wavelength in the
medium 𝜆/2 [108]. This was also the case for the hybrid (Cd,Mn)Te/(Cd,Mg)Te QW structures in
Ref. [30], where a 250 nm cap layer with 𝑛 ≈ 2.7 [50] did not show SPP enhancement of the TMRLE
anymore for the ≈ 750 nm emission from the QW. Furthermore, the SPP propagation length along
a flat gold/semiconductor interface is about one order of magnitude larger for (In,Al)As compared
to (Cd,Mg)Te at the respective emission wavelengths of 1600 nm and 750 nm. This is useful for
applications where the routing is supposed to happen directly on-chip and not for emitted light in
the far-field. The propagation length can be estimated as 𝛿SPP = (2 ⋅ Im(𝑘SPP))

−1 [108].
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Figure 9.10 Dependence of the directionality 𝐶 on
the degree of circular polarization 𝑃c for different cap
layer thicknesses 𝑑 from 10 nm to 500 nm in the hybrid
(In,Ga)As/(In,Al)As QW structure for light emitted at
0.8 eV and 15°. Adapted from [48].

This section focussed on the (In,Ga)As/(In,Al)As
QW system and showed its feasibility as a
source of a temperature-independent TMRLE.
However, every QW structure with a large
enough intrinsic g-factor is a possible candidate
for routing at large temperatures. Another pos-
sible candidate is an In0.53Ga0.47As QW with
InP barriers, which is also lattice-matched and
well-studied [103]. The main differences to the
system discussed here are the offsets of the va-
lence and conduction bands forming the QW
for the electrons and holes. In comparison, the
valence band offset is larger for (In,Ga)As/InP,
which creates a stronger confinement of the
holes in the QW and possibly a larger hole g-
factor. This needs to be verified and tested in
experiments, though.

9.6 Summary

In this chapter, the temperature dependence of the transverse magnetic routing of light emission
(TMRLE) from hybrid plasmonic-semiconductor QW structures was investigated, which show the
largest routing magnitude due to the coupling of the QW emission with surface plasmon polaritons
(SPPs) that possess spin-momentum locking. The key parameter determining the routing magnitude
for a given structure is the degree of circular polarization of the interband optical transitions 𝑃c in
the plane perpendicular to the magnetic field in Voigt geometry. For both the emission from the
light-hole and heavy-hole excitons, 𝑃c grows linearly with the applied magnetic field due to its
dependence on the Zeeman splitting of the light holes in the Voigt geometry 𝛥l,V, and it is inversely
proportional to the splitting between the heavy- and light-hole subbands 𝛥lh, see Eq. (5.1).

We showed with experimental data that the routing decreases with increasing temperatures in
structures based on the diluted magnetic semiconductor (Cd,Mn)Te due to the reduced giant Zeeman
splitting from the strong exchange interaction with the magnetic Mn-ions. It is proportional to
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the polarization of the Mn spins and can be described well using a modified Brillouin function. At
larger temperatures, the emission from light-hole excitons contributes to the directionality with
the opposite sign compared to the main emission from the heavy-hole excitons. This proves the
importance of the near-field interaction between the QW and the SPPs, as far-field effects would
not lead to routing in opposite directions. It was further shown that the temperature dependence
is similar for different periods of the plasmonic grating, and the comparison with an alternative,
similar semiconductor structure revealed the possible influence of modulation doping and the
resulting 2D-electron gas close to the QW on the cooling of the Mn-spin system and the TMRLE.
Finally, a non-magnetic, narrow bandgap (In,Ga)As/(In,Al)As QW structure was proposed for
temperature-independent TMRLE because its Zeeman splitting is based on the intrinsically large
hole g-factor in the QW and does not originate from the exchange interaction with magnetic
ions.
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Chapter 10

Weak Coupling of Surface Plasmons and
Exciton

Manymagneto-optical intensity effects, like the TMOKE (Chapter 4) and the TMRLE (Chapter 5), can
be enhanced significantly by combining magnetic and plasmonic materials into hybrid structures.
For the TMRLE, the enhancement of the routing magnitude from about 0.1 % to more than 4 % by
adding a plasmonic gold grating in close proximity to a (Cd,Mn)Te/(Cd,Mg)Te QW was first shown
in Refs. [30, 52], with new structures reaching up to 15 % in Chapter 8. With a plasmonic grating,
the QW emission is routed by first emitting into evanescent surface waves at the semiconductor-
metal interface, like surface plasmon polaritons (SPPs), which possess strong spin-momentum
locking [32]. This locking of their momentum direction to their polarization or transverse spin
enables the translation of the polarization 𝑃c of the exciton optical transition into a fixed propagation
direction of the SPP along the metal-semiconductor interface, and consequent directional emission
into the far-field via the periodic grating structure. For the TMOKE, an enhancement of at least one
order of magnitude was shown, e.g., for a plasmonic grating on top of a bismuth iron garnet film [15,
17], or close to the exciton resonances of a DMS (Cd,Mn)Te/(Cd,Mg)Te QW structure [60], see also
Section 4.4. Due to the large influence of the SPPs on the magneto-optical effects, the tuning of
the grating parameters is of great interest for possible applications and further enhancement of
magneto-optical effects, but also in revealing further insights into the magnetic environment close
to the surface.

This chapter will show the influence of the grating period and the grating slit width on the SPP-
enhanced directionality spectrum 𝜌(𝐸, 𝜃) and how the TMRLE can be used to probe the weak
SPP-exciton coupling. First, Section 10.1 shows the grating parameter influence on the reflection
and emission spectra, before Section 10.2 explains the TMRLE contributions of different surface
waves using the directionality spectrum from the 230 nm grating period measured in a larger
angular range. Next, Section 10.3 presents the grating period dependence of the TMRLE, and
Section 10.4 the dependence on the slit width. Following that, Section 10.5 explains the origin of an
unexpected hump-shaped deviation of the directionality that is connected to both the excitonic
and plasmonic systems and can be used to precisely probe their weak coupling and the dielectric
environment in general. Then, Section 10.6 shows the expansion of the existing theoretical model
to reproduce this coupling, and Section 10.7 shows why the TMOKE is not suited to probe the weak
coupling, although the excitons and SPPs clearly influence each others TMOKE contributions.

A publication about the data presented in this chapter is currently in preparation [109].

81



Chapter 10 Weak Coupling of Surface Plasmons and Exciton

10.1 Grating Parameter Influence on Optical Spectra
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Figure 10.1 Schematic SPP disper-
sion in the reduced zone scheme
for two grating periods 𝑎 < 𝑏
(blue, orange) and exciton emission
(gray).

As a quick reminder, it was shown in Chapter 3 that the interac-
tion between SPPs and light in the far field is not possible for a flat
metallic film due to the mismatch of their wavevectors 𝑘𝑦 and 𝑘SPP.
This mismatch can be overcome by introducing a period metal
structure like a periodic grating instead, which adds multiples of
the reciprocal lattice vector 2𝜋/𝑎 to the in-plane wavevector of
the incoming light 𝑘𝑦 [49]:

𝜔
𝑐
sin 𝜃 = 𝑘SPP ± 𝑚2𝜋

𝑎
. (10.1)

The left side is the in-plane component 𝑘𝑦 of the light with wave
vector 𝑘 = 𝜔/𝑐, and the right side comprises the plasmon wave
vector 𝑘SPP and the reciprocal grating vectorwith diffraction order
𝑚 = (0, 1, 2, … ). This creates additional SPP branches originating
from ±𝑚2𝜋/𝑎 that cross the light dispersion in the combined
dispersion diagram. Changing the grating period 𝑎, therefore,
changes the energy 𝐸(𝑘) of the diffracted SPP branches. This is
shown schematically in the reduced zone scheme in Figure 10.1
for two different grating periods 𝑎 < 𝑏 in blue and orange, re-
spectively. For 𝑏, the SPP dispersion is folded back at smaller 𝑘𝑦,

which movies the diffracted branches to lower energies, see also Eq. (10.1). The exciton emission at
a constant energy is shown as a reference in gray. For the TMRLE, TMOKE, and other magneto-
optical effects, this results in a modified spectral dependence of the resonant enhancement of their
magnitude at the resonances, see e.g. Sections 4.4 and 5.4.

In the reflection and emission spectra 𝐼 (𝐸, 𝜃) of the structures, this is visible as a changing 𝐸(𝜃)
dependence of the SPP resonances. As an example, the top row of Figure 10.2 shows spectra of
the light intensity reflected from four grating periods ranging from 230 nm to 260 nm. Here, the
p-polarized reflection spectra containing the SPP resonances are normalized with the s-polarized
spectra that do not contain the SPPs to reduce the influence of intensity oscillations from interference
effects (compare Figure 8.2(b)). The SPP resonance at the gold/(Cd,Mg)Te interface is best visible
for the 260 nm grating period as a minimum in the reflected light intensity that appears around
1.55 eV at large reflection angles and moves to smaller angles with increasing energy. For increasing
(decreasing) grating periods 𝑎, the SPP resonance moves to lower (higher) energies in the reflected
intensity spectrum. This matches the expected effect of the changing zone border ±𝜋/𝑎, where
larger 𝑎 move the border to smaller values, decreasing the diffracted SPP energy, see Figure 10.1.
The bottom row of Figure 10.2 shows the intensity spectra of the p-polarized QW emission for the
same gratings, but in a narrower spectral range. It is highlighted by dashed lines in the reflection
spectra above. The emission intensity is centered around 1.68 eV with a spectral width of about
10meV for all grating periods 𝑎. However, the angular distribution of the emitted intensity is
influenced by 𝑎: Following the shifting SPP dispersion sweeping across the exciton emission line,
the emitted intensity is highest at large angles for 𝑎 = 230 nm and shifts towards smaller angles
with increasing grating periods. The s-polarized emission from the QW is not influenced by SPPs
and has the same angular intensity distribution for all grating periods (not shown here).
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Figure 10.2 For grating periods from 230 nm to 260 nm of the hybrid structure: Top row: Relative
intensity 𝐼p/𝐼s of reflected p- and s-polarized light, highlighting the shift of the SPP dispersion
towards lower energies for increasing grating periods. Bottom row: Intensity spectra (arb. units)
of the QW emission in p-polarization. Dashed lines in top row correspond to narrower spectral
range in the bottom row.
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Figure 10.3 Schematic SPP disper-
sion in the reduced zone scheme
for small (red) and larger grating
slits 𝑤 (green), and the exciton
emission (gray).

Similar behavior occurs for different slit widths 𝑤 of the gold
grating, which are generally kept small compared to the gold
bar width to best support propagating SPPs and enable their far-
field interaction through the periodicity. The influence of the slit
width on the SPP dispersion 𝐸(𝑘) is less direct than that of the
periodicity. The slits lead to the formation of energy gaps in the
SPP dispersion at the borders of the reduced zone scheme at 𝑘𝑦 = 0
and 𝜋/𝑎, which shifts the folded SPP branches to higher energies.
This is shown schematically in Figure 10.3. The red curve (dash-
dotted) corresponds to negligibly small slits and energy gaps,
and the green curve shows the case for larger slits, where the
resulting bandgaps shift both diffracted SPP branches to higher
energies. This energy gap formation between the plasmonic
branches can be explained by the reduced translation symmetry
of the grating for larger slits, which is, in a sense, similar to the
energy gap between the acoustic and optical phonons branches
in the classical model of a periodic crystal lattice. For phonons,
the energy gap at the zone border is proportional to the mass
difference in the two-atomic base of the periodic lattice, which
corresponds to a reduction of the translation symmetry [110].
This basic explanation is supported by simulations of the SPP dispersion. The SPP resonances in
the resulting spectra can be fitted well using the folded analytical SPP dispersion from Eqs. (3.3)
and (3.5) with two additional fitting parameters that depend only on the slit width: the frequency
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shift and the coupling of the dispersion branches. Figure 10.4 shows supporting experimental data
of the light intensity emitted from the QW for gratings with a 240 nm period but different slit
widths 𝑤 between 40 nm and 60 nm. For increasing slit widths, the emission maximum connected
to the SPP resonance shifts to larger emission angles 𝜃. This trend is also apparent in whitelight
reflection spectra (not shown here), where an increase in slit width moves the SPP absorption curve
to higher energies. Note that the slit width values have an uncertainty of a few nm due to the
lift-off processing, as discussed in Section 6.1.
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Figure 10.4 For 240 nm grating period: Intensity spectra (arb. units) of the QW emission in
p-polarization for grating slit widths from 40 nm to 60 nm.

As a quick summary, both the grating period 𝑎 and the slit width 𝑤 have a noticeable impact on the
position of the SPP resonance, and both should be considered for specifically tailored emission or
reflection characteristics. Consequently, both parameters impact SPP-enhanced magneto-optical
effects like the TMRLE and TMOKE, which will be discussed in the following sections. This chapter
focuses mostly on the influence of the grating period, as it has a larger influence on the spectra and
magneto-optical intensity effects. The slit width can, however, be used for finer tuning of the SPP
dispersion or to reveal more or less of the semiconductor structure below, e.g. to allow for better
excitation through the grating.

10.2 TMRLE Contributions of Different Surface Waves

In the previous Chapters 8 and 9, the directionality of the emission due to the TMRLE was mostly
studied on hybrid plasmonic semiconductor structures comprising plasmonic gratings with a
250 nm grating period. It showed a significant enhancement of the emission routing compared to a
bare (Cd,Mn)Te/(Cd,Mg)Te QW structure while also possessing a flat and easy-to-understand direc-
tionality spectrum 𝜌(𝐸, 𝜃) without any sharp features because of the advantageous position of the
SPP resonance at small emission angles (see e.g. Figure 8.5). As shown in the previous Section 10.1,
different grating periods 𝑎 shift the SPP resonances through the spectrum and, therefore, also their
resonant influence on the directionality spectra. This generally leads to more complex directionality
spectra while also revealing further details about the SPP influence on the directionality and the
interaction of the excitons in the QWwith the SPPs. This section will first discuss the directionality
spectrum measured on the hybrid structure with a 230 nm grating period and explain it in detail,
also focussing on a resonant directionality feature at the intersection of the excitonic and plasmonic
resonances, which indicates a coupling of the two systems. The following sections will then dive
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10.2 TMRLE Contributions of Different Surface Waves

deeper into the period and slit width dependence of the directionality to give further insight into
this coupling.

The main (Cd,Mn)Te/(Cd,Mg)Te QW structure is covered in several spatially separated gold gratings
with varying periods from 200 nm to 800 nm. Each grating period exists five times with different
slit widths. For further information on the structure, see Section 6.1. For most of the following
measurements, the sample was placed at an angle of about 22.5° with respect to the optical axis.
This results in a larger detectable range of emission angles between 𝜃 = 0° and 45° instead of the
usual symmetric ±23.5°. All measurements were performed at about 𝑇 = 4K sample temperature
and with an external magnetic field of 𝐵 = ±485mT.
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Figure 10.5 For the hybrid structure with 230 nm grating period: (a) Experimental directionality
𝜌(𝐸, 𝜃) at 𝑇 = 4K and 𝐵 = 485mT according to Eq. (8.5). Dashed line indicates the first-order
diffracted beam, see Eq. (10.2). (b) Simulated directionality 𝐶(𝐸, 𝜃) using the theoretical model
presented in Refs. [30, 48] with 𝑃c = 0.09.

As an example the directionality 𝜌(𝐸, 𝜃) of the QW emission according to Eq. (8.5) for the 230 nm
grating period is shown in Figure 10.5(a). The colors red and blue represent opposite signs of
𝜌 and their saturation the magnitude. Therefore, blue (positive 𝜌) indicates that more light is
emitted for positive than negative magnetic fields and vice versa for red. The directionality 𝐶 as the
antisymmetric part of 𝜌 according to Eq. (8.6) can not be calculated in the larger, non-symmetric
angular range. However, 𝜌 = 𝐶 can be assumed here because the large-angle TMRLE measurements
closely match those done in the smaller angular range on the same gratings, and 𝜌 will be called
directionality, like for all previous measurements. The SPP resonance of the 230 nm grating is
located at larger angles than the 250 nm grating. Consequently, the directionality spectrum 𝜌(𝐸, 𝜃)
in Figure 10.5(a) differs from those of the 250 nm grating. As shown in Chapter 9, those were mostly
flat and uniform, and showed a positive directionality 𝜌 (blue) for the whole positive angular range
up to 23.5°. The directionality from the 230 nm grating, on the other hand, has the opposite sign at
small angles (red) but prominently features a sign change (white line) around 𝜃 = 25°. Therefore,
the light emitted at small angles is routed in the opposite direction by the magnetic field than the
light emitted at the same energy but large angles. The largest routing takes place close to the
emission maximum around 𝐸 = 1.68 eV and 𝜃 = 30° with up to 𝜌 = 14%, which can be assigned
to the optimal interaction between the QW and the SPPs with spin-momentum locking. Both
the sign change of the directionality and the routing maximum are close to the SPP resonance,
which is located around 𝜃 = 20° to 30° for the 230 nm grating according to the reflection spectra
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Chapter 10 Weak Coupling of Surface Plasmons and Exciton

in Figure 10.2. This sign change close to the SPP resonance is also in accordance with our model
of the TMRLE described in Refs. [30, 48]: The large positive directionality (blue) originates from
the strong routing contribution of the diffracted SPPs that was already discussed in the previous
chapters for the 250 nm grating. The weaker negative directionality at small angles (red), on the
other hand, can be attributed to evanescent photonic modes that exist for arbitrary 𝑘𝑦. They also
propagate along the plasmonic interface but possess weaker electric fields, which leads to less
directional emission [30]. The sign of the transverse spin of the SPPs and the photonic modes are
energy-dependent and can be opposite or equal for a given 𝑘𝑦. Therefore, their contribution to the
TMRLE can also be opposite or equal and thus compensate or enhance each other. These opposite
directionality contributions are responsible for the sign change in Figure 10.5(a).

spacer light conespacer light cone

ky

E

R L
R'L'  L0 R0

Figure 10.6 Schematic presentation of the relevant dispersion relations for the near-field enhanced
TMRLE and their contribution to the directional emission in the far-field (red/blue). SPP0L/R
represent the SPP dispersions at a homogeneous metal film and SPPL/R the branches diffracted by
the periodic grating. L0/R0 are the corresponding photonic modes at the homogeneous film, and
R/R′, L/L′ those shifted by the periodicity. Reproduced with permission from [30].

A schematic presentation of these competing and enhancing contributions to the near-field TMRLE
is depicted in the dispersion diagram of Figure 10.6. It shows the resonant SPPs as thick lines and
the arbitrary photonic modes as colored patches, and the colors red and blue represent opposite
transverse spins and, therefore, contributions to the emission directionality 𝐶. The two outer areas
of the diagram at large |𝑘𝑦| represent the dispersion relations for a sample with a non-periodic,
homogeneous metal film, namely SPP0L/R of the SPPs and L0/R0 of the photonics modes close to
the light dispersion line (black). Both route the emission in the same direction along the plain
metal film, as indicated by the matching colors. The directionality contribution is strongest for the
resonant SPP branches and for the photonic modes just below the light dispersion lines. There, the
electric field 𝐸 ∝ e−|𝑘𝑧𝑧| is large due to small 𝑘𝑧.
We are, however, interested in the dispersion relations diffracted by the periodic grating, which
enables the directional emission of the routed surface waves. Those modes are shown in the center
of the diagram between 𝑘𝑦 = ±𝜋/𝑎, and each mode here was translated by the reciprocal grating
vector ±2𝜋/𝑎. The SPPs are labeled SPPL/R, and R, R′, L, and L′ mark different regions for the two
photonic modes along the black lines. The different modes with opposite contributions (red/blue)
overlap and can either enhance or reduce the directional emission. Most interesting are the regions
R and L, where the photonic modes with opposite spins overlap with each other and with the
folded SPP branches SPPL/R that possess the largest transverse spin. The region L, for example,
is crossed by both SPP branches, with SPPL enhancing the TMRLE and SPPR reducing it due to
opposite spins. Because of the overlap of the left- and right-propagating waves in the center, the
sign of the transverse spin (and thus of the TMRLE contribution) changes at the borders L′-R
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10.3 Period Dependence of the Emission Routing

and R′-L. This corresponds to the sign change of the TMRLE in Figure 10.5(a), which is further
enhanced by the presence of the SPP mode. The directionality is largest in R′ and L′ because the
opposite contribution vanishes, and the SPPs and photonic modes enhance each other. By changing
the grating period 𝑎, the origins of the diffracted modes change, and so does the overall routing
spectrum that results from the overlap and interplay of all the different contributions. [30, 52]

Returning to the experimental TMRLE data in Figure 10.5(a), the step-like increase of the direc-
tionality to the right of the sign change due to the appearance of the first-order diffracted beam
also occurs here. As a guide to the eye, the dashed black line shows the first-order diffracted beam
according to

𝜃 = arcsin (𝑚𝜆
𝑎
− 𝑛d) , (10.2)

with the emission angle 𝜃, light wavelength 𝜆, grating period 𝑎, refractive index of the dielectric
(Cd,Mg)Te 𝑛d according to [50], and 𝑚 = 1 for the first order in this case. It reproduces the step-
like directionality increase well, albeit at slightly smaller angles. Thin lines of weakly oscillating
directionality from the interference of waves reflected at the sample backside are also visible to the
right of the dashed line, which was already discussed for Figure 8.5.

Finally, the most notable feature of the directionality 𝜌(𝐸, 𝜃) in Figure 10.5(a) is located close to
the emission maximum at 1.681 eV. Here, the white line deviates from the expected monotonic
trend set by the SPP dispersion, and a hump of positive directionality 𝜌 (blue) is formed towards
lower emission angles. This resonant feature is present for all other grating periods that feature
the sign change of 𝜌 at the SPP resonance. For comparison, Figure 10.5(b) shows the simulated
directionality spectrum 𝐶(𝐸, 𝜃) based on the theoretical model presented in Refs. [30, 48] and briefly
in Sections 8.5 and 9.5. It will be discussed in more detail later in this chapter. Compared to the
experimental data in Figure 10.5(a), the off-resonant shape of the TMRLE signal is reproduced
well. It features the same slope and position of the sign change, and the oscillating far-field
effects are also present, although with a slightly overestimated contribution. Notably, though,
the directionality hump close to the QW resonance is absent and can not be reproduced with
different sets of simulation parameters either. This suggests a feature or an interaction taking
place that is not yet included in the theoretical model and the corresponding simulations. Its
position in the directionality spectrum close to both the semiconductor QW emission resonance
and the sign change as a feature of the periodic grating and the SPPs hint at an interaction between
the two systems that is worth investigating further. The remainder of this chapter will present
the dependence of the directionality signal on several parameters of the hybrid structure, like
the grating period or the QW resonance energy. In the process, the origin of the hump-shaped
deviation will be revealed as a local contributions of the excitons to the dielectric environment of
the semiconductor which, in turn, influences the plasmonic dispersion. This resonant influence in
the TMRLE reveals the weak coupling between the excitons and SPPs.

10.3 Period Dependence of the Emission Routing

The directionality 𝜌(𝐸, 𝜃)wasmeasured for different grating periods at 𝑇 = 4K andwith 𝐵 = 485mT.
The directionality spectra for five grating periods 𝑎 between 210 nm and 250 nm are shown in
Figure 10.7 as an example. Here, the shift of the SPP resonance towards lower energies and thus
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Figure 10.7 Directionality spectra 𝜌(𝐸, 𝜃) for different periods of the plasmonic grating from
210 nm to 250 nm in the larger angular range of 0° to 45° and at 𝑇 = 4K with 𝐵 = 485mT. The
grating slits are 50 nm wide. Dashed line indicates the first-order diffracted beam, see Eq. (10.2).

smaller angles for increasing grating periods 𝑎 is directly visible in the directionality spectra,
where the sign change (white line) shifts accordingly (see the reflection spectra in Figure 10.2 for
comparison). For 210nm, the directionality is negative (red) and fairly flat for the depicted angular
and spectral range. The SPP resonance has no influence on the directionality in this range, and the
directionality is mainly facilitated by the photonic modes at the metal/semiconductor interface.
Additionally, the weak oscillation of the signal along the diagonal axis (top left to bottom right),
which originates from the interference of directly emitted and backside-reflected light, is well
visible in this spectrum (see Section 5.2 for details). The routing magnitude ranges from around
𝜌 = −5% in the valleys up to −7.5 % in the maxima.

For 220nm, the dispersion relations of the diffracted optical modes are shifted, and the sign change
of 𝜌 appears at large emission angles. It also features the notable hump-shaped feature at the
emission maximum around 1.68 eV. The appearance of the first-order diffracted beam according to
Eq. (10.2) was added as a guide to the eye (dashed line), and also moves inwards with increasing
grating periods. The part of the directionality spectrum shown in red remains largely unchanged,
as it comprises the non-resonant photonic modes and the weak oscillations originating from
reflections in the semiconductor part. The spectrum for 230nm was already shown in Figure 10.5.
It continues the trend of the inwards-shifting diffracted modes, resulting in a larger portion of the
measured range now colored blue (positive 𝜌). The directionality reaches up to 14 % close to the
sign change due to the combined near-field contributions from the resonant SPPs and photonic
modes with the same sign. The hump feature follows the inward moving sign change and sticks
to the QW emission maximum. For 𝑎 = 240nm, the resonant SPP contribution moves further
toward lower angles, and the directionality hump reaches 0°. Contributions from three different
surface waves are present in the spectrum, marked (1)–(3): The maximum directionality at 20°
follows the shifting SPP dispersion with up to 𝜌 = 14% (1), assisted by the photonic mode with
the same directional contribution. The directionality decreases for larger angles (e.g. 40°), where
the influence of the SPP resonance diminishes and the photonic modes prevail (2). Lastly, the
photonic modes with the opposite directionality sign are still present at low energies and angles (3).
This spectrum demonstrates the competition and enhancement of the overlapping modes in the
directionality spectrum well, which were discussed in Figure 10.6. Directionality spectra from the
240 nm grating featuring the hump were already shown in Section 9.3 on the TMRLE temperature
dependence. Finally, the SPP dispersion moves further inwards in the 250nm spectrum, where 𝜌 is
now mostly positive (blue), and the SPP enhanced maximum of the directionality is located between
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10.3 Period Dependence of the Emission Routing

10° to 15°, as was seen in all previous measurements on the 250 nm grating, e.g. in Chapter 9. The
directionality at large angles is dominated by the photonic modes. This case is similar to the 210 nm
spectrum, which featured only photonic modes with the opposite sign. A further increase of the
period leads to a lower maximum directionality as the SPP resonance reaches 0°.
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Figure 10.8 Directionality spectra 𝜌(𝐸, 𝜃) for grating periods between 280 nm and 320 nm in the
larger angular range of 0° to 45° and at 𝑇 = 4K with 𝐵 = 485mT. Note the lower colorbar limits
than in Figure 10.7. The dashed line indicates the first-order diffracted beam, see Eq. (10.2).

Figure 10.8 shows the directionality spectra 𝜌(𝐸, 𝜃) for the larger periods from 280 nm to 320 nm.
Starting at 280 nm, the opposite SPP branch appears at 0° and shifts towards larger angles. This SPP
branch with the opposite propagation direction originates from 𝑘𝑦 = −2𝜋/𝑎 instead of 2𝜋/𝑎 and has
the opposite directionality contribution. This branch enhanced the directionality at the negative
emission angles for 𝑎 < 250 nm according to 𝜌(𝜃) = −𝜌(−𝜃). The SPP with negative directionality
(red) shifts to larger angles for increasing 𝑎 and is always accompanied by the directionality hump
at the emission maximum at 1.68 eV. The directionality resulting from this SPP branch is notably
smaller at only 𝜌 = −2.5 % (1) compared to 6 % in the blue regions (2), most likely due to opposite
directionality contributions from the SPP and the photonic modes that compensate each other.
This is best apparent for the 320 nm period, where the directionality at low angles almost vanishes
with only non-resonant contributions with opposite signs remaining.

The resonant influence of the SPPs on the directionality spectrum repeats for larger grating periods
𝑎 once the second and third-order SPPs (originating from ±4𝜋/𝑎 and ±6𝜋/𝑎) shift into the spectral
and angular range of the experiment. Crucially, the directionality hump is also present for the
higher-order SPP branches. This is shown in the directionality spectra of Figure 10.9(a) for the
440 nm and 640 nm gratings in comparison with the 230 nm grating. All three spectra show a
similar directionality 𝜌(𝐸, 𝜃), with only the leading hump of the SPP-enhanced directionality visible
at large angles. Overall, the directionality from the photonic and resonant SPP modes decreases for
the increasing grating periods.
These two trends of repeating directionality spectra for larger grating periods but with decreasing
overall magnitude are also evident in Figure 10.9(b). It shows the average directionality 𝜌 of the
light emitted in a 10meV window around 1.68 eV and between 14° − 16° in dependence on the
grating period 𝑎 from 210 nm to 800 nm. The data are taken from two measurement series: those
measured in the larger angular range for grating periods between 210 nm and 320 nm (blue circles)
and those in the smaller, symmetric range for 320 nm−800 nm (orange squares). Starting at 210 nm
with 𝜌 = −4%, the directionality is negative until the SPP-enhanced directionality contribution
crosses 15° and flips the sign at 240 nm. The maximum 𝜌 at this angle is reached on the 250 nm
grating and decreases afterward until it changes sign again for 290 nm when the opposite SPP
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Figure 10.9 (a) Directionality spectra 𝜌(𝐸, 𝜃) for the grating periods 230 nm, 440 nm and 640 nm
between 𝜃 = ±23.5° and at 𝑇 = 4K with 𝐵 = 485mT. (b) Directionality 𝜌 of light emitted in
a 10meV windows around 1.68 eV and between 14° − 16° for grating periods 𝑎 from 210 nm to
800 nm. Blue circles and orange squares mark data from two different measurement series.
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10.4 Slit Width Dependence of the Emission Routing

appears. The next SPP branch crosses 15° at 𝑎 = 480 nm with 𝜌 up to 5 % and still 3 % for the
third SPP branch at 𝑎 = 680 nm 𝜌 is negative between those maxima due to the SPP branches with
opposite group velocity. This periodic repetition of the SPP influence on the directionality neatly
fits the schematic depiction of the dispersion relations in Figure 10.6, where all left-propagating
SPP branches (negative d𝜔/d𝑘, blue) have the same sign of directionality contribution and all
right-propagating branches (positive d𝜔/d𝑘, red) the opposite sign. Note that the SPPs enhancing
the directionality for the 200 nm − 300 nm range are the lowest possible order, as they originate
from ±2𝜋/𝑎, and a further reduction of the grating period will not increase the routing magnitude
further.

To quickly summarize, the sign change in the directionality spectra follows the SPP resonance for
different grating periods. The hump-shaped feature is present for all grating periods with the sign
change in the measured range and it sticks to the sign change. This suggests a connection to the
SPPs. At the same time, it is always close to the energy of the QW exciton resonance at 1.68 eV,
which suggests a connection to the semiconductor part of the hybrid structure.

10.4 Slit Width Dependence of the Emission Routing

Emission angle 3

E
ne

rg
y 

(e
V

)

Slit width: 40nm

-20° 0° 20°

1.66

1.68

1.7
45nm

-20° 0° 20°

50nm

-20° 0° 20°

55nm

-20° 0° 20°

60nm

-20° 0° 20°
-15

0

15

;
 (

%
)

Figure 10.10 Directionality 𝜌(𝐸, 𝜃) for various widths of the grating slits from 40 nm to 60 nm
with a 240 nm grating period, in the angular range between ±23.5°.

Another parameter of the plasmonic grating that influences the SPP dispersion is the width of
the slits 𝑤. It can, therefore, be used to verify the plasmonic involvement in the hump-shaped
directionality feature. In general, the slits in the metal film are kept small compared to the grating
period. This keeps the interface similar to a planar metal film supporting propagating surface waves
and enables the far-field interaction of the waves (e.g. SPPs) with photons due to the periodicity of
the grating. The directionality 𝜌(𝐸, 𝜃) was measured on the five grating structures with varying slit
widths 𝑤 from 40 nm to 60 nm for the 240 nm grating period. Note that the actual slit width has an
uncertainty of a few nm from the lift-off processing, according to Section 6.1. Their emission spectra
were already presented in Figure 10.4 and showed a shift of the SPP-related emission maximum
from larger to smaller angles 𝜃 for increasing slit widths. The corresponding 𝜌(𝐸, 𝜃) spectra are
shown in Figure 10.10 in the smaller angular range between ±23.5°. Starting with the 240 nm/50 nm
grating (period/slits) in the center, the sign change of 𝜌 is depicted as a white line for low energies,
and the hump-like directionality feature at 1.68 eV extends to smaller angles and reaches 0°. The
maximum directionality of 15 % is reached near the hump. The same grating was also measured
in the large angular range with similar results, see Figure 10.7 for comparison. Increasing the
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slit width 𝑤 up to 60 nm moves the diffracted SPP resonance to higher energies and shifts the
directionality sign-change to larger angles. At the same time, the hump becomes less pronounced.
The routing magnitude 𝜌 decreases from a maximum of 14 % to about 8 %, although it is unclear if
the overall routing magnitude decreases or if the routing maximum shifts to angles outside the
measured range. Decreasing the slit width to 40 nm has the opposite effect and moves the SPP
resonance towards lower energies and, therefore, the sign change of 𝜌 further towards 𝜃 = 0°.
Consequently, the hump feature is no longer distinguishable, and the 240 nm/40 nm directionality
spectrum looks similar to the usual 250 nm/50 nm spectrum shown in the previous chapters. The
maximum directionality decreases to about 𝜌 = 10%.

These results suggest that the slit width can be used for further fine-tuning of the spectral and
angular dependence of the TMRLE, or to reduce or increase the transmitted or reflected light
intensity by changing the percentage of the surface that is covered in gold. However, the slits can
not be made arbitrarily wide because they cease to support propagating SPPs. The hump-shaped
directionality feature seems to be influenced slightly by the slit width and decreases in size for
larger slit widths, but this small data sample does not allow for a general conclusion. It is possible
that the SPP dispersion changes more than the other directionality contributions, e.g. the arbitrary
photonic modes or the step-like increase of 𝜌 linked to the appearance of the first-order diffracted
beam (Eq. (10.2)). This would support the theory of a connection between the hump-like feature
and the SPP resonances.

10.5 Probing the Weak Coupling
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Figure 10.11 Comparison of the directionality spectra 𝜌(𝐸, 𝜃) from (a) the main sample (240 nm
grating) and (b) the alternative sample (230 nm) with different QW emission energies (dashed
lines). The routing magnitude 𝜌 in (b) is doubled for a better comparison.

The measurements of the directionality 𝜌(𝐸, 𝜃) for the different grating periods in Section 10.3
link the hump-like deviation to both the semiconductor QW part of the hybrid structure, and the
periodic grating and the SPPs. Regarding the connection to the QW, the hump always manifests
close to the energy of the QW emission maximum at approximately 1.68 eV, independent of the
grating period. To verify this, the directionality spectra of the main sample can be compared to
those from the alternative sample, whose emission maximum is at lower energies of approximately
1.67 eV due to a slightly different QW composition. This comparison is shown in Figure 10.11
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with the directionality spectra of (a) the main structure with a 240 nm grating period and (b) the
alternative structure with a 230 nm grating period. The routing magnitude 𝜌 in (b) is doubled for
a better comparison, and the grating periods were chosen for their similar directionality spectra
with a clearly visible hump. The directionality signal in (b) is noisy above 1.69 eV because no light
was detected, and the same is true for the lower energies in (a). In both cases, the hump is located
close to the respective emission maximum, which is highlighted by a dashed line. This confirms
the connection between the hump-shaped feature and the QW emission energy and, thus, with the
semiconductor QW structure.

At the same time, the hump-shaped directionality deviation is also connected to the periodic
grating structure, as it follows the SPP resonance and its larger directionality through the spectra
for changing grating parameters, see Sections 10.3 and 10.4. This is true for the first-order diffracted
SPP in Figure 10.7 and the higher-order ones in Figures 10.8 and 10.9(a). Similarly, altering the slit
width for a set grating period also shifts the SPP resonance, which in turn affects the directionality
hump as seen in Figure 10.10. Because the hump is also pinned to the QW emission energy, it
can not originate from the SPPs alone. In that case, it would need to shift up and down in energy
together with the SPP dispersion. Instead, the grating parameters only influence the emission angle
𝜃 at which the hump appears. Furthermore, such a SPP dispersion feature would appear in the
directionality simulations for the hybrid structure, which uses a more sophisticated model than
the analytical approximation of the SPP dispersion for a flat metal film according to Eq. (3.3), even
with the added influence of the periodic grating according to Eq. (3.5). Similarly, other optical
resonances that are influenced by the periodicity of the grating are also ruled out as the sole origin
of the feature for the same reason.

Therefore, the most obvious explanation for the hump-shaped deviation of the directionality, which
is connected to the SPP dispersion and always located at the energy of the QW emission, is a local
contribution of the excitons to the dielectric environment at the metal/semiconductor interface.
This change of at the exciton resonance energy is felt by the SPPs and changes their dispersion
relation (Eq. (3.3)) locally at that energy, which leads to the hump-shaped deviation of the plasmon-
enhanced emission directionality 𝜌. This SPP dispersion change can not be seen in the whitelight
reflection spectra in Figure 10.2, where the SPP resonance appears as a spectrally broad intensity
dip. The induced deviations are small compared to the spectral width of the resonance and are,
therefore, not noticeable. This is further exacerbated by the additional interference patterns in
those reflection spectra. On the contrary, the sign change of the directionality 𝜌 linked to the
SPP resonance is sharp and well-defined in the TMRLE spectra due to the easy-to-follow white
line of the sign change in the 𝜌(𝐸, 𝜃) spectra. Consequently, a small deviation of the otherwise
monotonous SPP dispersion is clearly visible in the TMRLE spectra along the white line as the
hump-shaped feature.

This sensibility of the TMRLE to small changes in the SPP dispersion can be used to reveal the
coupling between the excitons in the QW and the SPPs at the nearby interface in detail. The
coupling between the two elementary excitations in the hybrid plasmonic semiconductor structure
is in the weak regime, because a strongly coupled system would show a splitting at the crossing of
the two resonances. Strong coupling between excitons and SPPs is generally not easy to achieve.
It has been established mostly in organic semiconductors and transition metal dichalcogenides
(TMDCs), where resulting Rabi splittings in the order of hundreds of meV were reported [111–
113]. This hybridized mode is also termed plexciton resonance [114]. In inorganic semiconductors
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like (Cd,Mn)Te, strong coupling is difficult to achieve due to the low oscillator strength of the
excitons [115]. Moreover, the typical assumption for weak coupling in such structures is that the
plasmon energy spectrum remains unchanged while the exciton emission is accelerated due to
the Purcell effect. However, the detection of the weak coupling in this way is difficult because
the accelerated exciton lifetime can also originate from non-radiative mechanisms that are not
connected to the coupling [111, 116]. Nevertheless, the inverse influence from the excitons on the
SPPs via contributions to the dielectric environment are apparent and probed with high sensitivity
in our hybrid structure via the TMRLE. These results can, e.g., be used for tuning the plasmonic
dispersion in these materials, or to probe the weak interaction in more detail, which is usually
difficult to achieve. Furthermore, due to its sensitivity to the dielectric environment, the TMRLE
close to the SPP resonance could also be used as a sensor for changes in the dielectric environment
in general, not just for those induced by the excitons.

10.6 Expanded Theoretical Model
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Figure 10.12 Simulated directionality spectra 𝜌(𝐸, 𝜃) for plasmonic grating periods from 210 nm
to 250 nm with the extended model comprising the excitonic influence on the permittivity . The
corresponding experimental data is shown in Figure 10.7.

The contribution of the excitons to the dielectric environment was not part of the theoretical model
used to simulate the TMRLE in Refs. [30, 48, 52], based on the scattering matrix method. The
modeled structure comprises a thick layer of non-magnetic (Cd,Mg)Te on top of a GaAs substrate,
with the additional gold layer on top for the plasmonic resonance. Each layer is described via its
dielectric function, which is not influenced by the magnetic field. Crucially, the thin magnetic
(Cd,Mn)Te QW layer, from which the exciton emission originates, is not considered as a separate
layer due to the similarity with the refractive index of the surrounding (Cd,Mg)Te layers. Instead,
the excitons are described as circular dipole emitters placed 30 nm from the surface at the position
of the magnetic QW, and their circular polarity ±𝑃c is inverted with the external magnetic field.
Therefore, the exciton resonance does not have an influence on the dielectric functions of the
structure, and consequently, on the SPP dispersion and its TMRLE contribution. This was shown
in Figure 10.5 in the comparison of the experimental directionality data 𝜌(𝐸, 𝜃) with the simulated
spectrum of this model, where the latter did not show the hump-shaped directionality feature.

To include this influence of the exciton resonance on the SPPs and their coupling, the model
was expanded by A. N. Poddubny and V. Zakharov for the upcoming publication [109]. The
expansion is based on the model of hybridized light-hole and heavy-hole states at weak magnetic
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fields and their resonant influence on the permittivity introduced in Ref. [60] for a similar
DMS (Cd,Mn)Te/(Cd,Mg)Te structure. There, it is used to describe the enhanced TMOKE from
the bare QW structure in the vicinity of the QW exciton resonances, but it can be used equally
well to improve the TMRLE simulations. The permittivity tensor of the semiconductor material
is modified by resonant contributions from the heavy-hole (hh) and light-hole (lh) excitons in
the form = b(1 + 𝜒hh + 𝜒lh) with the background permittivity b, see Ref. [60] for details.
Following the nomenclature from Ref. [60], the heavy-hole (hh) and light-hole (lh) energies are
𝐸hh = 1.6870 eV and 𝐸lh = 1.7050 eV, the longitudinal-transverse splitting is ℏ𝜔LT = 1meV, the
linewidths𝛥hh = 2.3meV and𝛥lh = 5meV, the Zeeman splitting𝛥X,hh = 1meV and𝛥X,lh = 4meV,
and 𝑍 = 0.2 (see Ref. [109] for further details). These values were chosen based on experimentally
determined properties of the structure and to best reproduce the spectra in Figure 10.7.

The result of the simulations using this extended model is shown in Figure 10.12 for the grating
periods between 210 nm and 250 nm. In comparison to the experimental data in Figure 10.7, all
features of the directionality spectra are now well reproduced by the updated model and it shows
an excellent match. The different far-field effects are still overestimated compared to the near-
field contributions from SPPs and photonic modes, but this was not intended to change with the
modifications. Most importantly, the resonant changes to the dielectric permittivity lead to the same
hump-shaped deviation of the sign change in the spectra, which confirms the theory of its origin
and the coupling between the excitons and SPPs. From these simulated spectra we can see, that the
feature is actually not just shaped like a hump sticking out, but includes two opposite deviations
to the left and right in the spectra: The main hump towards smaller angles slightly below the
resonance energy and an opposite contribution to larger angles slightly above the resonance energy.
This S-shaped modification is in line with, e.g., typical TMOKE signals from optical resonances
likes SPPs or excitons. It is important to note, that these changes are not a fundamental change of
the model but rather an additional contribution that was not considered before. The directional
emission still originates from the circular dipole emitters that are influenced by the magnetic field,
while the added permittivity changes resonantly influence the final routing spectrum.

10.7 Comparison with TMOKE

Another magneto-optical effect that is strongly influenced by the presence of SPPs and other
optical resonances is the transverse magneto-optical Kerr effect (TMOKE), which manifests as
an intensity change of the light reflected from (or transmitted through) a magnetized medium
in the Voigt geometry, see Section 4.3. Its geometry is, thus, similar to the TMRLE and both are
magneto-optical intensity effects. The TMOKE is quantified by the parameter 𝛿, which results from
the comparison of the reflected light intensities 𝐼 (±𝐵) for opposite magnetic fields ±𝐵 according to
Eq. (4.5). Similar to the TMRLE, positive 𝛿 represent more light reflected for positive than negative
magnetic fields and vice versa for negative 𝛿. The non-resonant TMOKE magnitude is generally
small at 𝛿 ≈ 10−3, but it can be significantly enhanced near optical resonances with absorption,
like SPPs, waveguide modes or excitons, see Section 4.4. The resonantly enhanced TMOKE usually
manifests as an S-shaped signal with a sign change of 𝛿, similar to the sign change close to the SPP
resonance in the TMRLE spectra 𝜌(𝐸, 𝜃) above. Therefore, the optical resonances are clearly visible
and easy-to-follow in the TMOKE spectra 𝛿(𝐸, 𝜃) and stand out against the negligible background
effect.
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Figure 10.13 TMOKE 𝛿(𝐸, 𝜃) from the bare QW and from the hybrid structures with 230 nm,
240 nm and 250 nm grating periods. Comparison of experimental data (top row) and theoretical
simulations (bottom row).

An example of the TMOKE at an optical resonance can be seen in the top-left panel of Figure 10.13,
which shows the TMOKE 𝛿 measured on the bare (Cd,Mn)Te/(Cd,Mg)Te QW structure, i.e., without
a plasmonic grating on top. Like for the TMRLE spectra, blue and red represent positive and
negative values of 𝛿 and white for 𝛿 = 0. The sample was illuminated with light from a thermal
tungsten light source, and the reflected p-polarized intensity was measured for opposite magnetic
fields 𝐵 = ±485mT and at 𝑇 = 4K, like for the TMRLE. The bare QW shows a strong TMOKE at
the light-hole exciton resonance around 1.705 eV with up to 𝛿 = 1.1 % and the typical sign change.
As expected for the exciton dispersion, the TMOKE shows no angular dependence aside from an
increasing 𝛿 for larger reflection angles. The heavy-hole exciton, which has the strongest TMRLE
contribution, shows a weaker TMOKE of 0.5 % around 1.685 eV because the TMOKE magnitude
depends on the Zeeman splitting, which is only enabled for the heavy-holes via the admixture
of light-hole states and, thus, small at low magnetic fields [60]. The off-resonant TMOKE at,
e.g., 1.66 eV is well below 0.1 %. The TMOKE spectrum can be reproduced well using the model
established in Ref. [60], whose results are shown in the bottom row of Figure 10.13.

Samples featuring plasmonic resonances at a magnetic interface generally show a similarly clear
TMOKE spectrum with an enhanced TMOKE response around the plasmonic resonance. It also
manifests as a sign (and thus color) change, albeit diagonally through the 𝛿(𝐸, 𝜃) spectrum like the
SPP resonance. This is shown, e.g., in Chapter 11 for magnetite-based samples or in Refs. [15, 17,
63]. The remaining panels of Figure 10.13 show the TMOKE 𝛿(𝐸, 𝜃) from the hybrid structure (with
the plasmonic grating) for the grating periods 230 nm, 240 nm and 250 nm. In all three cases, the
largest TMOKE 𝛿 still originates from the excitons in the QW. However, with the presence of the
plasmonic grating, their TMOKE response is influenced by the SPPs at the interface, and the white
lines corresponding to the exciton resonances are bent and become energy-dependent. The SPPs
themselves only have a weak TMOKE response in comparison due to their non-magnetic interface
and evanescent nature towards the magnetic QW 30 nm away. Nevertheless, their inward-shifting
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influence for increasing grating periods can still be traced through the three spectra: The SPP
resonance is located at smaller angles for larger energies, so that the higher-energy light-hole
resonance is influenced the most for 230 nm and less for the larger periods, and the heavy-hole
resonance at lower energies is strongly influenced for 230 nm and 240 nm but barely for 250 nm.
Most directly, a small TMOKE contribution occurs at the energies below 1.68 eV for 230 nm and
240 nm. These TMOKE spectra can also be reproduced in great detail by the theoretical model
based on the scattering matrix method, as is shown in the bottom row for comparison.

However, the TMOKE is not well suited for the detection and quantization of the coupling between
the excitons and plasmons, even though the SPPs heavily influence the exciton TMOKE and despite
the excellently matching theoretical model. This is evident in both the theoretical model and
the experimental data. For the TMRLE, two magnetic-field dependent properties are modeled
independently: First, the magnetic-field-controlled circular emitters are always present as light
source for the routing effect. On the other hand, the interaction between the excitons and SPPs can
be switched on and off, because their coupling is modeled via the resonant changes to the dielectric
environment. In contrast, the TMOKE is solely described by the magnetic-field-dependence of
the permittivity changes in the magnetic (Cd,Mn)Te QW layer. Therefore, it influences both the
exciton and SPP resonances, and the interaction can not be switched off to see the differences like
in the TMRLE model.

SPP ExcitonPhoton
SPP-X coupling

Photon SPP
SPP-X coupling

Exciton
SPP TMOKE

Exciton TMOKE

Detec�on

Detec�on

excita�on

excita�on

excita�on

TMRLE

TMOKE

Figure 10.14 Schematic representation of the processes involved in the TMRLE and TMOKE
between the excitons, SPPs and far-field photon radiation. The necessary interaction of excitons
and SPPs for a strong TMRLE, without individual contributions from neither, enables the high
sensitivity to the exciton-SPP coupling (green). The TMOKE involves a greater number of
processes and interactions with individual, non-separable contributions to the overall TMOKE
response, concealing the weak exciton-SPP coupling.

Furthermore, the magneto-optical response from the structure in TMOKE measurements is more
complex than in TMRLE measurements. This is shown in Figure 10.14, which is a schematic
representation of the processes involved in the two effects between the photonic, plasmonic, and
excitonic systems. Excitations are shown as red arrows and magneto-optical responses in blue.
The coupling between the SPPs and excitons is highlighted in green.
For the TMRLE (top), the structure are excited non-resonantly via a laser with energies above
the band-gap, and the exciton ground-state is reached via relaxation processes. The excitons can
directly emit from the structure as photons (gray dotted arrow), but this emission shows negligible
directionality and is not relevant for the coupling. Beyond that, the excitons recombine and emit
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into the SPPs, which then emit photons into the far-field for detection. This unidirectional and
simple path from the excitons to SPPs and directional photons is the reason for the high sensitivity
of the TMRLE spectra to the exciton-SPP coupling shown in green, as no individual directionality
contributions from excitons or SPPs exist and only their coupling creates a meaningful contribution.
On the other hand, a greater number of processes are involved in the TMOKE (bottom) in both
directions (excitation and response). Here, the incoming spectrally broad whitelight resonantly
excites both the plasmonic and excitonic systems, and the SPPs and excitons both have an individ-
ual, direct and comparatively strong contribution to the TMOKE spectrum of the reflected light.
Furthermore, the systems heavily influence each others TMOKE response and interfere with each
other. Therefore, the final TMOKE spectrum is not a simple superposition of the individual contri-
butions from SPPs, excitons, and the bare surface, and their effects are not clearly distinguishable.
Accordingly, the weak interaction between the excitons and SPPs can not be determined from the
TMOKE spectra, because the individual contributions can not be separated, neither experimentally
nor in the theoretical model.

10.8 Summary

This chapter has investigated the dependence of the TMRLE on the geometric parameters of the
plasmonic grating structure, i.e. the grating period and width of the slits. The maximum TMRLE
follows the plasmonic resonance through the directionality spectra, whose dispersion is shifted
by the grating parameters. Here, the grating period 𝑎 shifts the folded SPP resonances originating
from 𝑘y = ±𝑚2𝜋/𝑎, and the slit width 𝑤 causes gaps of the SPP dispersion to appear at the borders
of the reduced zone scheme, which both influence the SPP-enhanced directionality. Furthermore,
the additional directionality effects of the arbitrary photonic modes at the plasmonic interface,
which either enhance or compensate the strong SPP contribution, has been shown. Notably, the
experimental directionality data showed a hump-shaped deviation from the expected monotonic
dependence on the emission angle. On the one hand, its energy is fixed to the QW emission maxi-
mum, which is defined by the properties of the semiconductor materials comprising the QW. On the
other hand, it is attached to the sign change of the strong SPP directionality contribution and shifts
through the spectrum in unison for changing grating periods. This deviation was not reproduced
by the initial theoretical model used to describe und simulate the TMRLE. Therefore, the model
was expanded by a resonant contribution of the QW excitons to the dielectric environment, which
locally alters the SPP dispersion and, thus, the resulting SPP-enhanced directionality spectrum.
The simulations following the expanded model reproduce the experimental data in all aspects,
including the unexpected hump-shaped deviation. This sensitivity of the TMRLE to the interaction
between the excitons and SPPs close to the directionality sign change can be used to directly probe
the weak coupling of the two systems, which is otherwise difficult to detect.

The TMOKE is a similar magneto-optical intensity effect that occurs for reflected rather than
emitted light, and is enhanced at the excitonic and plasmonic resonances. However, the TMOKE
is not suitable for detecting the weak coupling between excitons and SPPs because both systems
contribute individually to the TMOKE and interfere with each other, and their contributions can
not be separated.
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Chapter 11

Enhanced TMOKE in Magnetite-Based
Plasmonic Systems

This chapter will focus on a different magneto-plasmonic system, which comprises a thin film of
the ferrimagnet magnetite (Fe3O4) and one-dimensional plasmonic gold gratings that are either
placed on top of the magnetite film or embedded into it. The transverse magneto-optical Kerr effect
(TMOKE), a magneto-optical effect defined by its influence on the reflected or transmitted light
intensity, will be investigated in the reflection and transmission geometry. The TMOKE is sensitive
to the magnetic properties at the interface of two materials, making it an interesting candidate for
controlling light at the nanoscale [60]. It is weak in planar magnetic films with relative intensity
changes in the order of only 0.1 %, but can be significantly enhanced close to optical resonances,
e.g., up to 13 % in bismuth-substituted iron garnets [17, 63]. In our case, the addition of the period
grating enables the excitation of plasmonic and waveguide modes that enhance the effect by more
than one order of magnitude in the transmission geometry and in a broad spectral range. The
placement of the grating either in or above the magnetite film has an influence on the optical
resonances and their TMOKE signal due to the changed interfaces.
First, the plain magnetite film will be characterized in Section 11.1 using Faraday rotation and
ellipticity measurements. It is non-uniform and comprises Fe3O4/𝛼-Fe nanoparticle complexes
compared to the typical monocrystalline or polycrystalline Fe3O4 films (see Section 6.2 for details).
Then, the different magnetization behavior in the Voigt geometry compared to the Faraday geometry
will be discussed in Section 11.2, including the strong magnetization hysteresis. Next, Section 11.3
shows the TMOKE at a fixed angle for a better quantitative understanding of the different geometries,
followed by the full angular and spectrally resolved TMOKE spectra in Section 11.4, which reveal,
among other things, the influence of the mode hybridization on the TMOKE spectra.

Most results presented in this chapter have already been published in Ref. [4], with additional
theoretical work and simulations by Sergey Dyakov. This chapter closely follows that publication,
and its content and figures are reproduced for this thesis with permission.

11.1 Magnetic Properties of the Synthesized Films

The Magnetite samples all comprise a 100 nm thin film of Magnetite (Fe3O4) on top of a SiO2
substrate. The films are non-uniform and consist of Fe3O4/𝛼-Fe nanoparticle complexes with an
average size of 6−10 nm, see Section 6.2. Compared to usual polycrystalline Fe3O4 films, synthesized
nanostructured films like these showed a larger coercive force and saturation magnetization of up
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to 660Oe and 520 emu/cm3, respectively. It is, therefore, necessary to experimentally determine
the optical properties of these particular films in an external magnetic field for our magneto-optical
studies.
The dielectric permittivity tensor ̂𝜺 with additional off-diagonal elements is used for the theoretical
description of the optical properties of the bare magnetite films on a macroscopic level:

̂𝜺 = (
−𝑖𝑔𝑧 𝑖𝑔𝑦

𝑖𝑔𝑧 −𝑖𝑔𝑥
−𝑖𝑔𝑦 𝑖𝑔𝑥

) . (11.1)

Here, the diagonal elements are the dielectric permittivity of the non-magnetized material, which
are equal due to the lack of anisotropy in the nanocrystalline films. It was determined from standard
ellipsometry measurements and is shown in Figure 6.5. The measurements show a relatively large
imaginary part Im( ) and, therefore, rather large internal optical losses of the magnetite film in
the visible range. The data of our non-uniform magnetite films are close to literature data for
monocrystalline and epitaxial films [89, 90], and were used for the calculation of the eigenmodes of
the system in Ref. [4]. The magnetic permeability 𝜇 is assumed to be unity. The complex gyration
vector 𝒈 in the off-diagonal elements of Eq. (11.1) is proportional to the magnetization 𝒈 = 𝛼𝑴.
Here, 𝛼 is assumed equal for all directions of 𝑀 and therefore 𝑔𝑥 = 𝑔𝑦 = 𝑔𝑧 = 𝑔.

Whitelight
source
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+
CCD

Magnet
+ Sample

AnalyzerPolarizer

Waveplate

Figure 11.1 Schematic depiction of the measurement setup for the Faraday rotation angle 𝜗
and ellipticity 𝜓. The white light from the light source is linearly polarized and focussed onto
the sample between the poles of an electromagnet in Faraday geometry. The transmitted light
is collimated, passes through either a half- or quarter-wave plate followed by a second linear
polarizer (analyzer) and is focussed onto the entrance slit of a spectrometer with a CCD-detector.

The gyration 𝑔 of the magnetite film can be determined from the complex Faraday rotation, i.e.
the ellipticity 𝜓 and the rotation of the major axis of the ellipse 𝜗 for light transmitted through the
sample, see Section 4.2. In short, for an absorbing medium with different absorption coefficients
for the left and right circularly polarized light, this magnetic circular dichroism (MCD) leads to the
change from linearly to elliptically polarized light after transmission with an additional rotation of
the ellipse major axis due to the magnetic circular birefringence, i.e. different refractive indices for
left and right circularly polarized light (Faraday effect). They were measured at room temperature
using the setup shown schematically in Figure 11.1. The white-light source comprises a halogen
lamp with a broad and flat emission spectrum, whose light is focussed onto a 100 µm pinhole by a
lens and collimated using a second lens for a homogeneous spatial distribution of the light. The
light is linearly polarized using a Glan-Thompson prism (polarizer) before it is focussed into a spot
of about 1mm on the sample using an achromatic lens. The sample is positioned between the
poles of a water-cooled resistive electromagnet in the Faraday geometry, which is used to apply
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bidirectional external magnetic fields of up to ±750mT perpendicular to the magnetite film and
along the direction of light propagation. The transmitted light is collected and collimated using
a second lens before it passes through the combination of either a half- or quarter-wave plate
followed by a Glan-Thompson prism (analyzer) for the Faraday rotation and ellipticity measurement,
respectively. The polarizer and analyzer were set to the same polarization axis, and the main axis of
the half- and quarter-wave plates was set to 22.5° and 45° regarding the analyzer axis, respectively.
Finally, the light is focussed onto the entrance slit of a spectrometer, which separates the light into
its spectral components and detects it using a CCD-detector with a spectral resolution of about
1.3 nm. Using this experimental configuration, the Faraday rotation angle 𝜗 and the ellipticity 𝜓
can be determined in the small-angle approximation by measuring the light intensity 𝐼 for opposite
magnetic field directions ±𝐵 and comparing them [4]:

𝜗 = 1
2
𝐼𝑙(+𝐵) − 𝐼𝑙(−𝐵)
𝐼𝑙(+𝐵) + 𝐼𝑙(−𝐵)

and (11.2)

𝜓 = 1
2
𝐼𝜎(+𝐵) − 𝐼𝜎(−𝐵)
𝐼𝜎(+𝐵) + 𝐼𝜎(−𝐵)

. (11.3)

With the half-wave plate set to 22.5° regarding the analyzer, the linearly polarized component 𝐼𝑙
at 45° relative to the polarizer in front of the sample is detected. The rotation of the plane due
to the Faraday effect is detected as an increase or decrease of the measured intensity, depending
on the direction of the induced rotation ±𝜗 at opposite magnetic fields. For the ellipticity 𝜓, the
circularly polarized component 𝐼𝜎 for one of the circular polarizations 𝜎 is detected instead due to
the combination of the quarter-wave plate and the analyzer. These are equivalent to measuring
opposite linear polarizations 𝐼±45° or circular polarizations 𝐼𝜎± at a constant magnetic field, i.e.
𝜗 = 1/2(𝐼+45° − 𝐼−45°)/(𝐼+45° + 𝐼−45°) and 𝜓 = 1/2(𝐼𝜎+ − 𝐼𝜎−)/(𝐼𝜎+ + 𝐼𝜎−).
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Figure 11.2 (a) Spectra of transmission (blue), Faraday rotation angle 𝜗 (orange) and ellipticity
𝜓 (green) for light with energies between 𝐸 = 1.2 eV and 2.5 eV through a 100 nm thin film of
Fe3O4/𝛼-Fe nanoparticle complexes at room temperature. The Faraday rotation and ellipticity
were measured at 𝐵 = 750mT. (b)Magnetic field dependence of 𝜗 for light between 1.61 eV and
1.68 eV.

The results of these measurements are shown in Figure 11.2 for light with energies between 1.2 eV
and 2.5 eV. First, Figure 11.2(a) shows the transmission spectrum 𝑇 (𝐸) of the sample with the
100 nm thin bare magnetite film (blue points), where 𝑇 = 𝐼s/𝐼0 is the intensity transmitted through
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the sample 𝐼s in relation to the intensity measured without the sample 𝐼0. It shows a flat spectral
dependence without resonances, with a maximum of 0.4 around 1.5 eV and decreasing 𝑇 towards
0.1 at the highest energies. Next, panel (a) also shows the Faraday rotation angle 𝜗 in orange and
the ellipticity 𝜓 in green according to Eqs. (11.2) and (11.3) in the same spectral range. Both have a
similarly non-resonant spectrum, with the Faraday rotation reaching its largest value of −0.5° at
1.65 eV and the ellipticity 0.25° between 2.0 eV and 2.1 eV. The number of data points was reduced
for all three curves by averaging over equidistant ranges of the wavelength axis to reduce the noise.
Figure 11.2(b) shows the magnetic field dependence of the Faraday Rotation 𝜗 between 1.61 eV
and 1.68 eV and magnetic fields between 50mT and 750mT. For increasing magnetic fields, the
rotation angle increases linearly at first and then increasingly flatter for the larger magnetic fields,
indicating a saturation magnetization close to 750mT. This was confirmed in measurements of
the polar magneto-optical Kerr effect (PMOKE) for a larger range of magnetic fields (not shown
here), which confirmed the saturation magnetization in the Faraday geometry between 600mT to
800mT, although at 𝑇 = 6K and not room temperature. The Faraday rotation shows the opposite
sign at the lowest magnetic field of 50mT, hinting at the hysteresis of magnetite.

1.5 2 2.5
Photon energy (eV)

-0.02

0

0.02

0.04

0.06

G
yr

at
io

n 
g

Re(g)

Im(g)

Figure 11.3 Real and imaginary parts of the gy-
ration 𝑔 derived from the Faraday rotation and
ellipticity data using Eqs. (4.3) and (4.4).

The experimental Faraday rotation and ellipticity
spectra 𝜗(𝐸) and 𝜓(𝐸) with the magnetic field in
the 𝑧-direction can now be used to determine the
complex gyration 𝑔, see Section 4.2 and Ref. [1]. For
materials with cubic symmetry or crystals with a
symmetry axis and for the light wave vector and
magnetization oriented along that axis, the rotation
𝜗 and ellipticity 𝜓 are connected to the complex gy-
ration 𝑔 = 𝑔′ + 𝑖𝑔″ via Eqs. (4.3) and (4.4). The
thickness of the magnetic film is 𝑑 = 100 nm, and
𝑛0 is the real part of the refractive from the ellip-
sometry measurements shown in Figure 6.5. The
resulting energy dependence of the real and imagi-
nary parts Re(𝑔) and Im(𝑔) is shown in Figure 11.3
with blue and orange circles, respectively. Like the
dielectric permittivity , the obtained gyration data

of our synthesized magnetite film are close to literature data measured for monocrystalline and
epitaxial magnetite films [89, 90]. These results were used for the theoretical modeling of the
TMOKE response from the magnetite-based structures in Ref. [4].

11.2 Magnetization Hysteresis in Voigt Geometry

The measurements characterizing the isotropic magneto-optical parameters of the bare magnetite
film were done in the Faraday geometry. However, the transverse magneto-optical Kerr effect
(TMOKE) that is used to study the optical resonances of the hybrid plasmonic structures in detail
occurs in the Voigt geometry, where the magnetic field is directed in the plane of the magnetite film
and perpendicular to the plane of light incidence. The TMOKE is a prominent intensity effect, where
the intensity of the reflected or transmitted light changes for opposite magnetic field directions ±𝐵.
This differentiates it from, e.g., the Faraday effect and the other magneto-optical Kerr effects in
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11.2 Magnetization Hysteresis in Voigt Geometry

different geometries, which are mainly defined by their influence on the polarization of the light.
The TMOKE is defined as the relative change 𝛿 of the reflected or transmitted light intensity 𝐼 for
the opposite in-plane magnetization 𝑀 at the interface between two materials:

𝛿 = 2
𝐼 (𝑀) − 𝐼 (−𝑀)
𝐼 (𝑀) + 𝐼 (−𝑀)

. (11.4)

For the TMOKE to occur in the transmission geometry, a lack of mirror symmetry needs to be
present in the structure, which is given for our magnetite samples, either due to the substrate on
one side of the bare magnetic film or by adding the plasmonic gold gratings on top of the magnetite
film or embedded into it.

The dependence of the TMOKE magnitude 𝛿 on the external magnetic field 𝐵 can be used to probe
the magnetization curve 𝑀(𝐵) of the sample in the Voigt geometry. For this, the sample was
mounted between the poles of an electromagnet and rotated around the axis of the magnetic
field direction by 23°. An achromatic lens focussed the p-polarized light from a tungsten halogen
lamp onto the magnetite sample with the plasmonic grating on top. A second lens collected the
transmitted light and focussed it onto the spectrometer entrance slit to measure the spectrum of
the transmitted light. The magnetic field was swept between ±105mT in steps of 7mT in both
the forward and backward direction, as magnetite is known to show hysteresis behavior. The
transmitted light intensity was detected at each step of the magnetic field. The TMOKE parameter
𝛿 was then calculated by comparing the transmitted intensities 𝐼𝑖(±𝐵) at the opposite magnetic
field directions ±𝐵 of the same strength, based on Eq. (11.4). The subscript 𝑖 indicates the direction
of the magnetic field scan with 𝑓 for the forward and 𝑏 for the backward direction:

𝛿(𝐵) = 2
𝐼𝑓(+𝐵) − 𝐼𝑏(−𝐵)

𝐼𝑓(+𝐵) + 𝐼𝑏(−𝐵)
. (11.5)

Switching the subscripts 𝑓 and 𝑏 completes the hysteresis loop.
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Figure 11.4 Magnetic field dependence of TMOKE
𝛿 at 23° transmission angle for three different pho-
ton energies. Solid lines correspond to Eq. (11.5),
dashed lines to switched subscripts 𝑏 and 𝑓.

The resulting magnetic field dependence of the
TMOKE 𝛿 is shown in Figure 11.4 for three differ-
ent energies of the light 𝐸 = 1.38 eV, 1.43 eV, and
1.53 eV averaged in a 10meV window and trans-
mitted at an angle of (23± 1)°. These three photon
energies were chosen due to their different depen-
dence on the magnetic field. The TMOKE 𝛿 ac-
cording to Eq. (11.5) is shown as the solid line, and
the dash-dotted line represents the switched sub-
scripts. Focussing on the 1.38 eV case (blue) first,
the TMOKE 𝛿 and thus the sample magnetization
𝑀 already saturate at magnetic fields of ±100mT
with 𝛿 = ±0.4 %. It shows a strong hysteresis be-
havior for lower fields, as 𝛿 = 0 is only reached at
±42mT, i.e. half the field strength needed to satu-
rate the magnetization due to the strong coercive
force. Next, the TMOKE signal at 1.53 eV (orange
curve) has the same shape and magnitude but with the opposite sign. Generally, the shape of
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the hysteresis curve is similar for all energies and always saturates at 100mT, but the sign and
magnitude of 𝛿 change in the vicinity of optical resonances introduced by the additional gold
grating on top of the magnetite film, see Section 4.4. This is apparent for the TMOKE at 1.43 eV
(green), i.e. between the two opposite maxima, which drops to 𝛿 = 0 for all magnetic fields.

Notably, the magnetic field needed to saturate the sample magnetization for the TMOKE in the
Voigt geometry is about one order of magnitude lower than in the Faraday geometry, as seen in
Figure 11.2 for the Faraday rotation and, e.g., in Ref. [90] for the polar Kerr effect. In an applied
external magnetic field, free poles form at the ends of the magnetic material, which produce a
magnetic field directed in the opposite direction of the magnetization called the demagnetizing
field. The strength of this demagnetizing field is proportional to the density of the free magnetic
poles, which is small for a thin, long film magnetized along its long axis but large for the same
film magnetized along the short axis, i.e., perpendicular to the plane of the film [117]. The latter
is the case for the measurements in the Faraday geometry, where larger fields are needed to
overcome the demagnetizing field, while the former describes the case of the TMOKE in the Voigt
geometry, where weaker magnetic fields are needed to reach the saturation magnetization. All
further measurements in the Voigt geometry were conducted at saturating magnetic fields above
100mT at room temperature.

11.3 TMOKE in Reflection and Transmission

The focus of the studies on the magnetite-based plasmonic structures lies in the TMOKE, how
it is influenced by the optical resonances of the structure, and how the TMOKE can be used for
a better understanding of the modes and their hybridization. The transmission, reflection, and
TMOKE spectra were measured using the Fourier imaging spectroscopy setup described in detail
in Section 7.2. It enables the measurement of the reflected or transmitted light intensity 𝐼 (𝐸, 𝜃)
spectrally resolved and in a large range of reflection or transmission angles at the same time to
visualize the complex angular and spectral dependence of the optical resonances. In short, the
white light of a tungsten lamp is linearly polarized using a Glan-Thompson prism and a half-wave
plate and focussed onto the sample using a microscope objective (MO). In the reflection geometry,
the reflected light is collected by the same MO in the backscattering geometry in an angular range
of ±23.5°. In the transmission geometry, an identical MO on the backside of the sample collects
the transmitted light in the same angular range. In both cases, the Fourier plane containing the
angular information as offset from the optical axis is mapped onto the entrance slit of the imaging
spectrometer by a telescope comprising two achromatic lenses. The resulting spectra have a spectral
and angular resolution of about 1 nm and 0.4°. External magnetic fields in the Voigt geometry
exceeding the saturation magnetization of the sample were applied using the water-cooled resistive
electromagnet. All measurements were done at room temperature. To determine the TMOKE,
the reflected or transmitted intensity 𝐼 (𝐸, 𝜃) was measured for the two opposite magnetic field
directions ±𝐵 with saturated sample magnetization. Each spectrum was taken with 3 s exposure
time, and multiple spectra were accumulated to increase the signal-to-noise ratio for each magnetic
field direction. Additionally, the magnetic field direction was switched back and forth multiple
times with a measurement in between to eliminate fluctuations of the lamp intensity and other
long-term influences on the measurement. For most measurements, the spectra were measured in
three adjacent energy ranges to cover the spectral range from 1.2 eV to 2.0 eV.
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Figure 11.5 TMOKE spectra 𝛿(𝐸) at 𝜃 = ±10° for the sample with the exposed gold gratings in (a)
reflection and (b) transmission, and (c) for the sample with embedded gold grating in transmission.
Comparison between signal from the plasmonic structure (blue, orange) and signal from bare
magnetite film (yellow, purple).

Before discussing the full spectrally and angular resolved spectra, though, Figure 11.5 shows spec-
trally resolved TMOKE signals at a fixed angle of ±10° to compare the reflection and transmission
geometries. Panel (a) shows the TMOKE in reflection from the sample with the exposed (exp.)
gold grating on top of the magnetite film, and (b) shows the TMOKE from the same sample in the
transmission geometry. Panel (c) also shows TMOKE in transmission but from the sample with
the gold grating embedded (emb.) into the magnetite film. Furthermore, each panel compares the
effect from the plasmonic structure (blue and orange) to the effect from the bare magnetite film
(yellow and purple) in the respective geometry. All data shown are extracted from the spectrally
and angular resolved Fourier imaging spectra by averaging the reflected or transmitted intensity
spectra 𝐼 (, 𝜃) in the angular range between 𝜃 = ±9° and ±11° before using Eq. (11.4) to obtain the
TMOKE parameter 𝛿 at saturated sample magnetization. The restriction to a small angular range
allows for a better quantitative comparison of the different geometries and sample compositions.
Starting with the TMOKE in reflection geometry in panel (a), the TMOKE on the bare magnetite
film (yellow and purple) shows a monotonically decreasing magnitude for increasing energies
without any resonant features, reaching up to 𝛿 = 0.07 % in this small spectral range. With the
added plasmonic grating on top of the magnetite film (blue and orange curves), the TMOKE reaches
up to 𝛿 = 0.1 % at 1.5 eV, but with a more complicated spectral dependence due to sign changes
associated with the optical resonances introduced by the grating (see Section 4.4). Between 1.59 eV
and 1.65 eV, the TMOKE has about the same magnitude and sign as the bare film, switching signs
once at 1.55 eV and again below 1.4 eV, with the aforementioned maximum effect in between. As
expected, the TMOKE is an odd effect regarding the angle and, therefore, 𝛿(𝜃) = −𝛿(−𝜃) holds
true for the plasmonic and non-plasmonic case. Next, panel (b) shows the TMOKE from the same
sample but in the transmission geometry and in a larger spectral range. The TMOKE 𝛿 from the
hybrid structure (blue and orange) generally has the same shape as in reflection, but all features are
shifted to slightly lower energies. For example, the two sign changes are now at 1.5 eV and 1.29 eV.
Overall, the TMOKE magnitude in transmission is larger, with the maximum at 1.39 eV reaching
0.7 %. On the other hand, the TMOKE from the bare magnetite film is weaker and reaches only
0.03 % with the same monotonic spectrum. Finally, panel (c) shows the TMOKE in transmission
from the sample with the plasmonic grating embedded into the magnetite film, i.e., at the interface
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between magnetite and the substrate. Here, the resonances shift and the spectral dependence
changes compared to panel (b), revealing more features. The maximum TMOKE magnitude is
lower with 0.45 % at 1.49 eV and four sign changes occur around 1.25, 1.29, 1.35, and 1.58 eV, each
indicating the presence of an optical resonance. The TMOKE from the bare film is the same as in
panel (b).

The comparison of the plain magnetite film and the plasmonic structures shows that the addition
of the period gold grating introduces resonances in the TMOKE signal. The plain magnetite film
does not show any resonant behavior in the far-field transmission or reflection spectra because
the eigenmodes of the system are all below the air light line and the momentum conservation law
prohibits their interaction. In comparison, the periodicity of the grating enables the interaction
between the eigenmodes of the structure with the light in the far field, i.e. the photon continuum.
The sign changes of the signal are generally connected to an optical resonance of the structure with
a large TMOKE response in the vicinity of that resonance, see Section 4.4. For these structures,
the main resonances are SPPs at either interface of the gold grating and guided resonances in the
magnetic magnetite film. However, all modes are hybrid modes with varying contributions from
the constituents due to their close spacial proximity in the structure. The identification of the
contributions needs additional theoretical modeling of the structures, which was done by Sergey
Dyakov in Ref. [4].
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Figure 11.6 Theoretical TMOKE spectra 𝛿(𝐸) at 𝜃 = ±10° for the exposed gold gratings in (a)
reflection and (b) transmission, and (c) for the embedded gold grating in transmission. Comparison
between signal from the plasmonic structure (blue, orange) and signal from bare magnetite film
(yellow, purple).

The comparison of the TMOKE measurements in reflection to those in transmission shows that
the enhancement of the TMOKE signal due to the added periodic gold grating is only observed
in the transmission geometry. While the TMOKE spectrum changes in reflection, the maximum
𝛿 = 0.1 % is close to the 0.07 % measured on the bare magnetite film. However, in transmission,
an enhancement of an order of magnitude occurs for both the exposed grating with 0.7 % and the
embedded grating with 0.45 % compared to 0.03 % through the bare film. Based on the additional
theoretical calculations in Ref. [4], we attribute this effect to the excitation of the hybrid modes
discussed above, which appears to have a larger influence on the transmitted light than the reflected
light. The spectral width of the TMOKE signal is broad and in the order of 100 to 200meV (or
around 100 nm peak to peak) for all three combinations of structures and geometries shown in
Figure 11.5. This matches the spectral broadness of the plasmonic and waveguide resonances in the
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full transmission and reflection spectra from the Fourier imaging setup, which will be shown next.
Furthermore, the TMOKE spectra shown in Figure 11.5 can be reproduced well using theoretical
modeling based on the rigorous coupled-wave analysis (RCWA), which is a Fourier modal method in
the scattering matrix form. The theoretical background and results of the simulations are presented
in Ref. [4] and summarized in Figure 11.6 on the same energy scale as Figure 11.5. The general
shape of the main resonances is reproduced well but the magnitude of the TMOKE is overestimated
in the simulations, and the simulated spectra comprise more features.

11.4 Fourier Imaging TMOKE Spectra

With the different geometries of measurement and grating position quantified, this section will
present the full spectra from the Fourier imaging setup. The key advantage of the Fourier imaging
spectroscopy (see Section 7.1) is the simultaneous measurement of the spectral and angular de-
pendence of the transmitted or reflected light intensity 𝐼 (𝐸, 𝜃), which allows for better tracking of
the resonant optical modes through the spectra. The TMOKE spectra at 𝜃 = ±10° in Section 11.3
were created from the Fourier imaging spectra presented next. This section will follow the order of
Section 11.3, which first addressed the sample with the gold grating on top of the magnetite film in
the reflection geometry, then the same sample in transmission, and finally, the sample with the
gold gratings embedded in the magnetite film in transmission.

11.4.1 Reflection Geometry - Exposed Grating
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Figure 11.7 Reflection geometry, gold grating on top of the magnetite film:
(a) Reflectivity 𝑅 = 𝐼grating/𝐼ref with the light intensity reflected from the structure with grating
𝐼grating and from an unpatterned planar gold film 𝐼ref as reference. (b) TMOKE 𝛿 according to
Eq. (11.4) from the grating structure.

Starting in the reflection geometry with the sample comprising the exposed gold grating on top of
the magnetite film, Figure 11.7(a) shows the reflectivity 𝑅(𝐸, 𝜃) and panel (b) the corresponding
TMOKE spectrum 𝛿(𝐸, 𝜃), both for p-polarized light and between 1.36 − 1.68 eV. The reflectivity 𝑅
in (a) is defined as 𝑅 = 𝐼grating/𝐼ref, where 𝐼grating is the light intensity reflected from the structure
with the plasmonic gold grating and 𝐼ref is the light reflected from a reference film of unpatterned

107



Chapter 11 Enhanced TMOKE in Magnetite-Based Plasmonic Systems

gold on top of the same magnetite film. The unpatterned gold film serves as a reference because
it lacks the periodicity that enables the interaction of the plasmonic and waveguide modes of
the structure with the far-field and therefore acts as a mirror. This definition of 𝑅 highlights the
optical modes enabled by the periodic grating in the reflectivity plot as regions of lower or higher
reflected intensity than its surroundings, and removes influences of the optical elements or the
light source spectrum. Two resonant features are clearly visible, one with an increased reflectivity
compared to the reference film (1) and the other with a lower reflectivity (2). Both modes are
symmetric regarding the reflection angle 𝑅(𝜃) = 𝑅(−𝜃). The resonance labeled (1) is a plasmonic
resonance because it does not appear in s-polarized spectra. With a grating period of 580 nm, it can
be attributed to the plasmon at the air/gold interface. The plasmon at the interface of gold and the
magnetic magnetite, which is expected to be influenced by the magnetic field and show an enhanced
TMOKE, is located at higher energies outside the measured range because of the larger refractive
index of magnetite compared to air. The other resonant feature (2) is visible in p- and s-polarized
spectra but with slightly shifted resonance frequencies due to the polarization-dependent boundary
conditions. Since it is not visible without the periodic grating structure, it can be identified as a
waveguide mode inside the magnetite film with the larger refractive index 𝑛magn. > 𝑛silica, whose
interaction with the incident light is enabled by the periodicity of the grating.
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Figure 11.8 TMOKE 𝛿(𝐸, 𝜃) from the bare mag-
netite film in reflection.

Both optical resonances are also visible in the TMOKE
spectrum in Figure 11.7(b). Here, the colors blue
and red represent positive and negative values of the
TMOKE 𝛿, and the color saturation represents the mag-
nitude. The color white represents 𝛿 = 0, i.e. no change
in the light intensity for opposite magnetic fields. As
already seen in the cuts at ±10° in Figure 11.5, the
TMOKE 𝛿 is an odd function of the incidence angle
of the light 𝜃 and 𝛿(𝜃) = −𝛿(−𝜃). The waveguide res-
onance around (3) is clearly visible as a sign change
(color change) of the TMOKE at the same energies
and angles as the corresponding intensity dip (2) in
(a). The largest TMOKE 𝛿 of up to ±0.1 % at saturated
magnetization is reached in a relatively large area of

the spectrum below the waveguide mode. The opposite effect on the other side of the mode at
higher energies reaches about ∓0.06 % in a smaller area and decreases with increasing distance from
the resonance. The plasmonic resonance (1) from the reflection spectrum, on the other hand, is
barely visible in the TMOKE spectrum. Most notably, it is not visible as the usual sign change (white
line) of the TMOKE near an optical resonance but rather as the absence of a stronger TMOKE signal
close to the waveguide effect (see around (4)). This confirms that this SPP is located at the interface
of the exposed gold grating with air and not with the magnetic magnetite film. Therefore, it is only
weakly influenced by the applied magnetic field through the proximity to the magnetite film and
the hybridization of the SPP and waveguide modes at their crossing point. The hybridization can
also be seen for the waveguide mode (3), which deviates from a straight white line close to the
plasmon resonance at (4) towards lower energies due to the increasing hybridization. Studies on
iron garnet films supporting plasmonic resonances showed a similar interaction in the TMOKE
signal [17].
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For comparison, the TMOKE spectrum 𝛿(𝐸, 𝜃) from the bare magnetite film is shown in Figure 11.8.
As expected in the absence of the periodic grating structure, the TMOKE from the bare film does not
show any optical resonances. The magnitude 𝛿 increases monotonously for increasing reflection
angles and also towards lower energies in the measured spectral range. It reaches a maximum
of close to 0.15 % for 20° and 1.5 eV at the edge of the measured range and is thus even larger
than the plasmonic TMOKE. This confirms the findings of Figure 11.5 that the introduction of the
plasmonic grating does not lead to an overall increase of the TMOKE magnitude in reflection for
these structures. However, both measurements were done in a relatively small spectral range, and
additional measurements are needed to compare the effect magnitudes in a larger spectral range.

To summarize, adding a plasmonic gold grating introduces several optical resonances into the
reflection and TMOKE spectra. However, it fails to significantly increase the magnitude of the
TMOKE 𝛿 in the measured spectral range, as was already seen in Figure 11.5. The two resonances
can be identified by their polarization-dependent appearance and disappearance and the magnitude
of their respective TMOKE signal. The hybridization of the two modes is visible in the TMOKE
signal close to their crossing points, where the waveguide mode deviates from its expected straight
path.

11.4.2 Transmission Geometry - Exposed Grating
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Figure 11.9 Transmission geometry, gold grating on top of the magnetite film:
(a) Transmission 𝑇 ′ = 𝐼grating/𝐼bare with the light intensity transmitted through the structure with
grating 𝐼grating and through the bare magnetite film 𝐼bare. (b) TMOKE 𝛿 according to Eq. (11.4)
through the grating structure. Dashed lines indicate the spectral range measured in reflection in
Figure 11.7.

The same sample with the exposed grating on top of the magnetite film was also measured in the
transmission geometry. It already showed an increased TMOKE magnitude in Figure 11.5. The
results are shown in Figure 11.9 with the transmission 𝑇 ′ in (a) and the TMOKE 𝛿 in transmission
in (b). Here, the transmission 𝑇 ′ is defined as 𝑇 ′ = 𝐼grating/𝐼bare, i.e. the light intensity transmitted
through the sample with the grating 𝐼grating normalized to the intensity transmitted through the
sample without the grating on top of the magnetite 𝐼bare. This definition highlights the effect of
the grating structure on the transmitted light and removes influences of the optical elements or
the light source spectrum. A larger spectral range was measured here compared to the reflection
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geometry by combining several subsequent measurements of the same sample in neighboring
spectral ranges of the spectrometer: The transmission was measured between 1.36 eV and 1.87 eV
by combining two measurements, and the TMOKE between 1.25 eV and 2 eV in three separate
measurements. The transmission spectrum in (a) shows the same two resonances already seen in
the reflection geometry, but with inverse effects on the spectrum. The plasmonic resonance at the
gold/air interface (labeled (1)) shows a lower transmission (darker colors) in contrast to its higher
reflected intensity in the reflection geometry in Figure 11.7(a), and the waveguide mode (2) can be
identified by its increased transmission, while it showed a decreased reflection.

The TMOKE spectrum 𝛿(𝐸, 𝜃) in transmission in panel (b) looks similar to the TMOKE in reflection
in Figure 11.7(b). The dashed lines indicate the smaller spectral range of the measurement in
reflection. As seen before, all features of the TMOKE spectrum are moved to slightly lower energies
in transmission, but the shape of the signal stays the same. Again, the resonance of the guided
mode in the magnetic magnetite film is clearly visible around (3) as a sign change of the TMOKE
(white line) with a large area of strong TMOKE response at lower energies and a smaller area of
the opposite effect at higher energies. The TMOKE magnitude 𝛿 reaches up to ±0.75 % at saturated
magnetization in the large area below (3) and ∓0.25 % in the smaller area above the resonance. This
is a significant enhancement compared to the TMOKE from the bare magnetite film in transmission,
where only 𝛿 = 0.03 % is reached (see Figure 11.5) with a 𝛿(𝐸, 𝜃) spectrum like in reflection in
Figure 11.8. It is also considerably larger than the TMOKE in reflection, where 0.1 % and 0.06 %
were reached around the same resonance for the plasmonic structure and similar values from the
bare structure. At small energies below 1.4 eV, areas of TMOKE with the opposite sign seem to
appear again, likely linked to the continuing waveguide mode after the two branches cross around
1.4 eV. The plasmonic resonance at the non-magnetic air/gold interface is also vaguely visible from
(4) towards lower angles for increasing energies. It is, again, best seen close to the crossing point
with the magnetic waveguide mode next to (4) as a deviation of the white line (3) from its otherwise
straight path due to the hybridization of the two modes. Other than that, no additional resonances
are visible in the larger spectral range and the TMOKE magnitude quickly decreases for light
above 1.7 eV, i.e. detuned from the waveguide mode. As expected for the TMOKE, measurements
with s-polarized light show a negligible TMOKE magnitude of around 0.01 % for the resonant and
non-resonant regions of the spectrum, which is around the detection limit of the setup (not shown
here). The theoretical simulations of 𝑇 (𝐸, 𝜃) and 𝛿(𝐸, 𝜃) presented in Ref. [4] reproduce the resonant
features well and the same resonances in the transmission spectrum lead to the same TMOKE
signal as in the experiments. The hybridization of the modes is better visible in the simulations,
most notably of the plasmonic resonance at the non-magnetic gold interface. It has a comparably
weak signal that is strongest at the crossing point with the waveguide mode in the magnetic film.

As a quick summary, the comparison of the TMOKE in the two measurement geometries shows a
clear advantage of the transmission over the reflection geometry. Introducing the plasmonic grating
does not significantly enhance the TMOKE magnitude in the reflection geometry. In contrast, a
wide-band enhancement of the TMOKE magnitude 𝛿 is achieved in transmission compared to the
bare magnetite film in reflection and transmission and compared to the TMOKE from the plasmonic
structure in the reflection geometry. Due to the large absorption in magnetite, the measured spectra
show spectrally broad resonances compared to, e.g., low-absorbing periodic slab waveguides and
magneto-plasmonic crystals [15, 63, 118]. This results in the spectrally broad features in the TMOKE
spectra and, thus, the wide-band enhancement of the TMOKE in transmission.
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11.4.3 Transmission Geometry - Embedded Grating
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Figure 11.10 Transmission geometry, gold grating embedded in the magnetite film: (a) Trans-
mission 𝑇 ′ = 𝐼grating/𝐼bare with the light intensity transmitted through the structure with grating
𝐼grating and through the bare magnetite film 𝐼bare. (b) TMOKE 𝛿 according to Eq. (11.4) through the
grating structure. Numbered labels are used for reference in the text.

Lastly, Figure 11.10 shows the data from the sample with the gold grating embedded in the magnetite
film, with the transmission spectrum 𝑇 ′ in panel (a) and the corresponding TMOKE spectrum 𝛿
in panel (b). Both are in the large spectral range between 1.25 eV and 2 eV, composed from three
different spectral ranges. The transmission spectrum looks similar to the other sample with two
modes visible at the same positions as in Figure 11.9(a): Here, the waveguide mode (2) is best visible
and shows an X shape with the two opposite modes crossing around 1.4 eV. The lines of the X
separate regions of higher and lower transmission 𝑇 ′ in the spectrum, with the largest 𝑇 ′ in the
cone above the crossing point at high energies and the lowest 𝑇 ′ in the cone below the crossing at
small energies. The plasmonic resonance attributed to the air/gold interface (1) is, on the other
hand, barely visible because the grating is no longer in direct contact with the air. The rather thin
magnetite cover above the grating can explain the faint remnant. The plasmonic resonance at the
new gold/silica interface is expected to become visible but is outside the measured spectral range.
Next, Figure 11.10(b) shows the corresponding TMOKE spectrum in transmission. The X shape of
the waveguide mode is also visible in the TMOKE spectrum, spanned by the characteristic white
lines of 𝛿 = 0 at (3) and (4) that separate areas of opposite TMOKE shown in red and blue. The
lower part of the X (3) below 1.4 eV manifests as straight white lines that follow the path seen in
the transmission spectrum. They are surrounded by comparatively small areas of TMOKE with up
to 𝛿 = 0.25 %. A larger portion of the lower part of the X is visible here due to the blue shift of the
resonances compared to the previous sample. For energies above the crossing point at 1.4 eV, the
white line of the TMOKE resonance does not perfectly follow the straight path of the waveguide
mode and is bent towards lower energies instead. This deviation becomes stronger with increasing
proximity to the remnant of the air/gold plasmon around (4), but the bending is less pronounced
compared to the previous sample with the stronger plasmonic resonance. Their crossing around
1.65 eV can be seen as a dent in the white waveguide mode line next to (4) due to the hybridization
of the mode. The TMOKE around this upper part of the X covers larger areas and reaches up
to 0.45 % below the white line. Interestingly, a local maximum of 𝛿 = 0.35 % is reached in a thin
line (5) that follows the unbent waveguide mode from the transmission spectrum in (a). Lastly,
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Chapter 11 Enhanced TMOKE in Magnetite-Based Plasmonic Systems

the plasmonic resonance of the air/gold interface is visible even less in the TMOKE spectrum of
the embedded grating structure, aside from its influence on the waveguide mode discussed above.
Therefore, embedding the periodic gold grating in the magnetite film instead of placing it on top of
the film still allows the excitation of the magnetite waveguide mode but diminishes the influence
of the non-magnetic plasmon resonance at the air/gold interface. However, it slightly reduces the
TMOKE magnitude of the waveguide mode from about 0.75 % to 0.45 %, which is still several times
larger than the effect seen in the reflection geometry. As for the previous case in transmission, the
experimental spectra are reproduced well by the theoretical simulations in Ref. [4]. They show the
suppressed plasmonic resonance and its weaker but still present influence on the strong magnetic
waveguide mode in the transmission and TMOKE spectra.

11.4.4 Mode Hybridization

All modes seen in the reflection, transmission and TMOKE spectra are hybrid modes of surface
plasmon polaritons (SPPs) at either interface of the gold grating with guided resonances of the
magnetite film waveguide due to their close spatial proximity in the thin structure. Additional
modes like localized surface plasmon modes at the individual gold stripes can also have an influence
on the spectra, as well as other effects like the partial lifting of the mode degeneracy at high
symmetry points of the period structure. All modes interact with each other in the thin structure,
and the relative contributions towards the hybrid modes varies in each case. Therefore, additional
theoretical modeling of the structures is necessary to predict and identify the variety of optical
resonances, which has been done by Sergey Dyakov in Ref. [4] for these structures. A second
mechanism of mode hybridization occurs due to the interaction of the already hybridized modes
of the structure with the photon continuum in the far field, which is enabled by the periodic
grating structure. This ultimately leads to the appearance of asymmetric Fano-type resonances in
the optical transmission and reflection spectra, as the modes become quasi-guided or leaky and
resonantly excitable via external light [119]. Theoretical calculations in Ref. [4] show that both
hybridization mechanisms are necessary for the enhancement of the TMOKE compared to the case
of the bare, planar magnetite film on the silica substrate.

11.5 Summary

In this chapter, we have studied the magneto-optical response of synthesized thin magnetite films
with andwithout an additional plasmonic gold nanograting, and the grating was either placed on top
of the magnetic magnetite film or embedded into the film. The magnetite film comprising Fe3O4/𝛼-
Fe nanoparticles was created using the laser electrodispersion technique, and its permittivity and
gyration 𝑔 are close to that of standard monocrystalline or epitaxial magnetite films. The periodic
gold nanograting introduces optical resonances in the reflection, transmission and TMOKE spectra,
which were identified as a guided mode in the magnetic magnetite film and a plasmonic resonance
at the non-magnetic air/gold interface. The magnetic waveguide resonance is also clearly visible in
the TMOKE spectra as a sign change of the TMOKE 𝛿. It shows a multiple-wide-band enhancement
of the TMOKE of up to 𝛿 = 0.75 % for the exposed grating close to the resonance, but only in the
transmission geometry. In reflection, only about 𝛿 = 0.1 % were reached for both the plasmonic
structure but also for the bare magnetite film. The plasmonic resonance of the non-magnetic
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air/gold interface is also visible in the TMOKE spectra, albeit barely. It is best visible close to its
crossing point with the waveguide mode, partly by its small TMOKE contribution but mostly by its
influence on the waveguide mode, which bends towards lower energies close to the crossing. These
are clear indicators for the hybridization of the two spatially close magnetic and non-magnetic
modes, which seem to have a larger influence on the transmitted than the reflected light. For
the embedded grating structure in transmission, the waveguide mode is still visible with up to
𝛿 = 0.45 %, while the influence of the plasmonic resonance vanishes almost completely due to the
different grating position.

In the Faraday geometry, large magnetic fields of up to 800mT are needed to saturate the magneti-
zation of the magnetite film. In the Voigt geometry, the magnetization and the TMOKE magnitude
already saturate at small magnetic fields of 100mT and show a clear hysteresis behavior. This can
be used to switch the transmitted light intensity between two opposite states, with the effect being
robust against changes of the energy or incidence angle of the light due to the spectrally broad
TMOKE enhancement stemming from the large absorption in magnetite. Furthermore, the TMOKE
can be used to extract more information about the different optical modes and their interactions at
small magnetic fields. The spectral position of the modes and the wide-band TMOKE enhancement
can be influenced by changing, e.g., the period of the grating or the width of the slits (as shown
for the TMRLE in Chapter 10), and by changing the geometry of the structure, as shown for the
plasmon resonance at the air/gold interface. The optical spectra can be reproduced well using
theoretical simulations, which allows for an easy optimization of the plasmonic structure for various
applications.
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Chapter 12

Summary and Outlook

One of the main topics of this thesis is the transverse magnetic routing of light emission (TMRLE)
from hybrid plasmonic-semiconductor structures, where the magnetic-field induced transverse
circular polarization 𝑃c of the exciton optical transitions in a diluted magnetic semiconductor (DMS)
quantum well (QW) is translated into routed propagating surface plasmon polariton (SPP) waves
due to their strong spin-momentum locking, and emitted directionally into the far-field. This thesis
advances the understanding of the TMRLE from these hybrid structures in two key areas: First,
the strong temperature dependence of the TMRLE from a DMS QW structure was investigated,
which also revealed interesting influences like the emerging light-hole exciton emission at higher
temperatures. Second, the influence of the plasmonic nanograting as the other constituent of the
hybrid structure on the routing effect was shown. For this, different grating periods and slit widths
were examined, uncovering the usually hard-to-detect weak coupling between the QW excitons and
the SPPs as a large contributor to the emission directionality spectrum. Finally, another magneto-
optical intensity effect was investigated, the transverse magneto-optical Kerr effect (TMOKE) for
light reflected from or transmitted through a magnetite-based plasmonic waveguide structure.
Here, the hybridization of the plasmonic and magnetic waveguide modes leads to a wide-band
enhancement of the TMOKE in transmission.

Chapter 8 serves as an introductory chapter for the following TMRLE studies. It introduces
reflection and emission spectra from the new main hybrid plasmonic-semiconductor structures
comprising a (Cd,Mn)Te/(Cd,Mg)Te DMS QW and plasmonic gold nanogratings, characterizing the
structures and its optical resonances. Next, the giant Zeeman splitting of the QW excitons due to
the large exchange interaction with the magnetic Mn ions is determined, because it is the most
important quantity for the TMRLE. Then, a typical spectrally and angularly resolved directionality
spectrum 𝜌(𝐸, 𝜃) is explained in detail in Figure 8.5. For the exciton emission that is resonantly
routed via SPPs, 𝜌 reaches up to 15 % at 𝑇 = 4K with controlling magnetic fields of ±485mT. The
emission routing from the QW and the other non-magnetic semiconductor layers is compared to a
previously used alternative structure and to simulations based on our theory from Refs. [30, 48],
showing good agreement.

In Chapter 9, the temperature dependence of the TMRLE from the hybrid structure is investigated.
It is governed by the decreasing magnetic susceptibility of the DMS QW, i.e., the semiconductor
light source of the hybrid structure, which leads to a smaller Zeeman splitting and transverse
polarization degree 𝑃c of the optical exciton transitions. This ultimately results in less directional
emission at larger temperatures, which can be described well using the modified Brillouin function
𝐵5/2 in Eq. (9.1) for the Mn spin polarization. Here, an additional temperature offset gets introduced
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to address the strong heating of the Mn-spin system by continuous wave excitation. At larger
temperatures, the emission from light-hole excitons begins to contribute to the directionality with
the opposite sign compared to the main emission from the heavy-hole excitons. It was also shown
that the plasmonic grating does not significantly influence the TMRLE temperature dependence.
Furthermore, a non-magnetic (In,Ga)As/(In,Al)As QW structure was proposed for a temperature-
independent TMRLE, because its Zeeman splitting is based on the intrinsically large hole g-factor
and does not originate from the temperature-dependent exchange interaction of DMSs. Here, a
directionality of 5 % is predicted up to 200 K for a 1 T magnetic field.

Chapter 10 investigates the dependence of the TMRLE on the geometric grating parameters, like
the grating period and slit width, instead, and uncovers the influence of the weak exciton-SPP
coupling on the directionality 𝜌(𝐸, 𝜃). The largest directionality is achieved due to the resonant
near-field interaction between the QW excitons and the SPPs with strong spin-momentum locking
at the grating surface. The grating parameters modify the plasmonic dispersion relation and, thus,
their far-field emission characteristics. As expected, the maximum TMRLE follows the shifting
plasmonic resonance through the directionality spectra. Crucially, a hump-shaped deviation from
the expected monotonic SPP-enhanced directionality 𝜌(𝐸, 𝜃) is detected, that is locked to both the
QW emission maximum and the strong SPP directionality contribution. Additionally, it was not part
of our previous theoretical models. It is identified as the influence of the weak coupling between
the QW excitons and the SPPs, which is usually difficult to detect, even by similar magneto-optical
effects like the TMOKE. The existing theoretical model is expanded by a resonant contribution of
the QW excitons to the dielectric environment, which locally alters the SPP dispersion and the
resulting directionality, and reproduces the experimental spectra well.

Chapter 11 investigates the transverse magneto-optical Kerr effect (TMOKE), instead, a magneto-
optical intensity effect in the same geometry as the TMRLE, but for reflected or transmitted light.
The investigated structure is a plasmonic waveguide structure comprising a periodic gold grating
either on top of or embedded into a synthesized thin magnetite waveguide film. The magnetite
film comprising Fe3O4/𝛼-Fe nanoparticles was created using the laser electrodispersion technique,
and its permittivity and gyration 𝑔 are close to that of standard monocrystalline or epitaxial
magnetite films. The additional periodic grating introduces optical resonances of the magnetic
waveguide structure and the plasmonic grating in the reflection, transmission and TMOKE spectra,
which are hybrid in nature due to their spatial and spectral proximity. The TMOKE spectra show
a richer picture of the optical modes than the usual intensity spectra and can be used to extract
further information on the modes. For transmitted light, the guided modes in the thin magnetic
film show a multiple-wide-band enhancement of the TMOKE compared to the case of the bare film.
The plasmonic mode at the air/gold interface is also visible in the spectra but shows a negligible
TMOKE due to its non-magnetic nature, except close to the magnetic waveguide mode due to the
hybridization. The embedded grating shows a weaker TMOKE than the exposed grating, but the
air/gold plasmonic resonance vanishes almost completely due to the different interfaces of the gold.
All results are backed by theoretical simulations that reproduce the (magneto-)optical features
well [4].

Outlook: The strong temperature dependence of the TMRLE from DMS QW structures limits its
applicability beyond cryogenic temperatures, although the fit to the experimental data predicts
a directionality of around 2 % at 200 K with magnetic fields of 1 T for our system. The proposed
alternative structure based on a non-magnetic (In,Ga)As/(In,Al)As QW, where the Zeeman splitting
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is governed by the large intrinsic hole g-factor instead of the strongly temperature-dependent
exchange interaction, is predicted to show a lower routing magnitude than the DMS at low tem-
peratures, but enables the stable application at a wider range of temperatures and, crucially, at
higher temperatures. Similar structures with a large hole g-factor are also possible candidates for
high-temperature routing, although this needs to be investigated experimentally. Ultimately, the
TMRLE is a general concept and not limited to a magnetic semiconductor QW structure with a
plasmonic nanograting. In general, it requires a light source whose selection rules are modifiable
by a magnetic field, which is an intrinsic property of emitters in magnetic materials, and the emitter
needs to have a non-zero transversal spin, i.e. 𝑺 ∥ 𝑥 ⟂ 𝒌, for routing along 𝑦 and emission in the
𝑦𝑧-plane. This is a feature of any structure with broken 𝑧 → −𝑧 reflection symmetry, but the routing
is significantly enhanced in the presence of subwavelength optical fields at an interface with strong
spin-momentum locking, like SPPs [30]. Therefore, the novel two-dimensional materials emerging
and attracting interest recently are another class of compelling candidates for the magnetic-field
dependent light sources, for example the ferromagnetic monolayer CrI3 [120]. Another interesting
class of systems could be QW structures like ZnSe/(Cd,Zn)Se, where the light-hole state has the
lowest energy and not the usual heavy-hole state. These systems are expected to show the same
results, as was seen in the temperature-dependent measurements in Chapter 9, but light holes can
be critical for other phenomena like optical orientation as the opposite effect to the TMRLE [43].

The TMRLE itself proves to be a versatile tool for a number of possible applications: Using the
periodic grating structure to translate the routed SPPs into directional far-field emission enables
the fine-tuning and optimization of the angular dependence of the resonant plasmonic contribution
via the geometric grating parameters, and the emission energy can be varied using different QW
structures or other novel light sources. For on-chip emission routing, the periodic structure can
be substituted by a planar metal film which inhibits the SPP emission into the far-field without
impeding the plasmon propagation. Since the TMRLE works for a single emitter just like for emitter
ensembles, it can be used for the routing of quantum light source emission in novel optical devices
like integrated photonic or optoelectronic circuits. Furthermore, the directionality of the routed
emission can be controlled ultrafast up to the terahertz regime by optical or radiofrequency fields
manipulating the magnetization of the magnetic ions [30].

Additionally, the TMRLE can serve as a flexible sensing tool for changes of the dielectric environment
near the surface via modifications of the SPP dispersion. This was shown with the detection of
the weak exciton-SPP coupling and can be used in that area for more detailed studies on different
materials. More generally, though, it can be used to detect changes of the permittivity near the
surface independent of their origin with a high sensitivity, e.g., due to the deposition of atoms or
molecules on the surface. On the other hand, these results have a strong impact on the tuning of
the SPP dispersion, because even the weak coupling already results in a quite noticeable change
of the directionality spectra. Good candidates for a strong dispersion tuning could, therefore, be
2D transition-metal dichalcogenides (TMDCs) with generally strong exciton oscillator strengths
even at room temperature [121]. Note, however, that strong coupling in TMDC layers has mostly
been demonstrated for localized plasmons only, see e.g. Refs. [113, 122, 123]. Similarly, the TMRLE
also depends on the magnetic environment near the emitter, so that a single emitter at the desired
location could be used as a sensitive probe [30].

Lastly, the wide-band enhancement of the TMOKE in the magnetite-based waveguide structures
proved robust against changes of the energy or incidence angle due to the large absorption, and only
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lowmagnetic fields of 100mT are needed to saturate the magnetization in the Voigt geometry with a
clear hysteresis. Therefore, systems like this are candidates to switch the transmitted light intensity
between two opposite states, and the rich TMOKE spectra at low magnetic fields allow for a better
understanding of the optical resonances. Another interesting property of magnetite is a phase
transition of its crystal structure from a pseudo-cubic to a monoclinic structure at 120 K, known as
the Verwey transition, at which it also sharply transitions from a metal to an insulator [124]. The
influence of this transition on the TMOKE spectra could provide further interesting insights into
the plasmonic magnetite system, e.g., if the magnetooptical changes at the Verwey temperature are
also rapid like the phase transition.
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List of Acronyms

(Cd,Mg)Te Cadmium Magnesium Telluride
(Cd,Mn)Te Cadmium Manganese Telluride
(In,Al)As Indium Aluminium Arsenide
(In,Ga)As Indium Gallium Arsenide

Au Gold

BIG Bismuth Iron Garnet
BSC Beam Splitter Cube

CB Conduction Band
CBO Conduction Band Offset
CCD Charge-Coupled Device
CW Continuous Wave

DMS Diluted Magnetic Semiconductor

Fe3O4 Magnetite
FeO Wüstite
FWHM Full Width at Half Maximum

hh heavy-hole

InP Indium Phosphide

lh light-hole

MBE Molecular Beam Epitaxy
MCD Magnetic Circular Dichroism
ML Monolayer
Mn Manganese
MO Microscope Objective
MOKE Magneto-Optical Kerr Effect

PID Proportional Integral Derivative
PL Photoluminescence
PMOKE Polar Magneto-Optical Kerr Effect
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List of Acronyms

QD Quantum Dot
QW Quantum Well

RCWA Rigorous Coupled-Wave Analysis

SEM Scanning Electron Microscopy
SiO2 Silicon Dioxide
SPP Surface Plasmon Polariton

TMDC Transition Metal Dichalcogenide
TMOKE Transverse Magneto-Optical Kerr Effect
TMRLE Transverse Magnetic Routing of Light Emission

VB Valence Band
VBO Valence Band Offset

WL White Light
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